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Ho, ten thi sinh: 
So bao danh:. 


Ma de thi 101 


Cau 1.Chophirangtrinh 4 X + 2 X+1 - 3 = O.Khidatt = 2 x ,tadirgephuongtrinhnaodudiday ? 

A. 2t 2 — 3- 0. B. £ 2 + t — 3 = 0. C.4t-3 = 0, D. t 2 + 2t — 3 = 0. 

Cau 2. Tim nguyen ham cua ham sd f(pc) = cos3x. 


A. cos3xdx = 3sin3x + C. 


sin3x 

cos3xdx =--- VC. 


J sin3i 
cos3xdx = —--1- C. 

D. f cos3xdx = sin3x + C . 


Cau 3. So phuc nao dudi day la so thuan ao ? 

A. z = — 2 + 3i. B. z = 3i. C. z = — 2. 

Cau 4. Cho ham so y — fix) co bang bien thien nliu sau 


D. z — V3 + i. 



B. Ham so co gia tri cue dai bang 3. 
D. Ham so co hai diem cue tieu. 


Menh db nao dudi day sai ? 

A. Ham so co ba didm cue tri. 

C. Ham so co gia tri circ dai bang 0. 

Cau 5. Duong cong d hinh ben la do thi cua mot trong bon ham so dudi 
day. Ham so do la ham so nao ? 

A. y = -x 3 + x 2 -1. 

B. y = x 4 — x 2 — 1. 

C. y — x 3 — x 2 — 1. 

D. y = —x 4 + x 2 — 1. 

Cau 6. Cho a la so thuc duong khac 1. Tinli / = log^- a. 


yi 

1 


I 

/ X 


A./ = -. 


B. / = 0. 


C./ = -2. 


D. / = 2. 


Cau 7. Cho hai s6 phuc = 5 — 7/ va z 2 = 2 + 3i. Tim so phuc z = z 1 +z 2 - 
A.z=7 — 4i. B. z = 2 + 5t. C. z = — 2 + 5i. D. z = 3 — lOi. 

Cau 8. Cho ham s6 y = x 3 + 3x + 2. Menh de nao dudi day dung ? 

A. Ham s6 d6ng bi6n tren khoang (— oo; 0) va nghich bien tren khoang (0; -T oo). 

B. Ham s6 nghich bien tren khoang (— oo; + oo) . 

C. Ham s6 ddng bien tren khoang (— co; + oo). 

D. Ham so nghich bien tren khoang (— oo; 0) va dong bien tren khoang (0; -f oo) . 
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Cau 9. Trong khong gian vdi he toa do Oxyz, cho mat phlng (P):x — 2y + z — S = 0. Bidm nao 
dirdi day thuoc (P) ? 

A. Q(2; - 1; 5) . B. P(0; 0; - 5) . C. //(—5; 0; 0) . D. M(l; 1; 6) . 

Cau 10. Trong khong gian vdi he toa do Oxyz, vecto nao dirdi day la mot vecto phap tuydn cua 
mat phang ( Oxy ) ? 

A.?=(1;0;0). B. k = (0; 0; 1). C-7= (0;l;0). D. m = (1; 1; 1) . 

Cau 11. Tmh thd ti'ch V cua khdi tru co ban ki'nh day r = 4 va chidu cao h = 4a/2 . 


A. V = 128 tt. 


B. V = 64V2tt. 


Cau 12. Tim so tiem can dung cua d6 thi ham s6 y 


C. T = 32 7Z\ 
x 2 — 3x — 4 


x 2 -16 


A. 2. 

Cau 13. Ham so y = 
A. (0; + oo). 


B. 3. 


C. 1. 


D. V = 32-Jln. 


D. 0. 


x 2 + l 


nghich bien tren khoang nao dudi day ? 
B. (-1; 1). C. (—oo; + oo) . 


D. 0). 

Cau 14. Cho hinh phang D gidi han bdi dudng cong y = V2+cosx, true hoanh va cac dudng 

n , 

thang x = 0, x = —. Khoi tron xoay tao thanh khi quay D quanh true hoanh co the tich V bang 

bao nhieu ? 

A.V = n—l. B. V = (tc — l)7r. C. V = (n + l)n. D. V = n + 1. 

Cau 15. Vdi a, b la cac sd thirc duong tuy y va a khac 1, dat P = Iog a b 3 + log a2 b 6 . Menh dd 
nao dudi day dung ? 

A. P = 91og a b. B. P = 271og a b. C. P = 151og a h. D.P = 61og a b. 

x — 3 

Cau 16. Tim tap xac dinh D cua ham sd v = log r -. 

&5 x + 2 

A. D = M\{— 2}. B. D = (-oo; -2) U [3;+oo). 

C.D — (—2; 3). D. D = (-oo;-2)u(3;+oo). 

Cau 17. Tim tap nghiem S cua bat phuong trinh log^ x — 51og 2 x + 4 > 0. 

A. S = (—oo; 2] U [16; + oo) . B.S=[2;16]. 

C. S = (0; 2] U [16; + oo) , D. S = (— oo; l] u [4; + oo). 

Cau 18. Hinh hop chft nhat co ba kich thude doi mot kliac nliau co bao nhieu mat phang ddi xung ? 

A. 4 mat phang. B. 3 mat phing. C. 6 mat piling. D. 9 mat phlng. 

Cau 19. Trong khdng gian vdi he toa do Oxyz, phuong trinh nao dudi day la phuong trinh mat 


phang di qua diem M (3; - 1; 1) va vuong goc vdi dudng thing A: 


x—1 y + 2 z — 3 


3 -2 1' 

A. 3x - 2y + z + 12 = 0. B. 3x + 2y + z - 8 = 0. 

C. 3x - 2y + z - 12 = 0. D. x - 2y + 3z + 3 = 0. 

Cau 20. Trong khong gian vdi lie toa do Oxyz, phuong trinh nao dudi day la phuong trinh cua 
dudng thing di qua didm 4(2; 3; 0) va vuong goc vdi mat phlng (P): x + 3y - z + 5 = 0 ? 


y = 3t 



r x = 1 + 3t 

r x = 1 + t 

r x = l + t r 

A. - 

y=3t . B.- 

y = 3t . C.- 

y = 1 + 3t. D.- 


j. = 1 — t 1 

[z = 1 — t ' 

,z = 1 - t 
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Cau 21. Cho kh6i chop tii giac deu c6 canh day bang a, canh ben gap hai lan canh day. Ti'nh the 
ti'ch V cua khoi chop da cho. 

V2a 3 V2 a 3 Vl4a 3 Vl4a 3 

A.V = —-—. B. V = —-—. C.V = ——. D.F = ——. 

2 6 2 6 

Cau 22. Phuang trinh nao dudi day nhan hai s6 phuc 1 + v/2 i va 1 — V2 i la nghiem ? 

A.z 2 + 2z + 3 = 0. B. z 2 — 2z — 3 = 0. C. z 2 - 2z + 3 = 0. D. z 2 + 2z — 3 = 0. 

Cau 23. Tim gia tri nho nhat m cua ham so y = x 3 — 7x 2 + llx — 2 tren doan [0; 2]. 


A .m = 11. 


B. m = 0. 


C.m = —2. 


Cau 24. Tim tap xac dinh D cua ham s6 y = (x — 1) 3 . 

A. D = (—oo; 1) . B.£> = (1; +oo). C. D = 

6 

Cau 25. Cho (f(x)dx — 12 . Tinh/ = [/( 3x)dx. 


D. m = 3. 


D. D = E\{1}. 


A. 1 = 6. 


B. / = 36. 


C./ = 2. 


D. / = 4. 


Cau 26. Tinh ban kinh R cua mat cau ngoai tiep mot hinh lap phuang co canh bang 2a. 

A.R = — B. R = a. C.R = 2yf3a. D./? = V3a. 

3 

Cau 27. Cho ham s6 f(x ) thoa man f'(x) = 3 - 5sinx va /(0) = 10. Menh dd nao duoi day 
dung ? 

A. f(x) = 3x 4- 5cos x+S. B. f(pc) = 3x + 5cos x + 2. 

C. f(x) = 3x- 5cos x+2. D. f(x) = 3x- 5cos x + 15. 

ax + b 

Cau 28. Duong cong o hinh ben la do thi cua ham so y =-- voi 

cx + a 

a, b, c, d la cac so thirc. Menh de nao duoi day dung ? 

A. y r > 0, Vi G M. 

B. y r < 0, Vi G E. 

C. y' > 0, 1. 

D. y' < 0, Vx =£ 1. 

Cau 29. Trong khong gian voi he toa do Oxyz, cho diem 
M( 1; —2; 3). Goi / la hinh chieu vuong goc cua M tren true Ox. Phuong trinh nao duoi day la 
phuong trinh cua mat cau tarn I, ban kinli IM ? 

A. (x — l) 2 + y 2 + z 2 = 13. B. (x + l) 2 + y 2 + z 2 = 13. 

C. (x - l) 2 + y 2 + z 2 = Vl3. D. (x + l) 2 + y 2 + z 2 = 17. 

Cau 30. Cho s6 phuc z=l — 2i.Didm nao duoi day la diim bieu diln cua s6 phuc 
w = iz tren mat phang toa do ? 

A. 0(1; 2) . B. N(2; 1) . C. M( 1; - 2) . D. P(— 2; 1). 

Cau 31. Cho hinh chop tu giac ddu S. ABCD co cac canh ddu bang aV2. Tinh the tich V cua kh6i 
non co dinh S va duong tron day la dudng tron noi tiep tu giac ABCD. 


yn 


— 



1 X 

\ 


A. V = 


Tta J 


B.V 


V27ra 3 


C.V = 


7ra 


D. V = 


yflna 3 
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Cau 32. Cho F(x) = x 2 la mot nguyen ham cua ham s 6 f(x)e 2x . Tim nguyen ham cua ham s 6 
/'(x)e 2x . 



A. J /'(x)e 2x dx = - x 2 + 2 x + C. 
C. [f'(x)e 2x dx = 2x 2 - 2x + C. 


B. J /'(x)e 2x dx = - x 2 + x + C. 

D. [f\x)e 2x dx = — 2 x 2 + 2 x + C. 


x + m 

Cau 33. Cho ham so y = ——— (m la tham so thuc) thoa man min y — 3 . Menh de nao dudi day 

JL 

dung ? 

A. m < — 1. B. 3 < m < 4. C. m > 4. D. 1 < m < 3. 


C. m > 4. 


D. 1 < m < 3. 


Cau 34. Trong khdng gian vdi he toa do Oxyz, cho diim M( — 1 ; 1 ; 3) va hai dudng thing 
x — 1 y + 3 z—1 ,x + l y z 

d: —^— = — 2 — = — 1 —' ^ : —l— = 3 = ZTg ’ Phuan S trinh nao dudi day la phuong trinh 

dirong thang di qua M, vuong goc vdi A va A 1 . 

(x=-l-t fx=-t fx=-l-t fx=-l-t 

A. j y = 1 + t . B.jy = l + t. C. j y = 1 — t . D.jy = l + t . 

U = 1 + 3t U = 3 + t U = 3 + t U = 3 + t 

Cau 35. Mqt ngudi gui 50 trieu ddng vao mdt ngan hang vdi lai suit 6 %/ nam. Biit ring niu 
khdng rut tiin ra khoi ngan hang thi cu sau indi nam sd tiin lai se dupe nhap vao gdc di tinh lai 
cho nam tiip theo. Hoi sau it nhit bao nhieu nam ngudi do nhan dupe sd tiin nhiiu hem 100 trieu 
dong bao gom gdc va lai ? Gia dinh trong sudt thdi gian giri, lai suit khdng ddi va ngudi do khdng 
rut tien ra. 

A. 13 nam. B. 14 nam. C. 12 nam. D. 11 nam. 

Cau 36. Cho sd phuc z = a + bi(a,b 6 E) thoa man z + 1 + 3 i - \z\i = 0. Tinh S = a + 3b. 


A.S = - r 


B. 5 = —5. 


C.S = 5. 


D. S = 


r x = 1 + 3 1 

Cau 37. Trong khdng gian vdi he toa do Oxyz, cho hai dudng thing d 1 :<y= -2 + t, 

jz = 2 

x — 1 y -b 2 z 

d- 2 - — 2 — = ~~Z\~ = 2 phang (P): 2x + 2y — 3z = 0. Phucmg trinh nao dudi day la 

phuong trinh mat phang di qua giao diim cua d 1 va (P), ddng thdi vuong gdc vdi d 2 ? 

A. 2x - y + 2z + 22 = 0. B. 2x - y + 2z + 13 = 0. 

C. 2x-y + 2z-13 = 0. D. 2x + y + 2z — 22 = 0. 

Cau 38. Cho ham sd y = - x 3 - mx 2 + (4m + 9)x + 5 vdi m la tham sd. Co bao nhieu gia tri 
nguyen cua m de ham sd nghich bien tren khoang ( — oo; + oo) ? 

A. 7. B. 4. C. 6 . D. 5. 

Cau 39. Tim gia tri thuc cua tham sd m di phuong trinh log^ x - mlog 3 x + 2m - 1 = 0 co hai 
nghiem thuc x 1 , x 2 thoa man x 1 x 2 =81. 

A. m = - 4. B. m = 4. C. m = 81. D. m = 44. 

Cau 40. Bd thi cua ham sd y = x 3 - 3x 2 - 9x + 1 co hai diim cue tri 4 vaB. Biim nao dudi 
day thuoc dudng thing AB ? 

A. P(l; 0). B. M(0; - 1) . C. N( 1; - 10). D. Q( - 1 ; 10). 
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Cau 41. Mot vat chuyen dong trong 3 gid vdi van t6c i?(km/h) phu thuoc thdi gian 
t(h) co do thi cua van t6c nhu liinli ben. Trong khoang thdi gian 1 gid ke tu khi bat 
dau chuyen dong, dd thi do la mot phdn cua dudng parabol co dinh 1(2; 9) va true 
ddi xuug song song vdi true tung, khoang thdi gian con lai dd thi la mot doan thang 
song song vdi true hoanh. Tmh quang dudng s ma vat di chuyen dugc trong 3 gid 
do (kdt qua lam tron ddn hang phan tram). 

A. 5 = 23, 25(km). B. s = 21, 58(km). 

C. s = IS, 50(km) . T>.s= 13, 83(km). 



0 12 3 i 


Cau 42. Cho log a x = 3, \og b x = 4 vdi a, b la cac sd thuc Ion ho*n 1. Tmh P = log ab x. 

7 1 12 

A. P = —. B. P = —. C. P = 12. D. P = —. 

12 12 7 


Cau 43. Cho khdi chop S .ABCD co day la hinh vuong canh a, SA vuong goc vdi day va SC tao 
vdi mat phang (SAB) mot goc 30°. Tmh the tich V cua khdi chop da cho. 

V6a 3 V2a 3 2a 3 #- 3 

X.V = —-—. B. V = —— ■ C.V = —. D.V = V2 a 3 . 


Cau 44. Cho tii dien ddu ABCD co canh bang a. Goi M, N lan I trot la trung diem cua cac canh 

AB, BC va E la dilm ddi xung vdi B qua D. Mat phang ( MNE ) chia khoi tu dien ABCD thanli hai 

khdi da dien, hong do khdi da dien chua dinh A co thi tich V. Tmh V. 

7V2 a 3 11V2 a 3 13 a /2 a 3 V2 a 3 

A. V = — . B.V = .r.-r - ■ C. V = D. V = 


216 


216 


216 


18 


Cau 45. Trong khong gian vdi he toa do Oxyz, cho mat clu (S') :x ’ + y 2 + / 2 = 9, diem 
M( 1; 1; 2) va mat phang (P ):x + y + z — 4 = 0. Goi A la dudng thang di qua M ,thuoc (P) va cat 
(S) tai hai diim A, B sao cho AB nho nhdt. Biit ring A co mot vecto chi phuong la "u( 1; a; b), 
tinli T = a — b. 

A. T = - 2. B. T = 1. C. T = - 1. D. T = 0. 


Cau 46. Co bao nhieu sd phirc z thoa man \z — 3i| = 5 va-- la sd thuan ao ? 

z — 4 


A. 0. 


B. Vd sd. 


C. 1. 


D. 2. 


' 1 - xy 

Cau 47. Xet cac sd thuc duong x, y thoa man log, — = 3xy + x + 2y — 4. Tim gia tri nho 


nhat P m j n cua P = x + y. 

9VTT-19 


^min — 


x + 2 y 


B P = 
1 min 


C P ■ = 

1 mm 


18VTT — 29 


21 


D P = 

r mm 


9VIT+ 19 

1 ' 
2 VT 1-3 


Cau 48. Tim tit ca cac gia tri thuc cua tham sd m de dudng thang y = mx — m + 1 cit dd thi cua 
ham sd y = x 3 — 3x 2 + x + 2 tai ba diem A, B, C phan biet sao cho AB = BC. 

A. m G ( — oo; 0] U [4;+oo) . B.mEK, 


C.me 



D. m G ( — 2;+oo) . 
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Cau 49. Cho ham so y = /(x). Do thi cua ham so y = f(x ) nhir hinh ben. 
Bat h(x) = 2 f(x) — x 2 . Menh de nao du’di day dung ? 

A. ft(4) = ft( - 2) > ft(2) . 

B. ft(4) = /i( - 2) < ft(2) . 

C. h(2) > ft(4) > ft( - 2) . 

D. /i(2) > /i( - 2) > h(4). 



Cau 50. Cho hinh non dinh 5* co chieu cao h = a va ban kfnh day r = 2a. Mat piling (P) di qua 
5* cat dudng tron day tai Avk B sao cho — 2 V3 a. Tmh khoang each d tur tarn cua dirdng tron 
day den (P). 

V3 a V5 a V2a 

A. d = ——. B.d = a. C.d = —. D. d =-. 


HET - 
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Huong dan giai cau hay va kho ma de 101: 


Cau 12: Tim so tiem can diing cua do thi ham so y = - X — —- 

x -16 


Hudng dan 

Budc 1: Nhap bieu thuc 

0 Math 

X^-3^-4 

K2-16 


Budc 2: CALC so xap xi nghiem cua man 

iMcimnroifFiiriroimmfHi 


QSQGDIIJCIlSGDGLifI) 


0 Math A 


0 Math A 


K^-3K-4 

X £ -16 X £ -16 

0.6250000469 -2999999 

Nhu 5 vay ham chi co mot tiem can dung x = -4 
2 

Cau 13: Ham so y - —— nghich bien tren khoang nao duoi day ? 


' x 2 +l 

A.(0; + oo). B. (- 1; 1) . 

Huang dan 

De cho nhanh chung ta dung d/dx 

Budc 1: Nhap bieu thuc 

m m si 'in ® m m © gb m 


C. (- cxd; + oo) . D. (- 0) . 


dx(x£ + i)lx=n 


Budc 2: Chon gia tri dac trung cua cac dap an 

Xet x = 100 xem A vdi C co kha nang dung khong ? 

0 Math A 


dx(x2 + i)l.X=lQ0 

-3.99920012xfa 6 

Xet x = -100 

^ ^ 0 Math A 

3.99920012xm 6 

Vay khoanh A loai C. 
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Cau 15: Voi a,b la cac so thuc duong tuy y va a khac 1, dat P = log a b 3 -f log^ 2 b 6 Menh de 
nao duoi day dung ? 

A. P = 91og fl 6 B. P = 21\og a b C. P = l5log a b D. P = 6log a b 

Hudng dan 

Bieu thuc dung vdi moi a,b de ham xac dinh nen minh se chon a-2^b-2 

[2](SHiR)@0 [~3l fsHiFT] (RCLl F^l 


0 MathTA 


0 Math A 


fi^SuD] [ALPHA] [tiJHAl Fq fsHiFTl CR) FR fALPHAl [c^ r^l C^Sl [alpha! F^| fsH fsHIFTl fRCLl [hyp| 

0 Math A 

log A (B 3 )+log A 2 ll> 

9.509775004 

HB01ilSii0®HE3l=] 

0 Math A 

C- 61 og A (B) 


Cau 23: Tim gia tri m nho nhat cua ham so y = x 3 - lx 2 +1 lx - 2 tren doan [0; 2]. 

A. m = ll B. m = 0 C. m — —2 D. m — 3 

Huang dan 

Vao Table nhap bieu thuc 

Hmiif)iHi^Rr7iiifnaffirnmH^Rf2iiii 

0 Math 

f(X)=X 3 -7X 2 +ll!> 

Start 0= End 2= Step 0.1= 


K 

□ 

A 

D. 1 

-U.9E9 

D.2 

-D.Q1E 


Cac em quan sat cac gia tri trong bang thi thay x = —2 la nho nhat 
6 2 

Cau 25: Cho j* / (x)dx = 12 . tinh I = J/ (3 x)dx 
0 0 

A. 1 = 6 B. 7 = 36 C. 7 = 2 D. 7 = 4 

Huong dan 
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o 

Cac em chon ham /(x) thoa man di'eu kien J / (x)dx = 12 ct'au tien la minh chon ham co ban 
/(x) = x 

S Math A 

loXdx 

. 18 

Sau do them bdt he so de ra dung KQ nhu de (Chia cho KQ tich phan tinh ra roi nhan vdi 
gia tri tich phan de cho) 


loWdx 


12 


/(3x) thi cac em thay x thanh 3x 

0 Math A 


I; 


2 12 ( 3 ?<) 


13 


tix 


Vay khoanh dap an D. 

Cau 27: Cho ham so /(x) thoa man /'(x) = 3-5sinx va /(0) = 10. Menh de nao dudi day 
dung? A./(x) = 3x + 5cosx + 5 B. /(x) = 3x + 5cosx + 2 

C. /(x) = 3x-5cosx + 2 D. /(x) = 3x—5cosx + 15 

Huang dan 

Ta co f(0) = 10 nen loai B,C kiem tra dao ham nua la xong khoanh A 

Cau 32: Cho F(x) = x 2 la mot nguyen ham cua ham so / (x)e 2x . Tim nguyen ham cua ham 

so f\x)e 2x 

A. J/ ( x)e 2x dx = -x 2 + 2x + C B. J f\x)e 2x dx = -x 2 + x + C 

C. J/ (x)e 2x dx = lx 2 - 2x+C D. J/ (x)e 2x dx = -2x 2 + 2x + C 

Huang dan 

Cac em dung nguyen ham tung phan 

J/(x) e 2x dx = x 2 f (x) = p- =>J/ (x)e 2x dx =/(x)e 2jr -2J/(x)e 2 * dx = 2x-2x 2 + C 

Cau 33: Cho ham so y =- (m la tham so thuc) thoa man miny = 3 .Menh de nao dudi 

X-l [2;4] 

day dung? A. m<-\ B. 3 <m <4 C. m>A T>.\<m<3 

Huang dan 

Chung ta se chon m gan dung trong tung doan trude het phai xet dap an B,D khi do min no 
chi xap xi thoi 
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Voi m=3.5 


0 Math 

K FCKJ 

ED 3.3 E.55I1 ED 

El M BHhMk El 

EE EE 

2.5 

Vay cac em khoanh C 
Tu Luan: 


Voi m=4 

0 Math 

H F(K> 

i? 


Voi m=5 

0 Math 

ft FCK> I 

ED 3.3=LDEBg 

ei u tMami 


_1 _ yyj yyj _L 1 4 -4— /tj 

Ta co v' =-- =- T <0 dodo ig [2; 4] -» Min f( - 3 x = 4 ->- = 3=>m = 5 

(x-l) 2 (x-l) L j /(x) 4-1 

Can 35: Mot ngudi gui 50 trieu dong vao mot ngan hang voi lai suat 6%/ nam. Biet rang 
neu khong rut tien ra khoi ngan hang thi cii sau moi nam so tien lai se duac nhap vao goc 
de tlnh lai cho nam tiep theo. Hoi sau it nhat bao nhieu nam ngudi do nhan duoc so tien 
nhieu hon 100 trieu dong bao gom goc va lai ? Gia dinh trong suot thdi gian gui, lai suat 
khong doi va ngudi do khong rut tien ra. 

A. 13 nam. B. 14 nam. C. 12 nam. D. 11 nam. 

Huang dan 

Nhap bieu thhc roi CALC cac dap an 

GDGDCDEfflGDQlJDtSQIZISQ 

0 Math ▲ 

50(1+0.Q6) x 


SEi 


50(1+0.06)* 


fcALci m m r=i 


0 Math A. 


50(1+0.06)- 


94.91492792 100.6098236 

Vay khoanh C 

Cau 36: Cho so'phtic z = a + bi,(a,b el) thoa man z + l + 3i-\z\i = 0 . Tinh S = a + 3b 


A. S = — 
3 


B. S = -5 


C. S = 5 


D. S = — 
3 


Huang dan 

Cac em dung kt thuat Newton - Raphson anh da day d cuon Casio nang cao giai cho nhanh 
Itiiorel f2l (1M1 rri [ALPHAl fCALCl {aEpHAI m R fWl fAlPiiAl [T1 f+1 ni FF1 f3~| (ENGl [^] fsHIFTl IFiypI taPHAl m C^) (ENG) 

CMPLX 0 Math 

v.j_ v.j X+1 +3i I X 1 i 


Bikiptheluc.com 


Bf kip CASIO cong pha TrSc Nghiem Toan 


Hotline: 0977.543.462 


Be Chihli Thuc 2017 


CASIO EXPERT : Nguyen The Luc - fb: Ad.theluc-Youtube :MrTheLuc95 


fCALCl m f+1 fENGl 

Lien hoan bang toi khi ket qua khong doi ta dugc 


CMPLX 

K+ 1 +3£ — I I i 

-1—1- 3333333331 

Vay <2 = -l,Z) = —S = -5 


Cau 37: Trong khong gian voi he toa do Oxyz, cho hai duong thang d x : 


x = 1 + 3/ 
y =-2 +1 va 
z = 2 


x — 1 v + 2 z ^ z 

d 2 : —— = —— = — mat phang (P) : 2x + 2y—3z = 0 . Phuong trinh nao duoi day la phuong 

trinh mat phang di qua giao diem cua d x va (P) , dong thoi vuong goc vdi d 2 ? 

A. 2x-y + 2z + 22 = 0 B. 2x-j/ + 2z + 13 = 0 

C. 2x —y+ 2z —13 = 0 D. 2x + y + 2z-22 = 0 

Huang dan 

Cac em tim nhanh giao diem bang Solve 

iiimmmtTiwmmmrTimRr^mwrTimRfaifxiiTi MfcAEci iHi 

0 Math 

2(l+3X)+2(-2+X)i> 

X= 1 

L-R= 0 

M(4,—1,2) —>• • 2(x-4)-(y+1) + 2(z—2) = 0 <=> 2x— y+ 2z—13 = 0 

Cau 38: Cho ham so y = -x 3 — inx 2 + {Am + 9)x + 5 voi la m tham so. Co bao nhieu gia tri 

nguyen cua m de ham so nghich bien tren khoang (- oo; + oo) ? 

A. 7 B. 4 C. 6 D. 5 

Huong dan 

Dang nay cac em dung cong thiic cho nhanh 

Ham bac 3 dong bien tren R : j 9 nghich bien tren R: <J 0 Q < ^ 

6 [Zr—3ac<0 5 ' \b 2 -3ac<0 

=> m 2 -3(-l)(4m + 9) < 0 —> —9 < x < — 3 Vay khoanh A 

Cau 39: Tim gia tri thuc cua tham so m de phuong trinh log 2 x - m log 3 x + 2m -1 = 0 co hai 
nghiem thuc x p x 2 thoa man x L x 2 =81 

A. m - -4 B. m = 4 C. m = 81 D. m - 44 

Huang dan 

Cach 1: Thay timg dap an roi Solve tim nghiem 

rairic^wmc^f^RMraraiiic^mmc^mmiiPiiis^RfTi 
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0 Math A 

+Ylog 3 (X)+2Y-71 


(sm) (calc) E) ® (=1 d] ® (=1 © E dD @ O 

0 Math A 0 Math A 

log 3 CX) i -Ylog 3 (i> Ans*A 
X= 13.34998641 

L-R= 0 13.34998641 

®®<3)CD(g)CD<3)®S(I]H(T|0iDO[Il 

0 Math A 

<)+2Y-7)-KX-« 


(SHiFTl ICALCl f=1 f=1 [=1 


(Ml F>1 (Ml (Tl f=1 


0 Math A 0 Math A 

Llog 3 CX)"-Ylog 3 i> AX 
X= 9.247709xin 4 i 

L-R= 0 si 

Xet dap an B 

[sHIFTl (CAt^l f4~| r=| 1=1 


0 Math A 

+Ylog 3 (X)+2Y-7 


0 Math A 0 Math A 

log 3 (X) i -Ylog 3 0> I lug 3 (X)^-Ylng.t> 
X= 1.34228351 X= 60.34492668 
L-R= 0 L-R= 0 


0 Math A 

XA 

81 

Vay khoanh dap an A. 

Cach 2: Ttf luan cac em to duy don gian nhir sail: 

x 1 x 2 = 81 ^ log 3 (x, x 2 ) = log 3 X, + log 3 x 2 = log 3 (3 4 ) = 4 = m 

Cau 40: Do thi cua ham so' y = x 3 - 3x 2 - 9x +1 c6 hai diem cue tri Ava B. Diem nao duoi 
day thuoc duong thang AB? 

A. P(l; 0) B. M(0;-1) C. A(l;-10) D. Q(~ 1;10) 

Ftoong dan 

Cac em viet nhanh phuong trinh qua 2 cue tri bang Casio : 
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a[2iHmH^Rr3iHmfiiRr9iHiTiFRmRfimf3iHf)i^ 

CMPLX 0 Math CMPLX 0 Math CMPLX 0 Math 

X 3 -3a 2 -9X+1~“V 6X-|) V <£ =feS = g> (6X-6 j j 


ICALCl (ENG! f=l 

CMPLX 0 Math A 

X S -3X Z -9X+1 -—t 

-2—8i 

Vay phuong trinh qua 2 cue tri la : y = -8x - 2 Vay khoanh C 


Cau 41: Mot vat chuyen dong trong 3 gib vdi van toe v (km/h) phu thuoc 
thdi gian t (h) co do thi cua van toe nhu hinh ben. Trong khoang thdi gian 1 
gid ke tu khi batdau chuyen dong, do thi do la mot phan cua dudng parabol 
co dinh /(2; 9) va true doi xxmg song song vdi true tung, khoang thdi gian 
con lai do thi la mot doan thang song song vdi true hoanh. Tmh quang 
dudng s ma vat di chuyen duoc trong 3 gid do (ket qua lam tron den hang 
phan tram). 

A. s = 23,25(km) B. s = 2l,5S(bn) C. s = l5,50(km) D. s = l3,S3(bn) 


Huong dan 

Trudc het cac em can cac dinh duoc phuong trinh cua van toe tren tung doan. 
Doan tu 0-1 chinh la 1 phan cua parabol: y = ax 2 + bx + c 




0 Math A 

Jo(tX 2+ 5X+4)d:> 

21.58(3) 

Cau 42: Cho log^ x = 3, log 6 x = 4 vdi a , b la cac so thuc ldn hon 1. Tinh P = \og ab x 

1 1 12 

A. P = — B . P = — C.P = 12 D. P = — 

12 12 7 

Huong dan : De cho nhanh em lay x = 2 khi do a-= \j2 
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12 

7 


Cau 44: Cho tir dien deu ABCD c 6 canh bang a. Goi M, N l'an 1 not la trung diem cua cac 
canh AB, BC va E la diem doi xiing voi B qua D. Mat phang (MNE) chia khoi tu dien ABCD 
thanh hai khoi da dien, trong do khoi da dien chua dinh A co the rich V . Tinh V . 


A. V = 


ijla 


B. V = 


216 

Huong dan : Cho a=l 


1 h/2a 
216 


C.V = 


lhAa 3 

216 


D. V - 


■ Jla 3 

Is 



-V, 


E.DQP ) 


ABCD 


V2 

12 


1 




Ta co : V ED q F — ^e-^apqp) dop ma ^£->(dqp) ^#->(dqp) ^-><adc) ^ 

Cac em de dang chung minh duoc DQP va BMN la tam giac deu quan trong la tinh dien 
tich nua la xong minh se xem xet cac ti le. 

_ /TX 

EM = ^MB 2 +EB 2 -2MB.EB. cos60° = — 

2 

MB = _EM_ - > sinQED = —.0,5:-» QED «13.9° -> EQD = 180-120-13.9 = 46.1° 

sin QED sin MBE 2 2 

Anh ghi thi ghi the thoi nhung thuc te anh luu gia tri chinh xac vao cac phim nho de 
dam bao ket qua chinh xac tuyet doi 
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= — =>DQ= — .sin QED = I 

sin i QED sin EQD sin EQD 3 


Math A 




lxsin(A) 


Mali A 


sin ( 180-120-A) 


13.89788625 


3 


T , , „ DQ 2 S 73 T , 1 76 7? 7l8 

Tir do dime : S D0P = ■■ ■ = -- > V Fnnp = — = -— 

DQP 4 36 Q 3 3 36 324 


---d* 

3 


r» Em/KT ^ 

3 

0 Math A 


-\£t> 


2 _ 2 76 0.5 2 73 _ 72 

Vrii .U J>\J\T — • • - 

3 3 3 4 


24 


■Fz rvr -iTs - ] ii s/2 
12 1.24 324 J 

0.07202013512 


0 


Math A 


£16 

0.07202013512 

Cau 45: Trongkhong gian vdihe toa do Oxyz , chomat cau (S):x 2 + y 2 +z 2 =9, diem 
M( 1; 1;2) va mat phang (P) :x+y+z—4-0. Goi A la dudng thang di qua M, thuoc (P) va 
cat ( S ) tai hai diem A, B sao cho AB nho nhat. Biet rang A co mot vecto chi phuong la 
u(l;a;b), fa'nh T-a-b 


A. T = -2 

Hirdng dan 


B. T = 1 


O 

9 


C. T = -l 


D. 7 = 0 


_. -f 

- 6 - 


H 


Cac em de y mot chut thi M e (Qj 
Mat cau co tarn 0,ban kinh R=3 

Goi H la hinh chieu cua O len mat phang (P) tir do 

x (4 4 4 

ta tim duoc toa do H \ — 

' ' 13 3 3 


M A 


K 


B 


HM=1 T ; T ; f 1 ' d °- <p] < R n§n (p) cSt (S) 


Taco: HB 2 = KB 2 .+ HK 2 <=> r 2 = I — I +d\ 


*#->( A) 


do do AB nho nhat khi d //>(A) Ion nhat khi 


do K trimg M hay noi each khac HM LAB => « A = [ HM, n 0 


An 


vers 


D] 

-1 
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Vay u = (l;-l;0) ->a-b — -1 

Cau 46: Co bao nhieu so phiic z thoa man |z - 3/| = 5 va - - la so thuan ao ? 

A. 0 B. Vo so C. 1 D. 2 

Huong dan 

Minh lam theo each trau bo goi z = a + bi (a,be R ) 

|z-3z| = 5oa 2 +(Z?-3) 2 =25 

z _ a + bi _ (a + bi ) [(a- 4) - bi\ _ a( a- 4) + b 2 (a- 4 )b - ab . 
z~-4 ~~ (a-4) + bi ~ (a-4) 2 +Z> 2 “ (a-4) 2 + b 2 + (a-4) 2 + b 2 * 

=> # (a— 4) + Z> 2 = 0 


’ + (6 - 3) 2 = 25 J a 2 + (Z> - 3) 2 = 25 


<2 2 -4a + Z> 2 =0 


Aa-6b = \6 


a 2 +(Z?-3)“ =25 

i , 2<3-8 =>a = 4 ,a = -pr 


0 Math 


0 Math 


X= ‘4 X= 1.230769231 

L-R= 0 L-R= 0 

Vay khoanh D. 

1 — xv 

Cau 47: Xet cac so thuc duong x, y thoa man log 3 -— = 3xp + x + 2y - 4. Tim gia tri nho 

x + 2jv 

nhat P- cua P = x + y 

min y 

9jn -19 9VTI+19 18AI-29 2 AI -3 

* 1 min ^ * min ^ v "* min ^ | ^ min ^ 


D. P ; = 


Huong dan : Dieu kien-— ma x,y > 0 — > xv < 1 

x + 2y 

Dau tien cac em xu li dieu kien xem x va y co moi lien he nao khong ? 

Budc 1: Nhap bieu thuc 

HfE(g)®m0emH@®smE)[i]eie)®<©E)[i)(i]eii] 

flMl Is^dI f+1 [aEpha! ITI f+1 l~2l (alphaI (s^d! f=1 RH fTl 

a Math A a Math A 

®09 3 (i£!£K3X'i> 5)-(3 >;y+X+2Y-4)I 


Btroc 2: SOLVE Y=100 tirn X 
(iiiiFl (CALCI fl~1 fol fol (=1 [=1 


<3)(i](iDQ] 
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B Math A 

1M31S+2VJ X 

B Math A 

X= -0.654485049 

197 

L-R= 0 

301 


^ 197 2.100-3 2y-3 

Lac em atrac quv luat sau : x =-=-= —-- 

' 301 3.100 + 1 3y + l 

Buac 3: Xet P = y—— —- vao Table 

3y + l 

IDHEBidlSGlEi®® (D HD 13 ffl (2 

B Math 

too=x-§M 


(=)(o)[l][6)(D(g0(ii(iiiD 

Math 


K 


f ck:i 

Da 5 1 _ Jjl3 

D. 15 ITHIF 
I I I.E5 

1.211538462 


Chung ta se xet nho han han vi dap an kha gan nhau khi ma da xac dinh dupe doan chua 
min 


GDIZ)(]D©CD(=)(o]0GDG[]@ 

B Math 

FOB 




□ a B 


I a E I II 


1.211533462 


Vay cac em khoanh dap an P mi 


2jn-3 


'1.211 gannhat 


Cau 48: Tim tat ca cac gia tri thuc cua tham so m de duong thang y = mx-m + 1 cat do thi 
cua ham so y = x 3 - 3x 2 +x + 2 tai ba diem A , B , C phan biet sao cho AB = BC 

5 


A. me(-^o;0]u[4;+oo) B. me] 


C. me —;+oo 
4 


D. me(-2;+oo) 


Huong dan 


- 3x 2 + x-h2 = /nx-m-hi <=>(x- l)(x 2 - 2x -1 -= 0 => B (l;l) 


A' = 2 + m>0^m>—2 
\2 


AB = BC <=> (x 2 -1) + (rnx x -m} = (x 2 -1) +(inx 2 

<=> (x x - 1) 2 [l + m 2 J = (x 2 -1) 2 [l + m J (xj -1) 2 = (x 2 -1) 2 <^> x x -1 = 1 - x 2 <=> x 1 + x 2 = 2 

Vay AB=BC vdi moi m > -2 


Theo Viet: 


Xj + x 2 = 2 


XjX 2 = -(m+1) 
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Be Chuili Thuc 2017 


CASIO EXPERT : Nguyen The Lu*c - fb: Ad.theluc- Youtube :MrTheLuc95 


Casio cac em xet phirong tririh bac 3: 
y-x 3 -3x 2 +(1 — m)x+l-f m 

Roi xet m= -10 ra 3 nghiem kiem tra xem AB=BC ? roi xet tiep m = -1.9 xem AB=BC hay 
khong. 

Cau 49: Cho ham so y-f (x). Do thi cua ham so y = /'(x) nhu hinh ben. 

Dat h(x ) -2 /(x) -x 2 . Menh de nao dirdi day dung ? 

A. h(4) = h(-2)>h(2). 

B. h(4) = h(-2) < h(2). 

G h(2)>h(4)>h(-2). 

D. h(2) > h(-2) > h(4). 

Huang dan 

Cac em dao ham de sinh ra f'(x) de tit do sit dung do thi y = f\x) 
h’(x) - 2 f(x) - 2x =^> ti(x) = 0o /'(x) = x dita vao do thi ta co : 




Xet tren doan [2; 4] : x > f'(x) -A h f (x) < 0 -> ham so 
nghich bien nen h(2) > h(4). Gib ta can so //(—2) vdi h( 4) 


/*(4)-h(-2) = } /;'(x)dx = 2} [/'(x)-x]dx 

-2 -2 

( 2 4 ^ 

= 2 l[f(x)-x]dx + \[fXx)-x]dx =2(S,-S 2 ) 


Vdi S v S 2 Ian lirot la dien tich cac phan gidi han bdi 2 do thi y - f\x) va y-x tuong ling 
tren cac doan. 


Bikiptheiuc,com 
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BO GIAO DUC VA DAO TAO KITHITRUNG HOC PHO THONG QUOC GIA NAM 2017 

Mon: TOAN 

DEMINHHOA 

(D€ g6m co 08 trang) Thai & an bai: 90phut, khong ke thai gianphat di 


Cau 1. Bircmg cong trong hinh ben la do thi cua mot ham so 
trong bon ham so ducrc liet ke a b6n phuong an A, B, C, D diroi 
day. Hoi ham so do la ham so nao ? 

A. y = -x 2 + x-l. B. y--x 3 + 3x + l. 

C. y = x 4 - x 2 +l. D. j> = x 3 -3x + 1. 


i 

y 

A 

i 

i 

i 

j 

/ \ 
j 

i 

\ j % 

O 

\ i r 

\J 


Cau 2. Cho ham s6 y = f(x) co lim f(x) = 1 va lim fix) = -1. KhSng dinh nao sau 

X -> +00 x -> -00 

day la khang dinh dung ? 

A. Do thi ham so da cho khong co tiem can ngang. 

B. Do thi ham so da cho co dung mot tiem can ngang. 

C. Do thi ham so da cho co hai tiem can ngang la cac dudng thing y = \\k y = -\. 

D. Do thi ham so da cho co hai tiem can ngang la cac duang thing x = lvax = -l. 


Cau 3. Hoi ham so y = 2x 4 + 1 dong bien tren klioang nao ? 


A. 




B. (0; +oo). 


c - I +0 ° ^ 


D. (- 00 .; 0). 


Cau 4. Cho ham so y = f(x) xac dinh, lien tuc tren R va co bang biin thien : 



Khang dinh nao sau day la khing dinh dung ? 

A. Ham so co dung mot circ tri. 

B. Ham so co gia tri cue tieu bang 1. 

C. Ham so co gia tri lan nliat bang 0 va gia tri nho nhat bang -1. 

D. Ham so dat circ dai tai x = 0 va dat circ tiiu tai x = l. 


Cau 5. Tim gia tri cue dai y CD cua ham s6 y = x 3 - 3x + 2. 

A* Ten ~ B. y CD = 1. C. y CD — 0. D. y CD = — 1. 
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Cau 6. Tim gia tri nho nhat cua ham so y = 


x 2 + 3 


tren doan [2; 4]. 


A. min v = 6. 

[2; 4] 


B. min y 

[2; 4] 


- 2 . 


C. minv = -3. 

[2; 4] 


n . 19 

D. mm v = —. 

[2; 4] 3 


Cau 7. Biet rang ducmg thang y = - 2x + 2 cat do thi ham so y = x 3 + x + 2 tai diem 
duy nhat; ki hieu (x 0 ;y 0 ) la toa do cua diem do. Tim y 0 . 

A* To = 4. B. y Q =0. C. y 0 =2. D.y 0 =-l. 

Cau 8. Tim tat ca cac gia tri thirc cua tham so m sao cho do thi cua ham so 
y - x 4 + 2 mx 2 +1 co ba diem circ tri tao thanh mot tarn giac vuong can. 

1 ^ 1 


A. m = ■ 




B. m = —1. 


C. m ■ 


& 


D. m- 1. 


Cau 9. Tim tat ca cac gia tri thirc cua tham so m sao cho do thi cua ham so 

X 4 - 1 r , • • a 

y = i co hai tiem can ngang. 


^mx 2 +1 

A. Khong co gia tri thirc nao cua m thoa man yeu cau de bai. 
C. m- 0. D. m > 0. 


B. m < 0. 


Cau 10. Cho mot tarn nhom hinh vuong canli 12 cm. Nguai ta cat a bon goc cua tarn 
nliom do bon hinh vuong bang nhau, moi hinh vuong co canh bang x (cm), roi gap tarn 
nhom lai nhu hinh ve dudi day de duoc mot cai hop khong nap. Tim x de hop nhan 
dirac co thi tich Ion nhat. 



A. x = 6. 


B.x = 3. 


C. x = 2. 


D. x = 4. 


r r r tan x 2 > 

Cau 11. Tim tat ca cac gia tri thirc cua tham so m sao cho ham so y - -dong 


r ( ft ^ 

bien tren klioang 0; — . 

V 4 ) 

A. m < 0 hoac 1 < m < 2. B. m < 0. C. 1 < m < 2. 

Cau 12. Giai phiroug trinh log 4 (x -1) = 3. 

A. x = 63. B. x = 65. C. x = 80. 


tanx - m 


D. m > 2. 


D. x = 82. 
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Cau 13. Ti'nh dao ham cua ham so y = 13*. 


A. y' = x.13* 


B. / = 13*.lnl3. 


C. y' - 13*. 


D. y' = 


13" 

lnl3 


Cau 14. Giai bat phirong trinh log 2 (3x -1) > 3. 


A. x > 3. 


B. — < x <3. 
3 


C. x<3. 


D. x > 


10 


Cau 15. Tim tap xac dinh JS? cua ham so y = log 2 (x 2 - 2x - 3). 

A ,3 = (—oo; — l]u[3; + oo). B .3= [—1; 3]. 

C.3= (-oo;-l)u(3; + oo). D. (-1; 3). 

Cau 16. Cho ham so /(x) = 2 X .1 X . Khang dinh nao sau day la khSng dinh sai ? 

A. /(x) < 1 x + x 2 log 2 7 < 0. 

B. /(x)<l xln2 + x 2 ln7 < 0. 

C. /(x) < 1 o xlog 7 2 + x 2 < 0. 

D. /(x) < 1 <=> 1 + xlog 2 7 < 0. 

Cau 17. Cho cac so thuc dirong a , b, vdi a * 1. Khang dinh nao sau day la khang dinh 
dung ? 


A. log Aab) = -\og a b. 

2 

C. \og 2 (ab) = -jlog a b. 

4 

Cau 18. Tinh dao ham cua ham so y = 


B. log ^(ab) = 2 + 21og a b. 

D. log al (ab) = ^ + Uog a b. 
x + 1 


A. = 


1 - 2(x + l)ln 2 


B. y' 


D. y 


1 + 2(x + l)ln2 
, l + 2(x + l)ln2 


_ , 1 - 2(x + l)ln2 

C. y' = -H-. 

2 X 2 X 

Cau 19. Bat a = log 2 3,5 = log 5 3. Hay bieu dien log 6 45 theo a va b. 


A. log 6 45 = 


C- log 6 45 = 


a + 2 ab 
ab 

a + 2 ab 


B. log 6 45 = 


D. log 6 45 = 


2 a 2 - 2 ab 
ab 

2a 2 -lab 


ab + b 06 ab + b 

Cau 20. Cho hai so thuc a va b, voi 1 < a < b . Khang dinh nao duoi day la kblng dinh 
dung ? 

A. log a 5 < 1 < logj a. B. 1 < log 0 b < log s a. 

C. logj a < log a 5 < 1. D. logj a < 1 < log a b. 
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Cau 21. Ong A vay ngan han ngan hang 100 trieu dong, vai lai suat 12%/nam. Ong 
muon hoan no cho ngan hang theo each : Sau dung mot thang ke tur ngay vay, ong bat 
dau hoan no; hai lan hoan no lien tiep each nhau dung mot thang, so tien hoan no a moi 
lan la nhu* nhau va tra het tien no sau dung 3 thang ke tu* ngay vay. Hoi, theo each do, so 
tien m ma ong A se phai tra cho ngan hang trong moi lan hoan no la bao nhieu ? Biet 
rang, lai suat ngan hang khong thay doi trong thdi gian ong A hoan no*. 


A. m - 

C. m - 


100.(1,01) 3 
3 

100x1,03 

3 


(trieu dong). 


(trieu dong). 


B. m - 


qoi ) 3 

( 1 , 01) 3 -1 


(trieu dong). 


D. 


120.(1,12) 3 

(U2) 3 -l 


(trieu dong). 


Cau 22. Viet cong thuc tmh the tich V cua khoi tron xoay dugc tao ra khi quay hinh 
thang cong, gibi han bbi do thi ham so y =J[x\ true Ox va hai duong thang x- a, x-b 
(a < b\ xung quanh true Ox. 

b b 

A. V = n\f 2 (x)dx. B. V = \f 2 (x)dx. 


u 

C. V = n\ f{x)dx. 


D. V = ]\f{x)\Ax. 


Cau 23. Tim nguyen ham cua ham so /(x) = 
A. J/(x)dbc = |(2x - iy2x - 1 + C. 

C. |/(x)dx = -t^2x-l +C. 


yflx - 1 • 

B. J f(x) dx = -j(2x - l)- v /2x - 1 + C. 
D. J/(x)dx = -t^/2x - 1 + C. 


Cau 24. Mot 6 to dang chay vai van toe lOm/s thi nguoi lai dap phanh; tu thai diem do, 6 
to chuyen dong chain dan deu vai van toe v(t) = - 5 1 + 10 (m/s), trong do t la khoang thai 
gian tinh bang giay, ke tu luc bat dau dap phanh. Hoi tu luc dap phanli den khi dung han, 6 
to con di chuyen bao nhieu met ? 

A. 0,2m. B. 2m. C. 10m. D. 20m. 


JL 

Cau 25. Tinh tich phan / = J cos 3 x.sinxdx. 


A. I = --7t\ 

4 


B. l = -n\ 


C.I= 0. 


D. / = 

4 


Cau 26. Tmh tich phan / - j'x In xdx. 
1 


A. I = ■ 


B. / = 


e 1 -2 


C. I 


g 2 +l 

4 


D. I 


e 2 - 1 


Cau 27. Tmh dien tich hinh phang giai han boi do thi ham so y - x 3 - x va do thi ham 
so y — x — x 2 . 
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C.*I 

12 


D. 13. 


Cau 28. Ki hieu ( H) la hinh phang gidi han boi do thi ham so y = 2(x - l)e x \ true tung 
va true hoanh. Tmh the tich V cua khoi tron xoay thu duoc khi quay hinh (H) xung 
quanh true Ox. 

A. V = 4- 2e. B. V = (4- 2e);r. C. F = e 2 - 5. D. F = (e 2 - 5)n. 

Cau 29. Cho so phuc z = 3-2i. Tim phan thirc va phan ao cua so phurc z. 

A. Phan thirc bang -3 va Phan ao bang -2 i. 

B. Phan thuc bang —3 va Phan ao bang -2. 

C. Phan thirc bang 3 va Phan ao bang 2 i. 

D. Phan thirc bang 3 va Phan ao bang 2. 

Cau 30. Cho hai so phuc z l =l + i va z 2 = 2 - 3i. Tmh modun cua so phuc z x + . 


A. | Zj + z 2 1 = ^j\3 . B. | Zj + z 2 1 = 4^ . C. | z x + z 2 1 = 1 . 


D. I z, + z-1 = 5. 


Cau 31. Cho so phiic z thoa man (1 + i)z = 3 - i. Hoi diem bieu 
dien cua z la diem nao trong cac diem M, N,P,Q d hinh ben ? ’ 

A. Diem P. B. Diem Q. C. Diem M. D. Biem N. 


Cau 32. Cho so phuc z = 2 + 5z. Tim so phuc w = iz + z. 
A. w-1 -31. B. w = -3-3i. C. w = 3 + 7z. 


C. w = 3 + li. 


D. 


Cau 33. Ki hieu z 1? z 2 , z 3 va z 4 la bon nghiem phiic cua phuong trinli z 4 - z 2 - 12 = 0. 
Tmh t6ng T = | z x \ +1 z 2 1 +1z 3 1 +1 z 4 1. 

A. 7=4. B. T = 2yf3. C.T = 4 + 2j3: D. T = 2 + 2^3. 

Cau 34. Cho cac so phuc z thoa man | z | = 4. Biet rang tap hop cac diem bidu dien cac 
so phuc w = (3 + 4/)z + i la mot duong tron. Tmh ban kinlr r cua duong tron do. 


A. r = 4. 


B. r = 5. 


C. r = 20. 


D. r = 22. 


Cau 35. Tmh the tich V cua khoi lap phuong ABCD.A'B'C'D', bidt AC' = aj3. 


A. V = a . 


B. V = - 


C. V - 3^3a 


D. V = -a\ 
3 


Cau 36. Cho hinli chop tu giac S.ABCD co day ABCD la lhnh vuong canh a, canh ben 
SA vnong goc vdi mat phdng day va SA = \[2a. Tinh the tich V cua khdi chop S.ABCD. 
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C. v = 4la\ 


A. V = 


V2a 3 

6 


B. V = 


V2a 3 

4 


D. F = 


V2a 3 

3 


Cau 37. Cho tu dien ABCD co cac canh AB, AC va AD doi mot vuong goc voi nhau; AB = 6a, 
ytC = la va AD = 4a. Goi M, TV, P tirorng ung la trung diem cac canh PC, CD, DP. Tinh the tich 
V cua tur dien AMNP. 

7 98 

A. V = -a\ B. V = 14a 3 . C. V = —a 3 . D. V = la\ 

2 3 


Cau 38. Cho hinh chop tii giac S.ABCD co day la hinh vuong canh bang J2a. Tam 
giac SAD can tai S va mat ben (SAD) vuong goc voi mat phang day. Biet the tich khoi 


chop S.ABCD bdng 



Tinh khoang each h Ur B den mat phang (SCD). 


A. h = -a. 
3 


B. h=-a. 
3 


C. h = -a. 
3 


D . h = -a. 
4 


Cau 39. Trong khong gian, cho tam giac ABC vuong tai A, AB = a va AC = V3a. Tinh 
do dai dudng sinh / cua hinh non, nhan dugc khi quay tam giac ABC xung quanh true AB. 

A. 1 = a. B.l = yf2a. C.l = y/3a. D.l = 2a. 


Cau 40. Tu mot tdm ton hinh chu nhat kich thude 50cm x 240cm, ngudi ta lam cac 
thung dung nude hinh tru co chieu cao bang 50cm, theo hai each sau (xem hinh minh 
hoa dual day) : 

• Cach 1 : Go tkm ton ban dau thanh mat xung quanh cua thung. 

• Cach 2 : Cat tam ton ban dau thanh hai tam bang nhau, roi go moi tam do thanh mat 
xung quanh cua mot thung. 

Ki hieu V x la the tich cua thung go dugc theo each 1 va V 2 la tong the tich cua hai thung 


, y 

go duoc theo each 2. Tinli ti so —-. 

V 2 



Cau 41. Trong khong gian, cho hinh chu nhat ABCD co AB = 1 va AD = 2. Ggi M, N 
ihn lugt la trung diim cua AD va PC. Quay hinh chu nhat do xung quanh true MTV, ta 
dugc mot hinh tru. Tinh dien tich toan phan S ip cua hinh tru do. 

A. S p = 4n. B. Sfp = 2%. C.P^ = 6 n. D.S tp =lO%. 
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Cau 42. Cho hinh chop S.ABC co day ABC la tam giac deu canh bang 1, mat ben SAB la 
tam giac deu va nam trong mat phing vuong goc vdi mat phing day. Tinh thd tlch V cua 
khoi cau ngoai tiep hinh chop da cho. 


A. V - 


5Vl5£ 

18 


B. V - 


5 ^ 5 £ 

54 


C.V = 


4 J3X 
27 


d. r=—. 

3 


Cau 43. Trong khong gian vdi he toa do Oxyz, cho mat phing (P): 3x - z + 2 = 0. Vecto 
nao dudi day la mot vecta phap tuyen cua (P) ? 

A. ^ = (-l;0;-l). B. ^=(3;-l;2). C. n, = (3;-1; 0). D. n 2 = (3; 0;-1). 
Cau 44. Trong khong gian vdi he toa do Oxyz, cho mat ciu 

(S): (x + l) 2 + (y- 2) 2 + (z - l) 2 = 9. 

Tim toa do tam I va tinh ban kinh R cua ( S ). 

A. 7(-l; 2; l)vai? = 3. B. 7(1; -2; -1) va R = 3. 

C. /(—1; 2; 1) vai? = 9. D. 7(l;-2;-l) va7? = 9. 

Cau 45. Trong khong gian vdi he toa do Oxyz, cho mat ph3ng (P) : 3x + 4y + 2z + 4 = 0 
va diem A(l; -2; 3). Tinh khoang each dtxxA ddn (P). 

A. d = —. B. d = —. c.d=-^. D. d = —. 

9 29 V29 3 


Cau 46. Trong khong gian voi he toa do Oxyz, cho duong thing A co phnong trinh : 

x-10 _y-2_z + 2 
5 " 1 " 1 

Xet mat phang (P): lOx + 2y + mz + 11 = 0, m la tham so thirc. Tim tat ca cac gia tri cua 
m de mat phang (P) vuong goc vai dudng thing A. 

A . m = —2. B. m — 2 . C. m = —52. D . m = 52. 

Cau 47. Trong khong gian vdi he toa do Oxyz, cho hai diem ^4(0; 1; 1) va 5(1; 2; 3). 
Viet phuong trinh cua mat phang (P) di qua A va vuong goc vdi dudng thing AB. 

A. x +y + 2z — 3 = 0. B.x+j; + 2z —6 = 0. 

C. x + 3y + 4z — 7 = 0. D. x + 3y + 4z - 26 = 0. 

Cau 48. Trong khong gian vdi he toa do Oxyz, cho mat ciu (S) co tam 1(2; 1; 1) va mat 
phing (P) : 2x + y + 2z + 2 = 0. Biet mat phing (P) cit mat ciu (S) theo giao tuyin la 
mot dudng tron co ban kinh bing 1. Viit phuong trinh cua mat ciu (S). 

A. (<5) i (x + 2)~ + (y + l) 2 + (z H-1) 2 = 8. 

B. (53 ! (x + 2)” + {y + 1)“ + (z + l) 2 = 10. 

C. (S ): (x - 2) 2 +(y- 1) 2 + (z -1) 2 = 8. 

D. (S ): (x - 2) 2 +(y- if + (z -1) 2 = 10. 
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Cau 49. Trong khong gian vdi he toa do Oxyz, cho diem A( 1; 0; 2) va dirong thang d c6 
x—l_y_z+l 

2 

goc va cat d. 


phuong trinh : 


Viet phuong trinh dudng thang A di qua A, vuong 


A. A: 


1 y 


C. A: 


1 1 

x — 1 y 


1 

z — 2 


B. A: 


x -1 


y_ 

l 


l l -l 
x 1 y_ z -2 
-3 


D. A:-= A_ = . 


2 2 1 1-3 1 

Cau 50. Trong khong gian voi he toa do Oxyz, cho bon diem A( 1; —2; 0), B( 0; -1; 1), 
C(2; 1; -1) va Z)(3; 1; 4). Hoi co tat ca bao nliieu mat phang each deu bon diem do ? 

A. 1 mat piling. B. 4 mat phing. C. 7 mat piling. D. Co vo so mat phang. 

-het- 


27 





CASIO EXPERT : Nguyen The Lye - fb: Ad.theluc — Youtube: MrTheIuc95 



Dap an 


l.D 

2.C 

3.B 

4.D 

5.A 

6.A 

7.C 

8.B 

9.D 

10.C 

11. A 

12.B 

13.B 

14.A 

15.C 

16.D 

17.D 

18.A 

19.C 

20.D 

21.B 

22.A 

23.B 

24.C 

25.C 

26.C 

27.A 

28.D 

29.D 

30.A 

31.B 

32.B 

33.C 

34.C 

35.A 

36.D 

37.D 

38.B 

39.D 

40.C 

41.A 

42 .B 

43.D 

44.A 

45.C 

46.B 

47.A 

48.D 

49.B 

50.C 


Giai mot so cau kho: 
Cau 6: 


Cac ban ti'nh / = 0 « x =-1; x = 3 => tinh ra A. 


Hoac Cac ban dung Table voi Start 2=, End 3.9= va Step 0.1= 


f(X)= 


K-l 


Math 


ID 
I I 
IE 


X 


0 

F(XJ 
3. I I Ei DDLIl 


Math 


Step? 


Math 


0.1 


O’ day Table chi tinh dirge 20 gia tri len anh de 3.9, cac ban tinh them gia tri tai 4 
nira va so sanh nhe 

Cau 8: 


f x = 0->j = l 

y = 0 o 4 x + 4 jnx = 0 o< .— 

[x = ±^J-m —» y = l-m 2 

ABJiC = 0=>m = -l-^B 

Cau 9: 

Vixco the la ±oo nenloai B, m = 0 -*y = x+l-^ loai C 
Voi m >0 thi: 


Bikiptheiuc.com 


Bf kip CASIO cong pha Trac Nghifm Toan 


Hotline: 0977.543.462 
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CASIO EXPERT : Nguyen The Lire - fb: Ad.theluc - Youtube: MrTheluc95 



.. x + 1 1 x + 1 -1 

lim = —= Inn . = -j= 

-Jmx 2 +1 -Jmx 2 +1 'Jm 

Do do chon D. 

Cau 10: 

Bai nay there chat la mot bai ham so ma thoi. Bau tien cac ban nher cho thay cong 
there tfnh dien tfch hinh hop F = (12-2 xfx. Bai toan trove bai toan la timx de V max. 
Tatfnh / = o=> x = 6 hoac x = 2=> C. 


Casio: cac ban tim Max cua ham so tren bang Table 
Start 2=, End 6- , Step 1= 

0 Math 

f(X)=C12-2X) 2 XI 


dSh 

I OB 
EM 


Math 


Step? 


128 


Cau 11: 

Casio: chuyen sang he radian : Uni IS Cl] 


GD0CD 

Thir vai m=100 

0 Math 0 Math A 

jntK)-2 d < tan iXj -2 S. h 

;i(X)-100Jlx=0. ll dx L tan (X) -iooJI v 


Do do Loai D, ther vdi m=-100 

B Math A ID Math A 

• pnCX)-2 1 1 _d_ f tanm-2 ), f 

11 ( k j +i oo JI x=o. i d*l tan (X)+ioo Jr 

0.01028204062 


Bikiptheiuc.com 


Bf kip CASIO cong pha Trac Nghifm Toan 
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CASIO EXPERT : Nguyen The Lire - fb: Ad.theluc 


Loai C, chi con B hoac A, thn vot m=l 

a Math A a Math A 

d f tan tXJ-£ ')■ h 
anCX)-i Jlx=o. l dxLtanm-i )\x=? 

1.247924282 


Vay A dung. 

Cau 12: 

0 Math 

log 4 CX-l)-3 
X= 65 

L-R= 0 


Cau 13. 
casio 

1*X 


Math A 


1 



0 Math A 



32.34434165 


Do do loai A 


0 Math ▲ 0 Math A 

^-Cis^ ina3h ^Ci3 x )| I=1 -(i;i> 

0 


Cau 14. 
Casio: 


0 Math A 

log 2 (3X-l)-3l 


Youtube: MrTheluc95 


0 Math A 

-(Xxl3 x-1 )l 
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Cac ban tinh CALC : 


0 

X? 

Math A 

0 Math A 

log 2 (3X-l)-3 



100 

5.224001674 


Dap an dung la A 




Can 18. 




Casio: 




0 

Math A 

0 Math A 

0 Math ▲ 

1+X 


4\ i-2cx+ni| 

* fx+n. 4 



jl X= 1 2 zX| r 

4X Jlx=l k 


1 


0 o 0 J 0” 


Cau 21. Cac ban xem hiro ng dan chi tiet o' video kem sach nhe 

0 Mj.th A 0 Mall A 

K(101-X)xl.01-X> <1.01-X)xl.01-X 


0 Math A 

c(im-x)xi.oi-xt> 

X= 34.00221115 
L-R= 0 

Cac ban so ket qua nay veri cac dap an va chon B 

Cau 23. 

Hu’O’ng dan j" ~j2x-\dx =1JV2x- ld(2x— l)=i(2x-l)V2x-l 

Casio : O' day thay vi tinh nguyen ham thi cac ban tinh tich phan tir I —>• 1 
(Xem o’ muc Casio Skill 1.0 va 2.0 nhe) 
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Cau 24. 

Giai theo vat If lop 10: 

2 2 -V 2 

v 2 -v 2 = las —>s = —— (v = 0) 

2 a 

a = v'(t) = -5->s = 10 

Casio: Cac ban dung tfch phan: v = 0 -> t = 2 

h 

Goi y: As■ = vAt -» s = Jv(t)<# 

4 

0 Math A 

| 2 (-5X+10)dx 

10 

Cau 25: 

0 Math A 

foCOS(X) 3 sin(X> 

0 

Cau 26. 

0 Math A 

fiXlntXlcfcHr 

0.25 

Cau 27. 

Dang nay thi cac ban chia khoang de xet dau. 

Cho phirong trinh hoanh do giao diem tim ra: x = 0,x = -2,x = l 
Tfnh may tinh=> ta dirge dap A. 
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a Math a 


a Math A 


a Math A 


Ux 3 -xMx-x 2 )) Ux 3 -xmx-x 2 )> C(x 3 -x)-(x-x 2 ))i> 

X= 1 X= 0 X= -2 

L-R= 0 L-R= 0 L-R= 0 


a Math A 


a Math A 


a Math A 


j° 2 IX 3 -2X+X 2 ld;> 4+J*IX 3 -2X+X 2 lo J-2 Ix ° 2X+X 2 ld>> 


37 

12 


Cau 28. 


a MathTA 


a Math A 


J*4G<-l) 2 e 2 *dx Ans * A 

2.389056099 2.389056099 


A-e 2 


a Math A 


-5 


Cau 33. 

Tfnh ngay ra z 2 = 4, z 2 = -3 => tmh tiep z, = 2, z 2 = -2 z 3 = -J3i, z 4 = —J3i 

Cau 34. 


Casio: 

3 diem xac dinh 1 du-cmg tron cac ban co the chon b£ra 3 so z nhirng anh chi can 
chon 2 la nhin ra roi AA 


(anh lircd raa :D} 


z = 4-*w = 12+17/ 

—^ r 

z = -4 -» w = -12 -15/ 


(12 ■- of + (17 - bf = (-12 - of + (-15 - bf 


—> a = 0, b = 1, r = 20 


Khoanh C 

Phan hinh khong gian bat dau tu 1 cau 35 den cau 42 la hinh khong gian kieu co dien. 
Con Phan hinh Oxyz la tir cau 43 den 50. 

Da phan d'eu de dang chi o’ miic do ghi nha cong there va tfnh toan gian don. 
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Co 3 cau mat thm gian va hay nh'am lan th'ay da chira chi tiet trong video kern sach 
roi nhe (Cau 38,42,50). 

Cau 37: Cac ban co the tinh ngay dime dien tich tu dien ABCD: 



1 

V ABCD = — AB.AC.AD = 28a 3 (Do AB,AC,AD doi mot vuong goc vo-i nhau). Cac ban van sir 
6 

dung cong thu-c V = -S.h la xong. 

3 

Ta thay S imp = I S BCD . Tinh chat cua dircrng trung binh neu cac ban hoc chac hinh hoc. 

V AMNP =^V ABCD = 7a 3 (Do dircrng cao van nhir nhau, chi dien tich day nho di ma thoi). 

Cau 49 

Do H thuoc d=> H(l+t;t;-l+2t) 

AH(t;t;2t-3) Do AH vuong goc vai d: AH.u d =6 => t=l => H(2;l;l) 
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B0 giAo duc vA bAo tao ky thi trung hoc pho THONG QUOC GIA 2017 

Bai thi: TOAn 

BE THI THLF NGHIEM Thaigian lam bai: 90 phut, khong ke thm gian phat tfe 
(Be thi gom 07 trang) 


Ma de thi 
01 

Cau 1. Duong thang nao sau day la tiem can dung cua do thi ham so y= 2x+1 ? 

x+l 

A. x = l B. y = -l C. y = 2 D. x = —1 

Cau 2. Bo thi cua ham so y=x 4 -2x 2 +2 va do thi ham so y = -x 2 + 4 co tat ca bao nhieu 
diem chung 

A. 0 B. 4 C. 1 

Cau 3. Cho ham soy= f(x) xac d|nh va lien tuc tren 
doan [—2;2] va co do thi la du-ang cong trong hinh ve 
ben. Ham so f(x) dat circ dai tai diem nao sau day? 

A. x = —2 

B. x =— 1 

C. x = l 

D. x = 2 


D.2 

v 



Cau 4. Cho ham so y=x 3 -2x 2 +x+l. Menh de nao dudi day dung? 


fl a , , f i 

A. Ham so nghich bien tren khoang -;l . B. Ham so nghich bien tren khoang 

U J v 3 


C. Ham so dong bien tren khoangf-;! . D. Ham so nghich bien tren khoang(l;+oo). 


Cau 5. Cho ham so y = f(x) xac dinh tren i?\{0}, lien tuc tren moi khoang xac d|nh va co 
bang bien thien nhu sau 
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Tim tap hop tat ca cac gia tri cua tham so m sao cho phuang trinh f(x) = m co ba 
nghiem thirc phan biet? 

A. [—1;2] B. (—1;2) C. (-1;2] D. (- 00 ; 2] 


x +3 


Cau 6. Cho ham so y = -. Menh de nao duai day dung? 


x+l 


A. Circ tieu cua ham so bang -3. 
C. Cue tieu cua ham so bang -6. 


B. Circ tieu cua ham so bang 1. 

D. Circ tieu cua ham so bang 2. 

Cau 7. Mot vat chuyen dong theo quy luat s = -T 3 +9r% vdi t (giay) la khoang then gian 

tinh tir luc vat bat d'au chuyen dong va s (met] la quang dircmg vat di duo-c trong then 
gian do. Hoi trong khoang theri gian 10 giay, ke tir luc bat d'au chuyen dong, van toe Ian 
nhat cua vat dat du-ac bang bao nhieu ? 

A. 216 (m/s). B. 30 (m/s). C. 400 (m/s). D. 54 (m/s). 

/ 7 > /• 2jc — 1 — ''Jx^ T x -I- 3 

Cau 8. Tim tat ca cac tiem can dung cua do thi ham so y =-^-. 

s ' x 2 - 5x + 6 

A. x = -3. va x = -2. B. x = -3. C. x = 3. va x = 2. D. x = 3. 

Cau 9. Tim tap ho-p tat ca cac gia tri cua tham so there m de ham so y = ln(x 2 +1) - mx+l 
dong bien tren khoang (-00; +00). 

A. (-00; -1], B. (-00; -1). C. [-1; 1] - D. [l;+°o). 

Cau 10. Biet M( 0;2), N(2;-2) la cac diem circ tri cua do thi ham so y — ax* + bx 2 +cx+d. 
Tinh gia tri cua ham so tai x = -2. 


C. y(-2) = 6. 


A. y(-2) = 2. B. y(-2) = 22. 

Can 11. Cho ham so y = ax 3 +bx 2 +cx+d 
co do thi nhu hinh ve ben. Menh de 
nao dudi day dung? 

A. a<0,b>0,c>0,d <0 . 

B. a<0,b<0,c>Q,d <0 . 

C. a>0,b <0,c <0,d >0 . 

D. a <Q,b>0,c <0,d <0. 


Cau 12. Vdi cac so thuc dircmg a, b bat ki. Menh de nao dudi day dung ? 

A. ln(ab) = \na+]nb. B. \n(ab) = ]na.\nb. 

„ - a In a 

C. In—=-. 

b In b 


D. y(—2) = —18. 



D. In — = In b - In a. 
b 

x —1 


Cau 13. Tim cac nghiem cua phuang trinh 3* = 27. 
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A. x = 9. B. x = 3. C. x = 4. D. x = 10. 

Cau 14. So liwng cua loai vi khuan A trong mot phong thf nghiem diro’c tfnh theo cong 
thixc s(t) = s(0).2‘, trong do £(0) la so lirang vi khuan A lucband'au, s(t) lasdlirorig 
vi khuan A co sau t (phut). Biet sau 3 phut thi so lirong vi khuan A la 625 nghin con. 
Hoi sau bao lau, ke tir luc bat dau, so liro-ng vi khuan A la 10 trieu con ? 

A. 48 phut. B. 19 phut. C. 7 phut. D. 12 phut. 

>. Cho bieu thu-c P = tjx.\jx 2 .\^, vcri x>0. Menh de nao dircri day dung ? 


Cau 15. 


A. P = x 2 


B. P 


13 

_ v-24 


C. P = x A 


D. P = x 


Cau 16. Vo-i cac so thirc du’ung a, b bat ki.. Menh de nao dirai day dung? 


A. log 3 


C. log, 


( 2<+ 


V b , 


= l + 31og 2 tf-log, b 


-1+3 log 2 a + log 2 b 


B. log, 


D. log, 


2a | 1 . 

— = l+-log 2 tf-log, b 
b J 3 


la 3 
b 


= l+ilog 2 a + log 2 Z) 


Cau 17. Tim tap nghiem S cua bat phircmg trinh log, (x+l)</og, (2x-l) 


5 = (2;+oo) B. S = (-oo;2) 

Cau 18. Tinh dao ham cua ham so ln(l + Vx+l)- 
1 


C. 5 = |-;2 


D. S = (—1; 2) 


A. y' = 
C. y' = 


2^1 x +1^1+ 
i 


B. y' = 
D. ? 


1 


1 + yjx~\~ 1 
2 


x + l(l + x/x + l 


Vx+i^i+V-^+i) 

Can 19. 

Cho ba so thirc dirong a, b, c khac 1. 

Do thi cac ham so y = a x , y = b x , y = c x dirge 
cho trong hinh ve ben. Menh de nao dirai 
day 
dung? 

A. a<b<c. 

B ,a<c<b. 

C. b <c <a. 

D. c<a<b. 

Cau 20. Tim tap hgp tat ca cac gia tri cua tham so thuc m de phirang trinh 
6 X + (3- m)2 x -m = 0 co nghiem thuoc khoang (0; 1). 
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A.[3;4], B. [2;4]. C. (2:4). D. (3;4). 

Cau 21. Xet cac so thirc a, b thoa man a > b > 1. Tim gia tri nho nhat P cua bieu thuc 

P = logo ( fl2 ) + 3 l°gj j ) • 

A- ^nin = 19 B.iV= 13 C. /A =14 D.p min =15 

Cau 22. Tim nguyen ham cua ham so f(x) =cos2x. 

J/(x)<7t = Tin2x+C B. ^f(x)dx = -Tin2x+C 

J/(x)(& = 2sin2x+C D. | f(x)dx = -2sin 2x+C 

Cau 23. Cho ham so /(x) co dao ham tren doan [l;2], /(l)=l va /(2) =2. 

2 

Tmh 7 = J f'(x)dx. 

1 

7=1 B. 7=-l C. 7=3 D. 7 =- 

2 

Cau 24. Biet F(x) la mot nguyen ham cua cua ham so f(x) =— — va F(2) =1. Tfnh F(3) 

JC — 1 

F(3) = ln2-1 B. F(3) = In2+l C. 7’(3) = - D. F(3)= — 

2 4 

4 2 

Can 25. Cho J/ (x)dx = 16. Tmh I = J/ (2x)dx 

0 0 

7=32 B. 7=8 C. 7=16 D. 7=4 

1 

Cau 26. Biet - - -. = a1n2+feln3 + cln5, vui a, h, cla cac so nguyen. Tmh S = a+b+c 

^ JC “f* JC 

5 = 6 B. 5=2 C. 5 =—2 D. 5=0 

Cau 27. Cho hinh thang cong (77) gi&i han 
bai cac 

Bircmg y = e :r ,j = 0,x = 0 va x = ln4. Bucmg 
thing 

x = 7(0<7<ln4) chia (77) thanh hai phan co 
dien 

tfch la 5, 5 2 va nhu hinh ve ben. Tim 

x = k de 5j = 25 2 . 

A. 7: = — ln4 B. 7 = ln2 

3 

C. 7 = In— D. 7 = ln3 

3 
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Cau 28. Ong An co mot manh vircm hinh elip co do 
daitrue 

Ion bang 16m va do dai true be bang 10m. Ong 
muon trong 

hoa tren mot dai dat rong 8m va nhan true be cua 
elip lam true 

doi xung( nhu hinh ve). Biet kinh phi de trong 
hoa 100.000 



dong/1 m 2 . Hoi Ong An can bao nhieu tien de 
trong hoa tren 

dai dat do? ( So tien dirge lam tron den hang 
nghin) 

A. 7.862.000 dong B. 7.653.000 dong 

C. 7.128.000 dong D. 7.826.000 dong 

Can 29. Biem M trong hinh ve ben la diem bieu dien cua 
so phuc z. Tim ph'an thu’c va ph'an ao cua so phuc z. 

A. Phan thgc la -4 va phan ao la 3. 

B. Phan thgc la 3 va phan ao la -4/. 

C. Phan thgc la 3 va phan ao la -4. 

D. Ph'an thgc la -4 va phan ao la 3/. 


y 



3 

0 

1 X 

-4 

.*M 


Cau 30. Tim so phuc lien hgp cua so phuc z = 7(3/+1) 
z=3-i B. z--3 + i C. z = 3 + / 

Cau 31. Tinh mo dun cua so phuc zthoa man z(2-/) + 13/ = l. 

5-J3A 


D. z = —3 — i 


A. Pi 


= 734. 


B. p[ = 34 


C. \z\ = : 


D. Pl = - 


734 


Cau 32. Ki hieu z 0 la nghiem phuc co ph'an ao duung cua phuong trinh 

4z 2 - 16z + 17 = 0. Tren mat phang toa do, diem nao duui day la diem bieu dien so phuc 


W = 7Z 0 ? 


B.M,| ;2 |. 


C .M, 


:;1 • 


D. MA-: 1 


41 4’ 


Cau 33. Cho so phuc z = a + bi(a,b e R) thoa man (1 + i)z + 2z = 3 + 2/.Tinh P = a + b. 


A.P-- 


B.P = 1 


C.P = -1 


D.P = -- 
2 


■Jl 0 


Cau 34. Xet so phuc z thoa man (1 + 2/)|z| =-2 + z.Menh de nao sau day dung? 


Bikiptheluc.com 


Bi kip CASIO coug plia Trie Nghiem Tolu 


Hotline: 0977.543.462 




Bl ThuNghiem 


CASIO EXPERT : Nguyen The Lire - fb: Ad.theluc — Youtube: MrTheluc95 


A - — < p| c 2. 


B. z > 2. 


C. z<- 

1 1 2 


D. — <|z| <—. 
2 11 2 


Cau 35. Cho hinh chop S.ABCco day la tarn giac deu canh 2a va the tich bang a 3 .Tinh 
chieu cao h cua hinh chop da cho. 

= ^ C 0.h = Sa 

6 2 3 

Can 36. Hinh da dien nao dirdi day khong co tarn doi xiing? 






A. Tu dien deu B. Bat dien deu C. Hinh lap phirong D. Lang tru luc giac deu 

Cau 3 7.Cho tu dien ABCDc 6 the tich bang 12 va G la trong tam cua tam giac BCD. Tinh 
the tich V cua khoi chop A.GBC 

A. V = 3 B. V = 4 C.V = 6 D. F = 5 


Cau 38. Cho hinh lang tru tam giac ABCAB'c' co day ABC la tam giac vuong can tai A, 
canh AC = 2^2 .Biet AC tao vbi mat phang (ABC) mptgoc60 0 va AC' = 4. Tinh the tich 
V cua khoi da dien ABC.A'B'C'. 


A) V = - B) V = — C) V = ~ D] V = — 

3 3 3 3 

Cau 39. Cho khoi non (N) co ban kinh day bang 3 va dien tich xung quanh bang \5k. 

Tinh the tich V cua khoi non (N). 

A] F = 12;r B) F = 20;r C)F = 36;r D) F = 60 n 

Cau 40. Cho hinh lang tru tam giac deu ABC.A B C' co do dai canh day bang a va chieu 
cao bang h. Tinh the tich V cua khoi tru ngoai tiep lang tru da cho. 


C) v = — D )v = ^H. 


A) V = - 


C) V = 3m 2 h 


D) V = m 2 h 


Cau 41. Chohinhhop chirnhat ABCD.A B C D co AB = a,AD = 2a,AA' =2a. Tinh ban kinh 
R cua mat cau ngoai tiep tu dien ABB'C . 


A) R = 3a 


B) R = - 


Q R = - 


D) R = 2a 


Bildptheluc.com Bi top CASK) cong pha Trie Nghiem Toaa 


Hotline; 0977.543.462 










Be Thu’ Nghifm 


CASIO EXPERT : Nguyen The Luc - fb: Ad.theluc - Youtube: MrTheluc95 


Cau 42. Cho hai hinh vuong cung co canh bang 5 
dime xep chong len nhau sao cho dinh X cua mot 
hinh vuong la tam cua hinh vuong con lai( nhir 
hinh ve ben]. Tmh the tfch V cua vat the tron xoay 
khi quay mo hinh tren xung quanh true XY. 


A. v 


I25(l+V2)^ 


C. V = - 


125 


(5 + 472^# 


24 


B. V = - 


D. V = 


125 


(5 + 2^)^ 

_ 

125(2 + ^)^ 
4 .~ 



Cau 43. Trong khong gian vdi he true toa do Oxyz, cho hai diem A( 3;-2;3), fi(-l;2;5). Tim 
toa do trung diem / cua doan thing AB ? 

A. /(-2;2;1). B. /(1;0;4). C. 7(2; 0; 8). D. 7(2;-2;-1). 

x = l 

Cau 44. Trong khong gian vdi he true toa do Oxyz, cho dirdng thing d:\y = 2+3t (teR). 

z = 5 — t 

Vertex nao dirdi day la vertex chi phircmg cua d ? 

A. ^ = (0;3;-l). B. ^ = (l;3;-l). C. ^ = (l;-3;-l). D. ^ = (l;2;5). 

Cau 45. Trong khong gian vdi he true toa do Oxyz, cho ba diem 4(1;0;0), B( 0;-2;0) va 
C(0;0;3). Phircxng trinh nao dirdi day la phircmg trinh cua mat piling (ABC)? 

X 

= 1 . u. 

2 1 -2 13 1-2 3 

Cau 46. Trong khong gian vdi he true toa do Oxyz, phircmg trinh nao dirdi day la 
phircmg trinh cua mat cau co tam 7(l;2;-l) va tiep xuc vdi mat phlng 
(P) :x—2y-2z—S = 0? 

A. (x +l) 2 + (y +2) 2 + (z —l) 2 = 3. B. (x —l) 2 +(p— 2) 2 +(z + i) 2 =3 

C. (x-1) 2 +(y—2) 2 +(z + l) 2 -9 C. (x+\f +(y + 2) 2 +(z~\f =9 

Cau 47. Trong khong gian vdi he true toa do Oxyz, cho dirdng thing = = 

va mat phlng (P)-.2x-3y+2z+6 = Q. Menh de nao sau day dung ? 

A. d cat va khong vuong goc vdi (P). B. d vuong goc vdi (P). 

C. d song song vdi (P) . D. d nlm trong (P) . 

Cau 48. Trong khong gian vdi he true toa do Oxyz, cho hai diem A(-2;3;Y) va B( 5;-6;-2). 


.XV 

A. -+—+ 


D . A + Z + JL = J . 
3 1 -2 


Duong thang AB cat mat phang (0 xz) tai diem M . Tfnh ti so 


AM 
BM ' 
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A — = A B —-2 C 1 D —-3 

' BM~ 2 ' BM ~ ' BM ~ 3 ' ' BM ~ 

Cau 49. Trong khong gian vai he true toa do Oxyz, viet phu’o’ng trinh mat phang (P) 

song song va each deu hai dirang thang 

, _ x—2 _y _z , __y-\ _z-2 


A. (P):2x-2z + l = 0. B. (P):2y-2z + \ = 0. 

C. (P)\2x-2y+\ = Q. D. (P):2y—2z— 1 = 0. 


Cau 50. Trong khong gian vdi he true toa do Oxyz, xet cac diem 

^4(0;0; 1), B(m; 0;0), C(0; «;0) va Z)(l;l;l)vdi m>0,n>0 va m+n= 1 . Bietrangkhi m, n thay doi, 
ton tai mot mat cau co dinh tiep xuc vai mat phang (ABQv a di qua D . Tfnh ban kmh R 
cua mat cau do ? 


A. R = l. B. R =—. C. R = ~. D. R = ~. 

2 2 2 


ID 

2D 

3B 

4A 

5B 

6D 

7D 

8D 

9A 

10D 

11A 

12A 

13C 

14C 

15B 

16A 

17C 

18A 

19B 

20C 

21D 

22A 

23A 

24B 

25B 

26B 

27D 

28B 

29C 

30D 

31A 

32B 

33C 

34D 

35D 

36A 

37A 

38D 

39A 

40B 

41C 

42C 

43B 

44A 

45C 

46C 

47A 

48A 

49B 

50A 


(De nay anh da lam giai chi tiet bang Video nen khong giai trong day nira, cac 
em truy cap vao http://bikiptheluc.com/sach de xem nhe) 

Hiro-ng din giai de chinh thirc 2017 ma 102,103,104 cac em xem 6- Bi Kip Casio 
Advance Version 2018 nhe, no la 1 bo cung vdi cuon nay de tu luyen >8 
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Liro’ng Giac 


Dang 1: Tinh Toan Bieu Thur Liro-ng Giac 


Cau 1 : Gia tri cua bieu thu-c P ■ 


cos 70° +cos 10° 
cos 3 5° cos 5° - sin 3 5° sin 5° 


bang: 


A. 2 cos 40° B.l C.V3 D.— 

2 

Htr6ng dan 

Trong ph'an liro-ng giac nay co 2 do-n v| co ban cua goc ma chung ta hay dung la do 
( IshiftI Imode] f3l ) va radian ( [shift| |mode| l"4~l ) tuy vao de ma minh chon he nhe 

Cf bai nay cac em se chon he do va nhap nguyen bieu thuc vao la xong 


m in f3~i 

®@®[I](3]S]@(I3ll](I]®@(3](5]Q]@[l][I)E)@|T)[l][y](ij3[5](T| 


a Math a 

_ COS (70) +C .. fo 

COS (35) COS (5) -S* ' IJ 

1.732050808 


0 Math A 


1.732050808 


Neu em khong biet no la Vs thi chi can xet hieu vai cac dap an xem dap an nao bang 0 la dirge. 

Cau2:Cho tan6r = 3.Tmhgiatribieuthu , c M = — ~- 

5sin a + 4cos a 


Hirang dSn 

Dau tien chung ta can tinh a roi thay vao M nhirng chu y khi may tinh tinh 

arctan(3) = tan -1 (3) = a nhirng neu giai blnh thiromg thi dung phai la a + k7r tuy nhien bai nay 

a cu thoa man dieu kien kia la dirge, cac em thay vao la ra ket qua 

fsHiFT) [MODE] f4l fSHIFTl ftan] f3l fSHinl fRCL l (eg) 

0 Math A 

tarrK3)+A 


1.249045772 
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0Q]@ d3(=) 


0 Math A 

Ob imHJ -ZL-Ub l h 

5Sin(A) 3 +4COS(A 

70 


139 


M = - 


Tir luan: 

3 sin a (sin 2 a + cos 2 a} - 2 cos # (sin 2 <2 + cos 2 
5sin 3 a + 4cos 3 C£ 

3 sin 3 a-2 sin 2 a cos a + 3 sin a cos 2 a- 2 cos 3 a 
5sin 3 a' + 4cos 3 ££ 
3tan 3 c>'-2tan 2 a + 3tana-2 


(chia tn va mau cho cos 3 a ) 


5 tan a+ 4 

Cau3: Cho goc a thoaman: n < a <— va cos a - —. Tmh A = —— 

2 5 1 + cot 2 a 


A.— 

5 


B. 


V? 


c. 


VI 


D.- 


5 5 25 

Hiro'ng din 

Cac em lam cung nhir bai tren nhirng chu y nhat a day la goc cos a = cos /? o or = +/? + k2n 


37T 

May tfnh dung ham ngirgc tim thi no chi tfnh ra a cac em phai chon k de n < a < — cac em lay 


a — —(3 +2 n 

_0^ Math A 

-COS" 1 ( "{p -] +2n 


0 MathTA 


0 Math A 

14-tan (A:i is 
l+tan(A)“ 2 5 

4.027669777 4.027669777 0 


Dang 2: Ham so Liromg Giac 

2 

Cau 1 :Tap xac dinh cua ham so y - tanx +-la : 

sin2x 

A.K\ e z| B. M\ j-^- + £;r,£ezj C.Bap ankhac D.R\|^ + kn\kn,k e Z 

Hirang dan 

Dang nay cac em lam tay cung dugc, hoac CALC vi no de anh se hirang dan tir luan 
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[ cosx^ 0 
[sin2x^ 0 


<=> 


X^ — + k7T 
2 

X^k7T 


Cau 2 :Tap gia tri cua ham so y = 3sin2x-l la: 

A. [-4; 2] B. (—1;2] C. (-1;2) D. [—1; l] 

Hiro-ng dSn 

Bai nay cac em lam dan gian nhu sau -1 < sin2x < 1 -> y e [-4; 2] 


Ngoai ra neu dung casio thi em tham khao each tim max-min a phan dirdi 
Cau 3.Ham so nao sau day la ham so le 

A.y = cos2x-x B. y = x.sin2x C. y = sin2x-x D. y = sin 2 x 


Hirong din 

Cac em nhb lai li thuyet SGK, ham le 


D = R^x,-xeD „ (D = R-^x,-xeD 

, x , v ham chan x . 

/(-*)=-/ M 1 /(-*)=/(*) 


Cac em chon 1 gia tri vi du x = 10 

Xet dap an A roi Nhap bieu thu-c, CALC x = 10, x = -10 

(coii i~ 2 ~i m m m r imi m (calci m roi f=i b fi m roi f=i 


0 Math 

cos(2X)-Xl 


0 Math A 

cos(2X)-X 


0 Math A 

cos(2X)-X 


-9.591917938 

Loai A, tirang tir cac em xet dap an khac, dap an C 

0 Math A 0 MathTA 

sin(250-)( sin(2X)-X 


10.40808206 


0 Math ▲ 

sin(2X)-X 


Vay cac em khoanh C. 


-9.087054749 9.087054749 


Cau 4. Gia tri nho nhat cua ham so y — sinx + cosx 

A.O B. -72 C.3 D. 72 

Hirang d3n: 

Cac em dung mode 7 tirang tir nhu* vi du dirbi. 


Cau 5: Giatrildn nhat cua ham so y = 3sinx-f 4cosx + l la: 

A.3 B.4 C.5 D.6 

Hu'6'ng dSn 

Cac em su dung Table : 

Biror 1: Vao Mode 7 
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ImodI CzD 

Buoc 2: Nhap ham 

GD © (H (T) (T) El (3 @ H El (3 (+) (T) (=] 

0 Math 0 Math 

f(X)=Esin(X)+4c> f(X)=*cos(X)+ll 


Neu may hoi g(X) thi an = de bo qua,tat g(x) di tfnh dirac nhieu ho-n (St) (t) (~5l |T| 

71 

Start —n = End n = Step — = 

12 

0 Math 

m D.EBI1 _5,EMn_l 
15 D.5B35 fflRilll 
IE D.1B55 5.9M91 

5.964101615 

Dang 3: Phiro'ng trinh lirorng giac 

Cau 1: Tim nghiem cua phircmg trinh: 4sin 3 xcos3x + 4cos 3 xsin3x + 3V3cos4x = 3 


n 7 n 
x = —h k— 

8 2 

71 _ 71 

x = -+ k — 

24 2 


71 7 71 

x — —h k — 
8 2 

71 7 71 

x — — + k— 
24 2 


71 7 71 

x =- + k— 

8 2 

TC 7 71 

x — -+ k— 

24 2 


7r _ n 
x=—+k— 
8 2 


x =- Vk7l 

24 


Hirang dan tir luan: 

sin 4x + 'JSco s4x = 1 <=> — sin 4x + cos4x = — 

2 2 2 


71 7 71 

z n x=—+k— 

( 71 71 7T 71 82 

<^>cos 4x-= cos — C24x-= ±— + k27r, keZ <^> ; keZ 

{ 6) 3 6 3 71 n 

x — - + k — 

L 24 2 


Trac nghiem: Su dung CALC de thii timg dap an 
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M 0 Math 

1 

! Biroc 1: Chon he Radian 

[SHiFTi jmg f4~| 


Buac 2: Nhap PT 

0 Math 

4sin(X) 3 cos(3X)> 

f4i [sini [aephai m m fsHini r^i tcosi i~3~i (mphai m m rr r^n icosi [uhai m 

ms® 

0 Math 

-«-3-/3cos':4a)-G1 

1 Bxrdc 3: CALC timg gia tri dac trung d cac dap an 


, 71 

1 Vi du de kiem tra dap an A,B,D dung hay sai thi ta se thur x = — 

1 8 

(CALCl fSHiFTl fxIO^l FtH l~8l r=1 

0 Math A 1 

4sinCX) 3 cos(3X)i> j 

0 

71 

Vay la A hoac B,D dung tiep theo ta thux =- 

‘ 24 

1 FIIshIftI IxFl FI l~2l f4l [=1 

0 Math A j 

4sin(X) 3 cos(3X)i> 

| Vay la kha nang chi con A va D cac em se xem tiep su khac biet 

oj 

71 TC 71 , 

1 x =- \-k— ,x =- \-kn cac em cho k=l roi CALC tiep 

24 2 24 

71 71 

X = - 1 — 

24 2 

j (CALCl [SHIFtl n<iQ^ PF] f2l RH RR fsiiFT] fFl f=1 

0 Math A 

4sin(X) 3 C0S(3X)> 

0 

j Vay A dung do dap an D khong chua ket qua nay, no van la nghiem cua 
j phuong trinh 

j 


Vi du 2: So nghiem thuoc khoang (0;tt) cua phuorig trinh sin3x + sinx-2cos 2 x = 0 la: 


A.1 B. 2 C.3 D.4 

Hu'dng din 

Cac em dung Table tirorig tir nhu' o' tren nhimg thay vi quan sat max-min ta se quan sat nghiem 
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fG0=sin(3)0+si> f<X)M-2cosC!0 2 i 


Start? 


Ta dirge cac nghiem 


0 Math 

H F CHJ 

e d.eeii - 0.9 

a D.5E35 BBki 
M 0.1B53 D.MIME 


End? 


3.141592654 


Step? 

0.2617993378 


;■! F tx> 

E I.30B9 0.IEUB 

1 1.5101 BBlfer 

B I.B3E5 0.1 EUB 


0 Math 

k f m 

ID E.35EI P.MIUE 
II E.EI19 WIT 
IEE.B191 -0.9 

0 0 


Vay ta dirge 3 nghiem 

Vf du 3: Co bao nhiem diem bieu dien nghiem cua phirang trinh sau tren dircmg tron lirgng 

sin 10 x + cos 10 x sin 6 x + cos 6 x 

giac:-= —r- z — 

4 sin 2x + 4cos 2x 

A.l B.2 C. 3 D.4 

Hirdng din 

„„ x _ ,. ^ , sin 10 x + cos 10 x sin 6 x + cos 6 x 

Cac em vao Table roi nhap bieu thirc:----— 

4 sin 2x + 4cos 2x 


S0®(ID11(I]IID©[I)GD(&(±)@(IICD[2©IT]®®(I3®0®© 

can]® 


0 Math 

t v\_iSin (X ) lP +Ct f i r v\_ j“OS (X J ^ 

U ' lJ ^ T* UXJ "i=.QSC 2 X:i 2 


r=| F^I [SHiFTl fxio^l f=l ISHiFTl fxlO 7 ] [=1 fsHiFtl f^n rn r^i r=i 

7t ? 

Start —n - End n - Step — = Sau do di chuyen con tro 


K 

0 

At 

Math 

!-! 

0 

F(H> 

Math 

w 

-a. im 


E 

-I.B3E 

-0.013 

IE 

-D.EEI 

-E.B19 

-0.013 

1 

-1.51 

■■■■ 

13 

0 

-E.EI1 

-0.19 

B 

O 

-I.3DB 

-0.013 

m 

0 

D.EEI1 


0 Math 

fckj I 
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0 Math 0 Math 



K 

F (K> 


H 

f «:k: i 

IB 

19 

I.9DB9 

i.snm 


3M 

25 

2.B191 
3.IMI5 

iflfi 

SB 

I.B9S5 

-0.013 

EE 




0 0 

Cac em nhin thay no co 5 nghiem tren doan nhimg chu y tren ducmg tron thi -n^n 

trung nhau cung la 1 diem do do ma ta khoanh D.4 


Cau 2: Goi X la tap nghiem cua phuong trinh cos 
A. 240° g X B. 200° e X C. 



290° e X 


= sinx. Khi do 

D. 220° e X 


Hu'dng din: Nhap phuomg trinh roi CALC cac dap an 

Cau 3: Nghiem cua phuong trinh luomggiac: cos 2 x-cosx = 0 thoadieukien 0 <jc<^t la: 


A. x = 0 B. x = — C. x — n D. x = — 

2 2 

Hirdng din: Nhap phuong trinh roi CALC cac dap an 

Cau 4: Phuong trinh: sin 2x = -y- co bao nhieu nghiem thoa: 0 < x < n 

A. 1 B. 3 C. 4 D. 2 

Hirong din: Nhap Phu'O'ng trinh roi CALC cac dap an 

Cau 5: Nghiem duong be nhat cua phuong trinh: 2sin 2 x + 5sinx 

7i n 

A. x =— B. x = — C. x = — 

2 6 2 

Hu'O'ng din: Nhap phuong trinh roi CALC cac dap an 
Cau 6: Tim m de phuo'ng trinh 5cos x-msinx = m+l co nghiem. 

A. m <24 B. m <12 C. tn> 24 D. m <—13 

Hu'O'ng din 

Thong thuong dang nay cac em lam theo cong thuc dieu kien de phuo'ng trinh co nghiem la : 
5 2 + (-m) 2 < (in +1) 2 -A m < 12 

O' day thi anh se huung dan each lam chung cac bai co dang tham so nay, day la each so 1 dung 

duuc cho moi bai dang nay, ngoai ra thi cac em dung each 2, each 3 o' cac bai dudi cung duuc, 

xem them phan casio giai nhanh tuong giao toan 12. 

Cach 1: dua vao dinh li sach giao khoa lap 11: /( a ) f(b) < 0 —> 3c e [a,b] dg/(c) = 0 


-3 = 0 la: 

D. x = 


5 n 
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Bxroc 1: Nhap bieu thiic vao Table 

CD m B0 CD (T) 

Cac em thay m thanh () de sang bude 2 

0 Math 

f(X)MX)-(o+n 

Budc 2: Chon gia tri dac trung d cac dap an 

0 Math 

fCX)=+C10)feinO^ 

Cac em chon m = 10 xem dap an A,B co dung khong 


Bao gib cung chon de 4 dap an phan ra 2 trudng phai khac 

0 Math 

nhau tiic la tu 1 gia tri duoc chon se co 2 dung, 2 sai sau do 

fco=<«-(ao)+iii 

chi can chon 1 gia tri nua la loai duoc 1 trong 2 dap an con 


lai 



Bxrdc 3: Chon khoang can xet cho phu hop 

Bai nay la ham luong giac khong co doan cho san cac em 
xet Start -n - End n = Step — = roi quan sat sir doi dau 
cua bieu thiic 

Cac em thay m=10 thi thay doi dau 2 Ian nen phuong trinh 
da cho co 2 nghiem, tiep theo chiing ta thii vdi m=20 an AC 
de sua m con Start, End, Step cac em giu nguyen nhe, bam 
= de bo qua. 

S Math 0 Math 

fCX)M-(20)bin(^ f(X)M-CC20)+l) 


Cac em khong thay su doi dau tu am sang duong hay 
nguoc lai do do vdi m=20 thi phuong trinh khong co 
nghiem nen loai A khoanh B. 

Tuy each nay dai ap dung cho dang nay vi no co cong thiic 
roi nhung no lai ap dung duoc cho moi bai dang nhu the 


0 Math 

K F >:k> 

-1.51 -I 
“I.3DB - DL DUE 
-i.nm 

0.I60254037S 


0 Math 

k f 

-I.30B -D.DME 

tm 

-0.3933932S22 


0 Math 

H F CHJ 

-1.51 -I 
-I.30B -Dj3B1 
-I.DMI HfnSV 

-1.179491924 

0 Math 

K F (H.H 

-D.IBS -3.35B 
-D.533 -E.EE5 
-D.BEI STffk 

-10.9939S997 
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nay ma khong co cong thiic. 

Cau 7: Tim tat ca cac gia tri cua tham so m de phiro'ng trinh cos2x-2cosx+m + 2 = 0 co 
nghiem? 

A, —5 <m< —0,5 B. m > — 1 C. m < — 5 D. 0,5 < m < 5 

Hu'6'ng din 

Dang nay m o' dang bac 1 cac em de dang co lap dirge m, each 2 muc tieu cac em dira ve dang 
/ (x) = m tir do de phiro'ng trinh co nghiem thi Min f(?c) <m< Max f{x) kien thixc nay cac em se 

hoc trong chiromg trinh 12. Tir do chung ta quy ve bai toan tim max-min thong thircmg do do 
dung Table la xong. 

cos 2x—2cosx + m + 2 = 0 —> m = 2cosx—cos 2x — 2 


K 

- 3 . mi 

a 

Mscth 

B 

K 

-I.3DB 

0 

F (KJ 

- 2 .Big 


3 

-i.rnn 

-a .bit 

-M .232 

ID 

-5 

-D.1B5 

-D.5B5 


Vay chung ta khoanh dap an A. 


Cau 8:Tim m de phiro'ng trinh sau co nghiem 2777(cosx + sinx) = 2m 1 + cosx-sinx + — 



Hu'6'ng din tvr luan: 



2 * 3 


PT <=> (2tt 7 +1) sin x +(2777 -1) cos x = 2t77 + 


( 

De phiro'ng trinh da cho co nghiem, ta phai co: (2m +1) 2 + (2777 - 1) 2 > 2 m 2 + ■ 




<=> (4 777 2 — l) 2 < 0 <=> (4 777 2 —1)2 = 0 <=> 777 : = ± 


2 



Casio : Cach 1 dung SOLVE 
Bu'6'c 1: Nhap PT thay m=Y 

in (mi [s^di [ti |cos[ (ma] m m [+i [sini [alphai m m m r ri f2i ialphai [s^di [x^i i+i m pha] m m 
Hf^iMimmmmRrsim 
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0 Math ▲ 0 Math A 

2Y(cos(X)+sin(X* *0-siri(X)+1.5)l 


Birac 2: Cac em cho m = ~ roi tien hanh Solve xem co nghiem khong 
HD [CALCl fOl R [5l {=} f=1 

M 0 Math A M 0 Math A M 


2Y(cos(X)+siri(X* Y? 


Math A M 0 Math A 

2Y(C0SCX,1+SirUXI> 

X= 1.570795557 
0.5 L-R= 0 


Vay la m = i thoa man do do cac em xet Ian lirot m = ~ va cuoi cung chon C 


Bai tap ren luyen 


Mini Test 1: 


Cau 1. Tap xac dinh cua ham so y = sin—2cosv4-x 2 la 

x 


A. R\(-2;2) 


B. [-2;2] 


C. [-2;2]\{0} D. M\{-2,2,0} 


Cau 2. Tap xac dinh cua ham so y = 1 -tan 2x- 


[3 7Z 

kn \ 

\3n kn \ 

_ m , f n kn\ 

„,f3 n 1 

i —+ 


B. IR\^—+— \ 

C. R\^ — +—\ 

D. M \ s ——h k7l f 


~2j 

1 8 2 J 

U 2 J 

1 8 J 


Cau 3. 


Tonggia tri nho nhat va gia tri ldn nhat cua ham so: y-f (x) = cos|^2x + —1 la 


Cau 4. Goi m la gia tri nho nhat va n la gia tri lem nhat cua ham so: y- /(x) = cot|^x + — 
tren > khi do |m + n\ bang 


Cau 5. Xac dinh tinh chan le ham so y = 1 + sinx cos-2x . 

I 2 


A. La ham so khong chan khong le 
C. La ham so chan 


B. La ham so le 

D. Do thi doi xung qua Ox 
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A. HI B.H2 




C. H3 D.H4 




Cau 11. Nghiem phirang trinh cos(2x-10°) = 


A. x = 95 + £360° 

C. -95° + k\ 80° 

(' 

Cau 12. So nghiem phirang trinh tan 3x- 

v 


B. 190°+ £180° 
D. 95°+ £180° 


= V3 trongkhoang (0;2;r) la 


A. 6 B. 3 C. 5 D. 4 

Cau 13. Tong nghiem am Ian nhat va nghiem dirang nho nhat cua phirang trinh 
sin2x = >/3sinx la 


A. - B. - C. — D. 0 

3 6 2 

Cau 14. Phirang trinh tan(3x—10°) + cotx = 0 co bao nhieu diem bieu dien tren dirang tron 
lirang giac? 

A. 0 B. 2 C. 3 D. 4 

Cau 15. So diem bieu dien nghiem phirang trinh V3 sin .v - cosx= V? tren dirang tron lirang 
giac la 

A. 1 B. 2 C. 3 D. 4 
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-s/6 V? 

Cau 16. So nghiem phucmg trinh sin5x-—sinx = —cosx-cos5x trongkhoang (0;;r) la 


, r 

Cau 17. Tong cac nghiem cua phucmg trinh v3sin3x-cos3x + 2sin— = 4 trongkhoang 0; 


a 2 # 

A. — 
3 


c.ii 

9 


Cau 18. Nghiem phucmg trinh cos4x + 12sin 2 x-l = 0 la 
* , _ kic 


A. x — kn 


C. X = — + k7T 
2 


D.H 

3 


D. x=-k2n 


Cau 19. Tong cac nghiem cua phuomgtrinh : cos2x + 3sinx-2 = 0 trongkhoang j la 

a 0 3n 2 k 4n 

A. n B. — C. — D. — 

2 3 3 

(n \ 

Cau 20. Nghiem duomg be nhat cua phuomg trinh sinx-sin —hx +4sin2x = l co dang 

V 2 ) 


— + 7r (a,ieQ);- la phan so toi gian, khi do 
A. a = b — 2 B. a = 2b — 2 


A. a — b — 2 B. a = 2b — 2 C. ab = —2 D. 

q + 3b — 0 

Cau 21. Tong cac nghiem phuo'ng trinh sinx + 4cosx = 2 + sin2x trongkhoang (0;;r) la 


Cau 22. Phucmg trinh co^2x + 5 = 2(2-cosx)(sinx-cosx) khi dat £ = cosx-sinx ta duoc 


A. t 2 + 4^ + 3 = 0 


B. r-3t-4 = 0 C. t 2 -4t-5 = 0 D. / 2 +3^ + 2 = 0 


Cau 23. So gia tri nguyen cua m de ham so y = vl- 772 2 + 2wcosx xac dinh tren doan 0;— la 


Cau 24. Voi 772 < — thi tong GTLN + GTNN cua ham so: y = sin 2 x-4(ra-2)cosx+2ra theo 
tham so m la 


A. 4m 2 —16/72 + 25 B. -4m 2 +20/77-25 C. 4m 


D. 4772-16 
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la ham so le 


71 

2y 

D. -72 + 1 


Cau 25. Tong tat ca cac gia tricua m de ham so y = tmx-2(m 2 -l)sin( x + : 

A. 1 B. 0 C. 72 + 1 

r X JC 

Cau 26. Ham so y = tan —h3cot—, m,ne N* .Co bao nhieu cap (m;n) duong de ham so co chu 
mn * 

ki la 12^r 


A. 13 B. 15 C. 8 D. 9 

Cau 27. Ham so y - sm 2 (^(m 2 -2 }x^ + tt tong binh phuo’ng tat ca cac gia tri nguyen cua m de 


\ 7T 

ham so dong bien tren khoang | 0 ;— 


A. 6 B. 5 C. 10 D. 8 

Cau 28. Phuo’ng trinh sinx + cosxsin2x + ^cos3x = 2(cos4x + sin 3 x) co bao nhieu diem bieu 

dien nghiem tren ducmg tron lugng giac 

A.’ 4 B’ 7 C. 8 D. 5 

Cau 29. Tong binh phuo'ng cac gia tri m<10 sao cho phuo'ng trinh 


l + 2cos 2 2x + ^sin4x-ra = mcos 2x + — 

1 6 


chi co 6 diem bieu dien tren duong tron luong giac 

V vj 

A. 10 B. 4 C 13 D. 5 

Cau 30. Tat ca cac gia tri m de phuo'ng trinh sin s x + cos s x = 2(sin l0 x + cos l0 x^ + mcos2x de 

phuo'ng trinh co 8 diem bieu dien ho nghiem tren duong tron luong giac 


A. — <m< 0 
2 


B. —1 < 772 < 0 


1 1 

C. —2 <m<— D. —2 <m < — 
2 2 


Dap an 


1C 

2B 

3C 

4B 

5C 

6B 

7D 

8B 

9B 

10D 

11D 

12A 

13D 

14D 

15B 

16C 

17B 

18A 

19B 

20C 

21B 

22B 

23B 

24C 

25B 

26B 

27C 

28C 

29B 

30B 


Mini Test 2 


Cau 1: Tap xac dinh cua ham so y = 


tanx 

cosx-1 


la: 


Bikiptheluc.com 


Bf kfp CASIO cong pha Trie Nghiem Toan 


Hotline: 0977.543.462 




LirongGiac 


CASIO EXPERT : Nguyen The Lire - fb: Ad.theluc - Youtube :MrTheLuc95 



Cau 3: Gia tri nho nhat va gia tri Ian nhat cua ham so y = 7-2cos(x+—) lan lirot la: 

4 

A. —2 va 7 B. —2 va 2 C. 5 va 9 D. 4 va 7 

Cau 4: Gia tri nho nhat va gia tri lan nhat cua ham so y = 4>/sinx+3-l lan luat la: 

A. V2 va 2 B. 2 va 4 C. 4^2 va 8 D. va 7 

Cau 5: Gia tri nho nhat cua ham so y = sin 2 x - 4 sin x - 5 la: 

A. -20 B. -9 C. 0 D. 9 

Cau 6: Gia tri Ion nhat cua ham s 6 j; = l-2cosx-cos 2 x la: 

A. 2 B. 5 C. 0 D. 3 

Cau 7: Tim m de phiro-ng trinh 5cosx-/77sinx = ;«+l co nghiem. 

A. m <—13 B. m <12 C. /w<24 D. 777 >24 

Cau 8: Vai gia tri nao cua m thi phirang trinh sin x- m = 1 co nghiem la: 

A. 0<7?2<1 B. 777 <0 C. 777 >1 D. -2< 777 <0 

Cau 9: Phirang trinh lirang giac: 3cotx-73 =0 co nghiem la: 


A. x = — vkn 
6 


B. x = — vkn 
3 


C. x = — vkln 
3 


D. Vo nghiem 


Cau 10: Phuang trinh luanggiac: sin 2 x-3cosx-4 = 0 co nghiem la: 

71 71 

A. x = — + kl7z B. x = —7T + k27i C. x = — + k7i D. Vo nghiem 


Cau 11: Phuang trinh luanggiac: cos 2 x+2cosx-3 = 0 co nghiem la: 
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n 


C. x =— vkln 
2 


A. x = kin B. x = 0 

Cau 12: Phircmg trinh lirong giac: 2cotx->/3 = 0 co nghiem la: 


n , ^ 
x — — + k2n 

J B. x = arc cot — + kn C. x = — + kn 

-71 2 6 

x =-b kin 

6 


Cau 13: Phirorng trinh lirong giac: 2cosx+^2 = 0 co nghiem la: 



n , ^ 

x = —b kin 


3 n 

x — - vkln 


5n . ^ 
x — — + kln 


A. 

4 

3 n . _ 
x = -h kin 

B. 

4 

~3n 

x - -b kin 

c. 

4 

-5 n . _ 
x -b kin 

D. 


L 4 


L 4 


L 4 



, cot X 

Cau 14: Tap xac dinh cua ham so y = — — la: 

cosx 


A. x = —1 -kn 
2 


B. x = kln C. x-kn 

Cau 15: Phirorng trinh lirong giac: ^.tanx-3 = 0 co nghiem la: 


A. x = — + kn 
3 


B. x =-b kin 

3 


Cau 16: Tap xac dinh cua ham so y = - 


1 


C. x — + kn 

6 


la 


smx-cosx 


n 


C. —b kn 

2 


A. xi^kn B. x^kln 

Cau 17: Phirorng trinh: cosx-w = 0 vo nghiem khi m la: 


m <— 1 
m> 1 


B. m> 1 


C. -\<m< 1 


Cau 18: Tap xac dinh cua ham so y = cos Vx la 
A. x>0 B. x>0 C. R 


D. Vo nghiem 


D. x = — + kn 
3 


n . _ 
x = —l- kin 
4 

x = —— + kin 
4 


D. x*k- 


D. x =- 1 -kn 

3 


D. x^— vkn 
4 


D. m < —1 


D. x*0 
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Cau 19: Phirong trinh: sin2x = -^ co bao nhieu nghiem thoa: 0 <x<n 


A. 1 


B. 3 


C. 2 


D. 4 


Cau 20: Phirong trinh: cos 2 2x + cos2x— = 0 co nghiem la: 

4 


a .2 n . 

A. x = ±- vkn 

3 


B. x = ±— + kn 
3 


C. x = ±—Ykrc 
6 


D. x = ±— + kin 
6 


1 —71 71 \ 

Cau 21: Phirong trinh: sinx = — co nghiem thoa — <x< — la: 


A 5tt 7 _ 
A. x = — + kl7T 
6 


u 71 
B. x = — 

6 


C. x = — -vkln 
3 


D. x = 


71 


Cau 22: So nghiem cua phirong trinh sinx+cosx = l tren khoang (0;;r) la 

A. 0 B. 1 C. 2 D. 3 

Cau 23: Nghiem cua phirong trinh lirong giac: sin 2 x~2sinx = 0 co nghiem la: 


A. x-kln 


B. X = k7T 


C. X = — + k-7T 
2 


Cau 24: Tap xac dinh cua ham so y = 1 - S - — la 


cosx 


D. x = — vkln 
2 


A. x^ — -\-kln 
2 


B. X^ — ~Vkn 
2 


C. x^—— + k27T 
2 


D. x^kn 


Cau 25: Phirong trinh nao sau day vo nghiem: 

A. sinx + 3 = 0 B. 2cos 2 x-cosx-l = 0 

C. tan x + 3 = 0 D. 3sin x - 2 = 0 

Cau 26: Tap xac dinh cua ham so y = 2s ? n *t.l la 

1-cosx 

71 ji r 

A. x^kln B . x^kn C. x^ —vkn D. x^ —vkln 

2 2 


Cau 27: Gia tri dac biet nao sau day la dung 
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A. cosx^loi^ — vkn 
2 


71 

B. cosx^OO; c^ — + k7r 
2 


C. cosx^-lo x^-— + k2n 
2 


71 

D. cosx^Oox^— \-k2n 
2 


Cau 28: Phirorng trinh lirgng giac: cos3x = cosl2° co nghiem la: 


• . TV . _ „ , 71 k27T 

A. x = ±—h k27i B. x = ±-h- 


^ -7i k2n 

C. x = — +- 

45 3 


15 45 3 

Cau 29: Nghiem dirorng be nhat cua phirong trinh: 2sin 2 x+5sinx-3 =0 la: 


~ n k27i 

D. x = — +- 

45 3 


A. x = 


71 


B. 


C. x- 


3 TV 


D. x : 


5 71 


Cau 30: So nghiem cua phirong trinh: sin| x + ~ | = 1 voi tv<x<5tv la: 


A. 1 


B. 0 


C. 2 


D. 3 


( 2x 

Cau 31: Phuxmg trinh: sin-60° | = 0 co nhghiem la: 

< 3 


. , 5 7V k37T „ , 

A. x = ±— +- B. x = kTu 

2 2 


C. x =—l- k7i 
3 


~ 71 k37T 

D. x = — +- 

2 2 


Cau 32: Bieu kien de phiro'ng trinh 3sinx+wcosx = 5 vo nghiem la 


A. 


m< — 4 
m> 4 


B. m > 4 


C. m < -4 


D. -A<m<4 


Cau 33: Nghiem cua phirorng trinh: sin x + cos x = 1 la: 


A. x-k27i 


B. 


x - k27i 

x = — + k27i 
2 


C. x- — vk27i 
4 


D. 


71 , ^ 

X = -b k27T 

4 

71 . ^ 

x = - Yk27i 

4 


Cau 34: Tapxac dinh cua ham so v = tan 2x-— la 

1 3) 


. 71 k7l 

A. x* —+— 
6 2 


B. x —— + k7i 
12 


Co x^ — + k7t 
2 


571,71 

D. x^ 1 -k— 

12 2 
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Cau 35: Giai phircmg trinh liro'ng giac: 2cos-^ + >/3=0 co nghiem la: 

A. x = ± — + k 2 n B. x = ±— + kl 7 T C. x = ±— + kAn D. x = ±— + k 4 n 

3 6 6 3 

Cau 36: Phirang trinh lirang giac: cosx-V3sinx=:0 co nghiem la: 

A. x — — + k 2 n B. Vo nghiem C. x~ ——-\-Yln D. x — — + kjr 

6 6 2 


Cau 37: Bieu kien de phirong trinh w.sinx-3cosx = 5 co nghiem la: 

A. m >4 B. - 4 <m <4 C. m>y /34 D. 


m < -4 
m > 4 


Cau 38: Trong cac phircrng trinh sau phirorig trinh nao co nghiem: 

A. V3sinx = 2 B. —cos4x = — 

4 2 

C. 2sinx+3cosx = l D. cot 2 x-cotx + 5 = 0 

Cau 39: Tap xac dinh cua ham so y = tan2x la 


. -71 kn 

A. x*— +— 
4 2 


B. x^— + kn 
2 


~ 7T kjl 

C. x* — + — 
4 2 


D. x^ — Ykn 
4 


Cau 40: Tap xac dinh cua ham so y = -------- la 

sin x +1 


71 3 71 

A. x^— vk27i B. x^k27r C. x^-t-£2;r 


D. X^Tl + klTC 


Cau 41: Tap xac dinh cua ham so y = * ..— la 


smx 


A. X^- V k7l 

2 


B. x & k27T 


C. x ^ 


k7i 


D. x^kTi 


Cau 42: Nghiem cua phiromg trinh luomggiac: cos 2 x-cosx = 0 thoadieukien 0<x<;r la: 


/i 71 

A. x = — 


B. x = 0 


C. X — 71 


D. x ; 
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Cau 43: So nghiem cuaphuang trinh: yfl cos x+ — =1 vdi 0<x<2tt la: 

v. 3 j 


Cau44: Nghiem cua phircmgtrinh liranggiac: 2sin 2 x-3sinx+l = 0 thoadieukien 0<x< — la: 

2 


A st 

. x — — 


B. x = — 


C.x = - 


3 2 6 

Cau 45: Giai phirang trinh: tan 2 x = 3 co nghiem la: 


7t 71 

A. x = -— + k.7T B. x = ±— + kn C. vo nghiem 


D. X = — + k7T 

3 


Cau 46 


: Nghiem cua phirong trinh: sinx.(2cosx->/3) = 0 la: 



x-kn 


X 

ii 


A. 

X = ±— + k27T 

L 6 

B. 

, 71 , 

x = i — b kjc 

L 6 

c. 


x-k2n 


x = ±—b k2ji 
3 


D, x = ±— + k27T 
6 


Cau 47: Phircmg trinh nao sau day vo nghiem: 

A. >/3 sin2x-cos2x = 2 B. 3sinx—4cosx = 5 


C. sinx = cos — D. V3 sinx-cosx = —3 

4 

Cau 48: Phirortg trinh: V3.sin3x+cos3x = -l tirang dircmg vdi phirang trinh nao sau day: 


L 71 ' 

1 

n . L x' 

71 

n .( 71 \ 

1 

• f 7T^ 

1 

3x- 


B. sin 3x + — 


C. sin 3x + — 


D. sin 3x + — 


V 6; 

1“ 2 

l 6 j 

~6 

l 6 J 

> _ ~2 

V 6 , 

~2 


Cau 49: Nghiem dac biet nao sau day la sai 


A. sinx = -lox--b k2?i 

2 


B. sinx = 0ox = kn 


C. sinx = 0ox = A:2;r D. sin x = 1 x = — + kin 

2 

Cau 50: Phiro-ng trinh lirgng giac: V3.tanx+3 = 0 co nghiem la: 
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A. x = — + k7r B. x = -— + k2n C. x = — + k7r D. x = -— + k.7c 

3 3 6 3 

Dap an tham khao 


1C 

2A 

3C 

4D 

5B 

6A 

7B 

8D 

9B 

10D 

11A 

12B 

13B 

14D 

15A 

16D 

17A 

18B 

19C 

20C 

21B 

22B 

23B 

24B 

25A 

26 A 

27B 

28B 

29 A 

30D 

31D 

32D 

33B 

34D 

35D 

36C 

37D 

38C 

39C 

40C 

41D 

42A 

43B 

44C 

45B 

46A 

47D 

48C 

49C 

50D 


Mi 
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Ki thuat giai nhanh To Hop - Nhi Thu-c Newton 


*Cong thirc 


(a + b) n =£c^a n ' k b k = C°a n + cy -1 b + C 2 a n ~ 2 b 2 + ... + C k a n ' k b k +... + C^ab"" 1 + C"b n (1) 


k=0 


Tilth Chat : Khi khai trien nhi thilc (a+b) n ta can de y: 

1.0 ve" phai co n + 1 so hang, trong do dau tien la a n , cuoi cung la b", cac vi trx con lai la 
tich a n ' k b k vdi so" mu cua a giam til n den 0 va so" mu cua b tang til 0 den n sao cho trong 
mdi so hang, tong so mu cua a va b phai bang n tdc la n - k + k = n. 

2.So" hang thd k + 1, ki hieu: T k+1 vdi k = 0, 1, 2,..., n va co dang 

3.He so" trong khai trien (1) co tinh chat doi xdng. 

Chu v: C k =C"“ k va C° = C" =1. 


T ' nk^n-krk 

u,, = C. a b 


Cho a = 1, b = 1 taco: C°+C*+C 2 +...+c;; =2". 

Cho a = 1,b = —1 taco: C°-C 3 +C 2 -C 3 +...+(-l)“c;;=(). 

Cho a = 1, b = x ta co: (l+x) n = C°+C*x+C 2 x 2 +C 3 x 3 +. . ,+C"x n . 

Cho a = l,b = -xtaco: (1—x) n =C°-C^x+Cjjx 2 -C 3 x 3 +.. .+(-l)”C"x“. 

Chu v : 

Doi vdi (l+x) n thi he so" cua x k la C k . 

Doi vdi tich (l+x) n (l+x) m thi he so" cua x k la C k +n va difpc dinh bdi: 

C m + n=E C ^C J m , (i+j=k). 


Doi vdi (a + x m j" thi he so" cua x m k laa nk C k . 

I.Dang toan ve To Hop, Chinh Ho-p 

Cau 1: So nguyen diro-ng n thoa man: 4? -C”^ 1 = 4«+6 

A. 11 B. 14 C. 13 IX 12 

Htrang din 

Cach 1: CALC cac dap an 
Bircrc 1: Nhap bieu thirc 
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CD (BODS 

0 Math 

<CCX-1)-(4X+6)I 


Birox 2: CALC lu'an I u*ot cac dap an 

SEEK!) HE) CD [3 H) fcALcimiTlE 

0 Math A 0 Math ▲ 0 Math ▲ 

XP2-(X+l)C(X-l)i> XP2-(X+l)C(X-m XP2-CX+l)CCX-l)i> 

-6 15 7 

icaEci m m f=i 

0 Math A 

XP2-(X+l)C(X-l)i> 

0 

Vay khoanh D 

Cach 2: Dung Table (khong can biet dap an) 

Bum: 1: Vao Table nhap bieu thux nhir tren 

0 Math 0 Math 

f(X)=MP2-(X+1 )l> fCX)=<1 )-(4X+6) 


Birac 2: Start 1= End 20= Step 1 = (Neu may hoi g(x) thi bam = de bo qua) 
Sau do day con tro xuong (▼) xem bieu thne bang 0 tai dau : 



K 

F 

11 

1 1 

-E 

IE 

IS 

HHHr 

13 

13 

1 


II.Dang toan ve Nhi Thux Newton 


Vi du 1. Tim so hang chua x 40 trong khai trien Niu-tom: x 


, vdi x ^ 0. 
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A. -30 B. -3Ox 40 C. -60 D. -60x 40 

Hirong dSn 


Binh thircrng khi cac em lam theo tg luan 


C 


(4 


= <?,(-2)* 


0<£<15,£eN 


Se phan lap ra phan he so va phan so mu do do ta se sir dung Table de lam nhanh nhir sau: 
Trade het vao Mode 7 sau do cac em phai bat ca /(x),g(x) [shiftI [modeI (▼) [5] [2] 

Cac em nhap phan he so vao /(x) lira y thay k = X 

mm® ms cam©® mil] 

0 Math 

f(X)=C15CX)x(-0^ 


Sau do nhap phan so mu vao g(x) luu y thay x =10 , (neu khong c6 g(x) cac em bam 
(HI @ [5] [2] di bat, con (wt) (|g ® (IF) [T] de tat g(x) ) 

[I)[E(Z)(E(I]E(EQHII][I]®(x][I](l)(i]®CI][o]®[ 2 ](g)(g)(Tidg 

(HI 0(1] 

S Math [3 Math 


Start 0= End 15= Step 1= 

Bay con tro tdi 10 40 d cot g(x} 


1 

2 
3 


K 


□ 

1 

2 


s 

FCKi 

I 

-3D 

U2D 


Math 

■j CJO 

_Ijjh MS 

I a m35 
lx.n40 


Nhir vay cac em dirge he so can tim 30 

Hiro-ng dan thi co ve dai dong nhirng thirc te bam may cac em chi can nher he thirc newton 
trong dau roi nhap vao may thoi. 

Cach nay con tun dirge he sol&n nhdt, he sdnho nhdt, he so khong dura x trong khai trien 
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Vi du 2. Tim he so cua x 4 trong khai trien cua j^x 3 
man £ + Cf 1 + C n „~ 2 = 92. 



(x > 0) biet rang n la so tu nhien thoa 


A. 820 B.1120 C. 560 D. 1792 


Hirdng dan: 

Birdc 1: Tim n A 2 + C"~‘ +C”~ 2 =92 dung Table 


^iiopg f7n [alphai m fsHrri fxi (~2i f+i [alprai m fsHini rFi m [aimi nn r m m ffi iephai m [sHiFri rFi rn iaTpRai 
(3 E) GD CD 0 CID GO 


0 Math 

f(X)=XP2+XCCX-R 


Start? 


End? 


0 Math 


Step? 


19 


K 

FiH) 

n 

-gg 

B 

HHBT 

3 

25 


0 Math 


0 


0 Math 


Cach nay cac em chi can nhap cho dung da mat cong khai trien. 

Bade 2: Tim he so cua x 4 tuang tir nhu VD trade 

Theo cong thde khai trien C k (x 3 f~ k f j khai trien nay co 2 phan : phan he so C*(- 2) k va phan 


s6 mu (x 3 ) 8 


Cac em thay X =10, k = x de thay doi gia tri cua k nhe 

fiODHlf7l 
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Chung ta vua nhin dupe so mu vira thay dupe he so cua no. 

Vi du 3: Tim he so cua so hang chira x 10 trong khai trien nhi thuc Newton cua (2+x) n , biet: 

3 n - 3 n_I cj, + 3 n_2 C 2 - 3 n_3 +...+(- l) n CjJ = 2048 (*) 

(n la so nguyen diro-ng, C„ la so to hop chap k cua n phan tu). 

A. 11 B.-ll C.-22 D. 22 

Hirang dSn: 

Quan trong la cac em xu If bieu thux 3 11 C° -3 n ~ l C l n +3 n_2 C 2 -3 n_3 C 3 + ...+(-l) n C* = 2048 
Xet khai trien: 
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(3-xy =XC3"-*.(-l)*.^ 
o 

= 3 "C° n x°-3 n -'C\xA-y- 1 C 1 n x 2 + ...+(-l)"C>" 

Thay x=l ta dirac: 

3"C° -3 "~ X C\ +3”~ 2 Cl -3”~ 3 C 3 +...+(-l)"C; = 2” 

0 2048 = 2” 

0/7 = 11 

Sau do tim so hang chda x 10 thi cac em lam tirorng tg nhir vi du tren. 
Cau 4: Trong bang khai trien cua nhi thde (x - y ) n , he so cua x 8 y s la: 


A. C* 


b. c: 


ii 


Oo+Co 


D. -C 


11 


"11 

Hirdng dSn 

Be cho do , n gian cac em chon y = 1 bai toan trd thanh tim x 8 trong khai trien (x -1) 1 
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Cau 5 : Tong cac he so nhi thde Niu - ton trong khai trien 2wc+ -- bang 64, 


2 fix 

So hang khong chda x trong khai trien la : 

A. 360 B. 210 C. 250 D. 240 

Hirdng dSn 

Tong he so nhi thde Niu-ton cua (ax + Z/)” la 2” nen cac em ap dung cho bai nay thi ta dirge : 
2 3 ” = 64 —>►« = 2 


Xet khai trien : P = 4x + 


4x 2 


A 6 


cac em dung Table tim so hang x° = 1 
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Phan he so cac em nhap : /(x) = (6 CX) * 4 6 x * j^—j 

0 Math 0 Math 

f«:i=6CXx4 s -*x|> f(»=< M x(|) X | 


Phan so mu cac em nhap g(x) = 10 6 x 

0 Math 0 Math 

gCXMO 6- **^*; g(X)=Vx(-^2-] x 


Start 0= End 6= Step 1= 
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Vay khoanh D. 

Can 6 : Cho khai trien (l+Zx^ao+aix^.-.+anX 11 ; trong do neN*vh cac he so thoa man he thiic 


ao+ — + = 4096. Tim he so Inn nhat. 

2 T 


A. 1293600 B. 126720 

Hifdng dan 


C. 924 


D. 792 


—= 4096 


~~ — f—1 —x —^ x —-^ [ 1 + 2.— ] —4096—^ n —12 


Cac em lam giong nhu tren tuy nhien minh can quan sat he so Ian nhat thoi 
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Bai tap ren luyen 
Mini Test 1: 
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Cau 1: So nguyen dirang n thoa man: Al -C ” + * =4n+6 

A. 11 B. 14 C. 13 D. 12 

Cau 2: Tim so nguyen dirang n thoa man :—+ + = 1 

At C n+ 1 Ai+i 


A. n = 3 


B. n = 6 


C. n = 2 


Cau 3: Nghiem cua phirang trinh C>C,-tC- 2 - 2 C :=0 la 


D. n = 9 


A. x=8 B. x=5 C. x=7 

Cau4: Tong C 2016 + C 2 oi6~*~Coi6 _ ^ - "~*~Coi6 bang: 

A. 2 2016 B. 2 2016 +1 C. 2 2016 -1 

Cau 5: So nguyen dirorng n thoa man: .~f -C]"~‘ = An+6 

A. 12 B. 14 C. 13 

Nhi Thur Newton 


D. x=6 


D. 4 2 


D. 11 


Cau 6. Tim he so cua x 4 trong khai trien cua |^x 3 — (x > 0) biet rang n la so ty nhien thoa 

man A*+C?~ l + C^ 2 =92. 

A. 820 B.1120 C. 560 D. 1792 

Cau 7: Trong bang khai trien cua nhi thirc ( x - j/) 11 , he so cua x s y 3 la: 


A. Cl 


B. Cl 


c c 1 +c 8 

Vjl Mo ' Mo 


D. -C 3 


■"11 Ml 

Cau 8: Tim he so cua x 5 trong khai trien P(x) = (x+1) 6 + (x+1) 7 + ... + (x+1) 12 
A. 1711 B. 1287 C. 1716 D. 1715 

Cau 9 : Tong cac he so nhi thuc Niu - tan trong khai trien bang 64. 

So hang khong chua x trong khai trien la : 

A. 360 B. 210 C. 250 D. 240 
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Cau 10 : Trongkhai trien (x-2) 2a ' 6 = a 0 +a,x+a 2 x 2 +...+ a 20l6 x 2016 . Khi <36 tong 
a a +a x +a 2 +...+a 2m6 bang: 

A.1 B.l C.3 2016 D. 2 2016 

Cau 11 : Cho khai trien (l+2x) n =ao+aix 1 +...+a n x n ; trong <16 ne N* va cac he so thoa man he thnc 

ao+—+...+— = 4096. Tim he so km nhat. 

2 2 " 

A. 1293600 B.126720 C.924 D. 792 

Cau 12: Tim he so cua x 10 trong khai trien |A+^x+lj(3x+l) 10 . 

A. 66.3 10 B. 66.3 10 jc 10 . C. 22.3 9 D. 22.3 9 x 10 . 


ID 

2C 

3C 

4C 

5A 

6B 

7D 

8D 

9D 

10B 

11B 

12C 










Mini Test 2: 

Cau 1. Trong khai trien (x 3 +xyf 5 so hang chinh giira la: 

A. 6435x 31 y 7 B. 6435x 29 y 8 C. 6435x3iy7 V a 6435x 29 y 8 - D.6435x 29 y 7 va 6435x 29 y 8 

Cau 2. Trong khai trien (x-2) 100 = a 0 + a,x‘ +... + tf 100 x 100 

a. He so a 91 la: 

A. 1293600 B. -1293600 C.-2 97 Cf 0 7 0 D. (-2) 98 C, 9 0 8 0 

b. Tong he s6:a 0 + a, + ...+a ]00 

A.1 B.-l C. 2ioo D. 3 100 

c. Tinh tong cac T= a 0 - a x + a 2 - a 3 + ...+ a l00 

A.1 B.-l C.2 100 D.3 100 


Cau 3. Tim so hang khong chua x trong khai trien 



. Biet: C„ 2 C"‘ 2 +2C 2 C 3 +C 3 C"“ 3 = 100 
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A.9 B.8 C.6 D. Khong co gia tri nao thoa ca 

Cau 4. Trong khai trien (^3-%/5) 124 co bao nhieu so hang hum ti 

A. 32 B. 64 C. 16 D. 48 


Cau 5. Tong cac he so trong khai trien 



la 1024. Tim he so chira x 5 . 


A. 120 B. 210 C. 792 D.972 

Can 6.Tim he so chua x 9 trong khai trien 

(l + x) 9 + (l + x) 10 + (l + x) 11 + (l + x) 1 ” + (l + x) 13 + (l + x) U + (l + x) 15 . 

A. 3003 B. 8000 C. 8008 D. 3000 

3 / 

Cau 7. Biet he so cua so hang thu 3 trong khai trien (x 2 >/x + — ) n la 36. Hay tim so hang thu* 8 

x 

A.84x 3 Vx B.9C.3D.Bap an khac. 

x x 

Cau 8. Tim he so co gia tri Ian nhat cua khai trien ( 1 + x 2 J . Biet rang tong cac he so la 4096 
A.253 B.120 C.924 D.792 


Cau 9.Tim so hang chfnh giua cua khai trien (tfx + -r=) 8 ,vai x > 0 

yjx 

I I zl zi „ 

A. 70x* B.70x 5 va56x 4 C.56x 4 D. 7()<Jx.i/x 

Cau 10. Tim x,y sao cho. C* +] ,C 4+1 : C 4 ’" 1 =3.7.10 

A. (3,7) B. (3,2) C. (8,3) D. (7,3) 

Cau 11. Tim x,y sao cho. (A^ +yA'’~l): A ^ 1 : Cf 1 =5:3:7 

A. (3,7) B. (3,2) C. (8,3) D. (7,3) 
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Cau 12. Giai phirang trinh. 


f 2A y x + 5Cy = 90 
~ 2C y x = 80 


nghiem (y,x) la. 


A. (2,5) B. (5,2) C. (3,5) D. (5,3) 

Cau 13. Tong tat ca cac he so cua khai trien (x+y) 20 bang bao nhieu 

A.81920 B.819200 C.10485760 D. 1048576 

Cau 14. Cho A = C„° +5C\ +5 2 C„ 2 +...+5”C„”. Vay 

A. A = 5 n B. A = 6 n C. A = 7 n D. Dapankhac 

Cau 15. Biet C 5 n = 15504. Vay thi A^ bang bao nhieu? 

A.108528 B.62016 C.77520 D.1860480 

Cau 16. Tim so nguyen dirong be nhat n sao cho trong khai trien (l+x) n co hai he so lien tiep 
co ti so la 7/15 

A.22 B.21 C.20 D.23 

Cau 17. Tinh he so cua x 2S y 10 trong khai trien (x 3 +xy) 15 


A.3003 B.4004 C.5005 D.58690 


1C 

2a-B 

2b-A 

2c-D 

3C 

4A 

5A 

6C 

7D 

8C 

9A 

10C 

11D 

12A 
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14B 

15D 

16B 

17A 
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CHUYEN DE XAC SUAT 

I. TOM TAT LY THUYET 

Xet thi nghiem gieo quan xuc sac 6 mat (co the gieo mot con, hai con hoac nhieu quan xuc sac) 
va xet so cham xuat hien, ta co cac khai niem sau day: 

1. Phep thir ngdu nhien 

Phep thin ngau nhien la mot thi nghiem co ket qua mang tinh chat ngau nhien ma ta khong the 
biet chac dupe ket qua se xay ra nhimg co the xac dinh dupe tap hop tat ca cac ket qua co the 
xay ra cua phep thu\ 

Vi du: Viec gieo quan xuc sac la mot phep thin ngau nhien. 

2. Khdng gian mau 

Tap hop tat ca cac ket qua co the xay ra cua phep thin ngSu nhien goi la khong gian mau. Khong 
gian mSu thircmg du'O'c ki hieu la E hoac Q. 

Vi du: Neu gieo mot quan xuc sac thi khong gian mlu E la {1, 2, 3, 4, 5, 6). Neu gieo Ian lirot hai 
quan xuc sac thi khong gian mau E la: 

{(1; 1), (1;2), (1; 3), (1; 4), (1; 5), (1; 6), (2; 1), (2; 2), (2; 3), (2; 4), (2; 5), (2; 6), (3; 1), (3;2), (3; 3), 

(3; 4), (3; 5), (3; 6), (4; 1), (4;2), (4; 3), (4; 4), (4; 5), (4; 6), (5; 1), (5;2), (5; 3), (5; 4), (5; 5), (5; 6), 

(6; 1), (6;2), (6; 3), (6; 4), (6; 5); (6; 6)} 

3 . Bien co 

Moi tap hop con cua khong gian mau la mot bien co. Moi phan tin cua bien co A goi la mot ket 
qua thuan lgi cho A. 

Vi du: Bien co de gieo lan lirot 2 quan xuc sac co tong 5 la: {(1; 4), (4; 1), (2; 3), (3; 2)}. 

4. Cac logi bien co 
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4.1. Bien co sa cap 

Moi phan tu cua khong gian mau la mot bien co so 7 cap. 

Vi du (1; 2) la bien co so* cap 

4.2. Bien co chac chan 

Khong gian mau E con goi la bien co chac chan, tire la bien co luon luon xay ra khi there hien 
phep thii ngau nhien. 

YLdu: Bien co de gieo 2 quan xuc sac co tong Ian han hoac bang 2 va nho han hoac bang 12 la 
bien co chac chan. 

4.3. Bien co khong the 

Bien co khong the la bien co khong bao gia xay ra khi there hien phep ther ngau nhien. Bien co 
khong the ki hieu la 0. 

Vi du: Bien co de gieo 2 quan xuc sac co tong Ian han 12 la bien co khong the. 

4.4. Bien co hcrp 

Bien co AkjB la bien co "it nhat co A hoac B xay ra" goi la hqp cua hai bien co A va B. 

Bien co A i uA 2 ^j...uA k goi la hqp cua kbien co A 1 ,A 2 ,...,A k 

Vi du: Goi A la bien co de gieo Ian lerqt 2 quan xuc sac co tong ldn han 10 va B la bien co de gieo 
2 quan xuc sac co tong nho han 4. 

Khi do bien co AvjB la { (6; 5), (5; 6), (6; 6), (1; 1], (1; 2), [2; 1)} 

4.5. Bien co giao 

Bien co AnB la bien co " ca A va B cung xay ra". 

Bien co A l nA 2 n...nA k la bien co a A i ,A 2 ,...,A k cungxayra" goila giao cua bien co A i ,A 2 ,... r> A k . 
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Vi du: Goi A la bien c6 de gieo 2 quan xuc sac co tong Ion hem 7 va B la bien co de gieo 2 quan 
xuc sac co tong nho hem 10. 

Khi do bien co AnB la {(2; 6), [6; 2), (3; 5), (5; 3), (4; 4), (4; 5), (5; 4); (3; 6), (6; 3)} 

4.6. Bien co xung khac 


Hai bien co A va B goi la xung khac neu khi bien co nay xay ra thi bien co kia khong xay ra, tile 
la AnB^O 


Vi du: Bien co A gieo 2 quan xuc sac co tong lom horn 10 va bien co B gieo 2 quan xuc sac co tong 
nho hem 4 la hai bien co xung khac. 

4.7. Bien co doi 

Bien co doi cua bien co A trong khong gian mau E, kf hieu A la bien co gieo 2 quan xuc sac co 
tong la mot so le. 

4.8. Bien co doc lap 

Hai bien co A va B cua mot phep thir ngau nhien goi la doc lap voi nhau neu sir xay ra hay 
khong xay ra cua bien co nay khong anh hiremg tai sir xay ra hay khong xay ra cua bien co kia. 

Vi du: Khi gieo 2 quan xuc sac, goi A, B la bien co tircrng u*ng de quan xuc sac dau tien va thil hai 
nhan dirqc mat 3. Khi do A, B doc lap vdi nhau. 

5. Tan so cua mot bien co 

So m Ian xuat hien cua bien co A trong n Ian thirc hien phep thn ngau nhien goi la tan so cua 
bien co A (0 < m < n) 

Vi du: Khi gieo 16 Ian mot quan xuc sac ta thay co 2 Ian xuat hien mat luc thi tan so cua bien co 
quan xuc sac xuat hien mat luc la 2 trong 16 phep thir. 

6. Tan so cua mot bien co 
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Ti so giua tan so m cua bien co A va so n lan thirc hien phep thu ngau nhien goi la tan suat cua 


bien co A. Ki hieu / = —. 

n 

Vidu: Khi gieo 16 lan mot quan xuc sac ta thay co 2 lan xuat hien mat luc thi tan suat cua bien 

, , 2 

co quan xuc sac xuat hien mat luc la: / = — = 0,125. 


7. Binh nghia xac suat 

Xac suat cua bien co A la ti so giua so trirang hqp thuan lai cho A va tong so truerng hop co the 
xay ra trong phep thu ngau nhien: 

P(A] = So trucmg hqp thuan lgi cho A 

Tong so truung hup co the xay ra 

Neu bien co A co m phan tu trong khong gian mau E co n phan tu (0 < m < n) thi xac suat cua 
bien co A la: 


P(A) = — = |4 ( |A| la so phan tu cua A,|E| la so phan tu cua E). 
n \E\ 

8. Tinh chat 

Cho mot thi nghiem ngau nhien co khong gian mau E va A, B la hai bien co. 
Khi do 0<P(v4)<l; P(E) = 1; P(0) = 0, A va B xungkhac oAr\B = 0 

9. Quy tac tinh xac suat 
9.1.1. Bien co xung khac 

Cho A va B la hai bien co xung khac. Ta co: P(AnB) = P(A)+P(B ) 

Cho k bien co xung khac A l ,A 1 ,...,A k . Ta co: 


78 
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P(A l uA 2 v...KjA k ) = P(A l )+P(A 2 )+...+P(A k ) 


9.1.2. Bien co doi 

Cho A la bien co doi cua bien co A. Taco: P(A) + P(A) = loP(A) = l-P(A) 

9.2. Quy tac nhan xac suat 

9.2.1. Bien co doc lap 

Cho A va B la hai bien co doc lap vdi nhau. Ta co: P(AnB) = P(A).P(B) 
Cho k bien co doc lap A 1 ,A 2 ,...,A k .T a co: 


P(A fun4) = P(A i ).P(A 2 )....P(A k ) 

9.2.2. Bien co xung khac 

Cho A va B la hai bien co xung khac. 

Taco: (AnB) luonkhongxay ra, nen: P(AnB) = 0 

Ta co A va B xung khac thi A va B khong doc lap nen: 
P(AnB)*P(A).P(B) voi P(A) > 0 va P[B} > 0. 

9.3. Lien he giira quy tac cong xac suat va quy tac nhan xac suat 
Cho A va B la hai bien co bat ki. Ta co: 

P(A uR) = P(A) + P(B) - P(A n B) 

Chuv: Co sach kf hieu giao cua hai bien co A va B la A.B thay cho AnB. 
Giao cua k bien co A J ,A 2 ,...,A k la A l .A 1 ....A k . 

9.4.Sir dung CASIO de tfnh nhanh: hoan vi, to hap, chinh hap 

O' day de tfnh nhanh tren may tfnh cac em lam nhu sau: 
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Be tfnh C k n -> nCk , Vi du Cf 0 thi cac em nhap: 

ElESOli 

0 Math A 

10C3 

120 

Be tfnh giai thira thi cac em bam nhir sau: 10! 

mfoimiF) 

0 Math A 

10 ! 


Be ti'nh chinh hop A* 0 thi cac em bam nhir sau : 

rn foi [sHiFTi ixi m f=i 

0 Math A 

10P3 

720 


Vi du mSu 


Vi du 1: Hai hop chu-a cac qua cau. Hop thu nhat chu-a 3 qua do va 2 qua xanh, hop thu- hai chua 
4 qua do va 6 xanh. Lay ngau nhien tir m6i hop mot qua. Tinh xac suat sao cho: 

a. Ca hai qua deu do 

A. 0,24 B.0,42 C.0,26 B.0,62 

b .Hai qua cimg mau. 

A.0,28 B.0,48 C.0,84 B.0,82 

c.Hai qua khac mau. 

A. 0,25 B.0,26 C.0,62 B.0,52 
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Hir&ng ddn 

Goi A: " Qua lay tu* hop thu* nhat mau do"; 

B: " Qua lay tu* hop thu hai mau do". 
Ta thay A va B doc lap. 


a) Cantmh P(AnB). Taco P(Ar\B) = P(A).P(B) = |.A = o,24. 


b) Can tmh xac suat cua: C = (HnR)u(HnR) 


Do tmh xung khac va doc lap cua cac bien co, ta co: 
P(C) = P(A)P(B) + P(A)P(B) 


c) Can tfnh P(C). Taco: P(C) = l-R(C) = l-0,48 = 0 ? 52. 

Vi du 2: Mot hop dung 12 vien bi, trong do co 7 vien mau do va 5 vien mau xanh. Lay ngSu 
nhien m6i Ian 3 vien bi. Tfnh xac suat trong 2 truang hap sau: 

a. Lay dirge 3 vien bi do. 


A. 


_7_ 

44 




b. Lay dirge it nhat 2 vien bi do. 


A. 


7_ 

44 


Hit&ng ddn 


a) 



1 _ 

44 



C 3 C 1 C 2 

b) 

j r- 3 /-3 

'“'12 ^12 


1 _ 

11 



D. 


1 _ 

33 



Vi du 3: Cho 8 qua can co trong lirgng Tan lirgt la: 1kg, 2kg,..., 8kg. Chon ngau nhien 3 qua can. 
Tfnh xac suat de trong lirgng 3 qua can dirge chon khong qua 9 kg. 
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Hir&ng dan 

Goi A la bien c6 chon dirge 3 qua can co tong trong lirgng khong virgt qua 9 kg. 
^ = {(k 2,3); (1,2,4); (1,2,5); (1,2,6); (1,3,4); (1,3,5); (2,3,4)} 


=>P = - 


C 8 


Vi du 4: Cho tap hgp E = {0,1,2,...,9}. Lay ngau nhien ra 2 ph'an tir cua E. Tim xac suat de 2 so lay 
ra deu chan va tong cua chung nho han 7. 


Hir&ng ddn 

Goi A la bien co de 2 so lay ra deu chan va co tong nho ho-n 7. 


^ = {(0,2);(0,4);(0,6);(0,8)} 

^p=4=- 

Co 45 

¥1 du 5: Mot khach san co 6 phong do , n. Co 10 khach den thue phong, trong do co 6 nam va 4 
nd. Ngirdi quan ly chon ngau nhien 6 ngircri. Tfnh xac suat de: 

a.Ca 6 ngnai la nam. 


b.Co 4 nam va 2 nu\ 


c.Co it nhat 2 nu\ 
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Hit&ng d&n 

Co tat ca Cj 6 0 each chon ngau nhien. 


a) P = 


C 

v -'i r 


1 

210 


c 4 c 2 


3 

7 


c) 


c 4 c 2 + c 2 c 3 + c 2 c 4 

P — ^6 ^ ^6 ‘^4 ^ ^6 -^4 

'—'in 


37 

42 


Bai tap ren luyen 

Bai 1: Mot doan tau co 3 toa d6 a mot san ga, co 5 khach len tau. Moi hanh khach doc lap vui 
nhau chon ngau nhien 1 toa. Tmh xac suat de moi toa co l't nhat 1 hanh khach len tau. 

A.— B.— C.— D.— 

81 81 81 81 

Hir&ng ddn 

Co tat ca: 3 5 kha nang xay ra. Vi chi xay ra 2 truung hop: (1;2;2) va (1*1;3). 


_ p _ 3C 5 1 .C 4 2 + 3C $ 1 .C;.C 3 3 

3 5 

Bai 2: Mot ngu'cri bo ngau nhien 4 la thu vao 4 bi thu da de san dia chi. Tinh xac suat de ft nhat 
co 1 la thu* bo dung dia chi. 

A.- B.- G- D.- 

8 8 8 8 

Hir&ng dtin 

Co tat ca: 4! = 24 each bo thu vao bi thu. 

Co 4 kha nang xay ra la: 

• Ca 4 la dung dia chi. 

• 3 la dung dia chi. 
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• 2 la dung dia chi. 

• 1 la dung dia chi. 


=> C6:l + C, 3 +C 2 +C: =l + 4 + 6 + 4 = 15=>/> = —=- 

24 8 

Bai 3: Co 30 tam the dirge danh so tir 1 den 30. Chon ngSu nhien ra 10 tam the. Tinh xac suat 
de: 

a. Tat ca 10 the deu mang so chan. 

A.—i— B.—-— C.—D.-A_ 

10005 10006 10005 10007 

b. Co dung 5 the mang so chia het cho 3. 

A. 0,13 B.0,26 C.0,14 D.0,28 

c. Co 5 the mang so le, 5 the mang so chan trong do co 1 so chia het cho 10. 

C.ili D.i“ 

8671 8671 


A. 


108 

8671 


B. 


108 

8670 


Hir&ng ddn 


/'-ill! 

a.R = -^; b.P = 
Qo 


C 5 C 5 

_1CT_20_. 
^10 5 


c 5 c 1 c 4 

n D — ^10’^3-M2 
c ’ r ^10 


Bai 4: Mot may bay co 3 bo phan A, B, C co tam quan trong khac nhau. Gia sw cac bo phan A, B, C 
tiremg ung chiem 15%; 30%; 55% dien tich may bay. May bay bi red neu co 1 vien dan trung 
vao A, hoac 2 vien trung vao B hoac 3 vien trung vao C. Tinh xac suat may bay bi rol neu: 

a. May bay bi trung 2 vien dan. 

A. 0,35 B.0,36 C. 0,3675 D.0,3 

b. May bay bi trung 3 vien dan. 

A. 0,5 B.0,6 C.0,7 D. 0,72775 

Hir&ng ddn 

a) Goi A la bien co: " Co it nhat 1 vien trung A" 
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B la bien co: “ Ca 2 vien trung B” 

=> P(A) = 1 - (0,3+0,55) 2 => P(A) = 1 - (0,3+0,55) 2 
P(B) = (0,3)2 

=> Xac suat may bay rai: P = P(A) + P(B) = 0,3675 

b) May bay khong bi rod khi co: 1 vien vao B va 2 vien vao C. Xac suat cua bien co nay la: 
3(0,3) 2 .(0,55) 2 

=> P(A) = 1 -(0,55) 2 ; P(B) =3.(0,3) 2 .(0,55) 2 
^>P{ may bay ro-i) =l-3.(0,3) 2 .(0,55) 2 =0,72775 

Bai 5: Hai cau thu bong da sut phat den, moi ngirai diro'c sut 1 qua vod xac suat ban tirong u-ng 
la: 0,8 va 0,7. Tinh xac suat de co it nhat 1 cau thu lam ban. 

A. 0,8 B. 0,9 C.0,94 D.0,49 

Hir&ng dSn 

P{ ca 2 da triro-t} = 0,2.0,3 = 0,06 =>P=1- 0,06 = 0,94 

Bai 6: Trong tuan le vu-a qua Thanh pho co 7 vu tai nan giao th6ng. Tinh xac suat de m6i ngay co 
1 tai nan xay ra. 

A. 0,006 B. 0,005 C. 0,004 D. 0,003 

Hir&ng dan 

Co tat ca: 7 7 kha nang xay ra => P = —^ 

Bai 7: Gieo dong thm 3 con xuc sac. Ban la ngirm thang cuoc neu xuat hien it nhat " 2 mat luc". 
Tim xac xuat de trong 5 van chcri, ban thang ft nhat 3 van. 

A. 0,0068 B. 0,0054 C. 0,0042 D. 0,0036 

Hir&ng ddn 


Xac suat thang trong 1 van la: C] 




2 _ 

27 
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Xac suat de thang ft nhat 3 van la: C 5 3 . 




52032 

27 5 


Bai 8: O' mot nirdc co 50 tinh, moi tinh co 2 Dai bieu Quoc hoi. Ngirai ta chon ngau nhien 50 Dai 
bieu tu 100 Dai bieu de thanh lap 1 Uy ban. Tfnh xac suat de trong uy ban co ft nhat 1 Dai bieu 
cua thu do. 


A. 0,7423 B.0,7 C. 0,7324 D. 0,7243 

Hir&ng dSn 

^50 

P = 1-f- = 0,7423 

'“'100 


Bai 9. Boi van nghe cua nha trirang gom 4 hoc sinh lap 124, 3 hoc sinh lap 12B va 2 hoc sinh 
lap 12C. Chon ngSu nhien 5 hoc sinh tir doi van nghe de bieu dien trong ll be giang nam hoc. 
Tinh xac suat sao cho lap nao cung co hoc sinh dirac chon va co it nhat 2 hoc sinh lap 124. 



b.H 

21 



Hir&ng dtin 

Goi khong gian mau cua phep chon ngSu nhien la Q 
So phan tu cua khong gian mSu la: C 9 5 = 126 


D. 


14 

21 


Goi A la bien co "Chon 5 hoc sinh tir doi van nghe sao cho co hoc sinh a ca ba ldp va co ft nhat 2 
hoc sinh lop 12A". 

Chi co 3 kha nang xay ra thuan lai cho bien co A la : 

+ 2 hoc sinh lap 12A, 1 hoc sinh lap 12B, 2 hoc sinh lap 12C 
+ 2 hoc sinh lap 12A, 1 hoc sinh lap 12B, 2 hoc sinh lap 12C 
+ 3 hoc sinh lap 12A, 1 hoc sinh lap 12B, 1 hoc sinh lap 12C 


So ket qua thuan lqi cho bien co A la: C\C\<C\ +C 3 4 .C l 3 .C l 2 = 78. 
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Xac suat can tim la P = — 
126 


13 

21 


Bai 10. Mot hop chua 20 qua cau giong nhau gom 12 qua do va 8 qua xanh. Lay ngau nhien 
(dong thui) 3 qua. Tfnh xac suat de co ft nhat mot qua cau mau xanh. 

46 47 48 49 

A.— B.— C.— D.— 

57 57 57 57 

Hir&ng dSn 

So ph'an tu cua khong gian mau la /?(Q) = C 3 10 


Goi A la bien co "Chon dupe ba qua cau trong do co ft nhat mot qua cau mau xanh" 


— — — C 3 

Thi A la bien co "Chon dupe ba qua cau mau do ”=>n(A) = C? 2 => p(a) = —f 


C 3 46 


Vayxac suat cua bien co Ala P(A) = 1-P(a} = 1 — f- = 


C 20 57 


Bai tap ren luyen 

Quy tac dem 

Cau 1. Cho 6 chu' so 2,3,4,5,6,7. Hoi co bao nhieu so gom 3 chir so dupe lap thanh tu 6 chu so 
do? 

A. 36 B. 18 C. 256 D.216 

Cau 2. Cho 6 chu so 4,5,6,7,8,9. Hoi co bao nhieu so gom 3 chu so khac nhau dupe lap thanh tu 

6 chu so do? 

A. 120 B. 180 C. 256 D.216 

Cau 3. So cac so tu nhien co 2 chu* so ma 2 chu so do la so chin la 

A. 15 B. 16 C. 18 D. 20 

Cau 4. Ban muon mua mot cay but muc va cay but chi. Cac cay but muc co 8 mau muc khac 
nhau, va cac cay but chi cung co 4 mau khac nhau. Nhu the ban co so each lua chon la. 

A. 64 B. 16 C. 32 D. 20 

Cau 5. So cac so gom 5 chu so khac nhau chia het cho 10 la 

A. 3260 B. 3024 C. 5436 D. 12070 
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Cau 6. Co bao nhieu so tu nhien le gom 4 chir so khac nhau (so hang nghin khac 0). Dap so cua 
bai toan nay la 

A. 2240 B. 3280 C. 2650 D. Mot ket qua khac 

Cau 7. Cho cac so 0,1/2,3,4,5. Tir cac chir so da cho ta lap duuc bao nhieu so chia h§'t cho 5, biet 
rang so nay co 3 chir so va 3 chir so do khac nhau tirng doi mot? 

A. 40 B. 38 C. 36 D. Mot ket qua khac 

Cau 8. Cho cac so 1, 5, 6, 7 co the lap duuc bao nhieu so tir nhien co 4 chir so vui cac chir so 
khac nhau: 

A. 12 B. 24 C. 64 D. 256 

Cau 9. Co bao nhieu so tu nhien co hai chir so ma cac chir so hang chuc lun hun chir so hang 
dun vi? 

A. 40 B. 45 C. 50 D. 55 

Cau 10. Co bao nhieu so tir nhien nho hun 100 chia het cho 3 va 2: 

A. 12 B. 16 C. 17 D. 20 

Cau 11. Co bao nhieu so tir nhien co 3 chir so: 

A. 900 B. 901 C. 899 D. 999 

Cau 12. Co bao nhieu so tu nhien co 3 chir so lap tir cac so 0, 2, 4, 6, 8 vui dieu cac chir so do 
khong lap lai: 

A. 60 B. 40 C. 48 D. 10 

Cau 13. Co 10 cap vu chong di dir tiec. Tong so each chon mot nguui dan ong va mot nguui dan 
ba trong bira tiec phat bieu y kien sao cho hai nguui do khong la vu chong: 

A. 100 B. 91 C. 10 D. 90 

Cau 14. Mot nguui vao cua hang an, nguui do chon thirc dun gom 1 mon an trong 5 mon, 1 loai 
qua trang mieng trong 5 loai qua trang mieng va mot nuuc uong trong 3 loai nuuc 
uong. Co bao nhieu each chon thirc dun: 

A. 25 B. 75 C. 100 D. 15 

Cau 15. Tir cac chir so 2, 3,4, 5 co the lap duuc bao nhieu so gom 4 chir so? 

A. 256 B. 120 C. 24 D. 16 

Cau 16. Cho 6 chir so 2, 3, 4, 5, 6, 7. Co bao nhieu so tu nhien chan co 3 chir so lap tir 6 chir so 

doii: 

A. 36 B. 18 C. 256 D. 108 
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Cau 17. Cho 6 chir so 4, 5, 6, 7, 8, 9. Co bao nhieu so tg nhien chan co 3 chir so khac nhau lap 
thanh tir 6 chir so <36: 

A. 60 B. 180 C. 256 D.216 


Cau 18. Ban muon mua mot cay but mge va mot cay but chi. Cac cay but mire co 8 mau khac 
nhau, cac cay but chi cung co 8 mau khac nhau. Hoi co bao nhieu each chon 
A. 64 B. 16 C. 32 D. 20 

Cau 19. So cac so tg nhien gom 5 chir so chia het cho 100: 

A. 4536 B. 9000 C. 90000 D. 15120 

Cau 20. Cho cac chir so 0, 1, 2, 3, 4, 5. Tir cac chir so da cho, lap dirge bao nhieu so chan co 4 chir 
so khac nhau: 

A. 160 B. 156 C. 752 D. 240 

Cau 21. Co the lap dirge bao nhieu so tg nhien gom 5 chu* so khac nhau lay tir cac so 0, 1, 2, 3, 4, 
5: 

A. 60 B. 80 C. 240 D. 600 

Cau 22. Cho hai tap hgp A = {a, b, c, d}; B = {c, d, e}. Chon khang dinh Sai trong cac khang dinh 

sau: 

A. N(A) = 4 B. N(B) = 3 C. N(AuB) = 7 D. N(AnB) = 2 

Cau 23. Co bao nhieu so tg nhien gom 4 chir so khac nhau: 

A. 4536 B.49 C. 2156 D.4530 

Cau 24. Trong mot tuan ban A dg dinh moi ngay di tham mot ngirdi ban trong 12 ngircri ban 
cua minh. Hoi ban A co the lap dirge bao nhieu ke hoach di tham ban cua minh (Co the 
tham mot ban nhieu Ian). 

A. 7! B. 35831808 C. 12! D. 3991680 

Cau 25. Trong mot tuan ban A dg dinh moi ngay di tham mot ngircri ban trong 12 ngircri ban cua 
minh. Hoi ban A co the lap dirge bao nhieu ke hoach di tham ban cua minh (tham mot 
ban khong qua mot Ian) 

A. 3991680 B. 12! C. 35831808 D. 7! 

Cau 26. Cho cac so 1, 2, 5, 7, 9 co bao nhieu each chon ra mot so gom 3 chir so khac nhau tir 5 
chir so da cho: 

A. 120 B. 256 C. 60 D. 36 


C4u 27. Cho cac so 1, 2, 3,4, 5, 6, 7. So cac so tg nhien gom 5 chir so lay tir 7 chu* so tren sao cho 
chir so dau tien bang 3 la: 
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A. 7 5 B. 7! C. 240 D.2401 

Cau 28. Co bao nhieu each sap xep 3 nu sinh, 3 nam sinh thanh mot hang doc sao cho cac ban 
nam va nir ngoi xen ke: 

A. 6 B. 72 C. 720 D. 144 

Cau 29. Tu thanh pho A den thanh pho B co 3 con dubng, tir thanh pho A den thanh pho C co 2 
con duerng, tir thanh pho B den thanh pho D co 2 con dubng, tir thanh pho C den thanh 
pho D co 3 con dircmg. khong co con dubng nao noi tir thanh pho C den thanh pho B. 
Hoi co bao nhieu con dircmg di tir thanh pho A den thanh pho D: 

A. 6 B. 12 C. 18 D. 36 

Cau 30. Tir cac so 1, 3, 5 co the lap dirge bao nhieu so tir nhien co cac chu so khac nhau: 

A. 6 B. 8 C. 12 D. 15 

Cau 31. Co bao nhieu so co 2 chir so, ma tat ca cac chir so deu le: 

A. 25 B. 20 C. 30 D. 10 

Cau 32. So dien thoai b Huyen Cu Chi co 7 chu* so va bat dau bai 3 chu* so dau tien la 790. Hoi o' 
Huyen Cu Chi co toi da bao nhieu may dien thoai: 

A. 1000 B.100000 C. 10000 D.1000000 

Cau 33. Co bao nhieu so tir nhien gom 5 chir so ldn horn 4 va doi mot khac nhau: 

A. 240 B. 120 C. 360 D. 24 

Cau 34. Tir cac so 1, 2, 3 co the lap dirge bao nhieu so khac nhau va m§i so co cac chir so khac 
nhau: 

A. 15 B. 20 C. 72 D. 36 

Hoan Vi - Chinh Hgp - To Hop 

Cau 35. Mot lien doan bong ro co 10 doi, moi doi dau v&i moi do khac hai lan, mot lan o' san nha 
va mot lan cr san khach. So tran dau dirge sap xep la: 

A. 45 B. 90 C. 100 D. 180 

Cau 36. Gia su ta dung 5 mau de to cho 3 nude khac nhau tren ban do va khong co mau nao 

dugc dung hai Fan. So cac each de chon nhung mau can dung la: 

51 51 

A. — B. 8 C. — D. 5 3 

2! 3!2! 

Cau 37. So tarn giac xac dinh bdi cac dinh cua mot da giac deu 10 canh la: 

A. 35 B. 120 C. 240 D. 720 
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Cau 38. Neu tat ca cac duung cheo cua da giac deu 12 canh dirge ve thi so ducrng cheo la: 

A. 121 B. 66 C. 132 D. 54 

Cau 39. Neu mot da giac deu co 44 ducmg cheo, thi so canh cua da giac la: 

A. 11 B. 10 C. 9 D. 8 

Cau 40. Sau btra tiec, m8i ngiroi bat tay mot lan vai moi ngirai khac trong phong. Co tat ca 66 
Fan bat tay. Hoi trong phong co bao nhieu nguai: 

A. 11 B. 12 C. 33 D. 67. 

Cau 41. So tap hgp con co 3 phan tu cua mot tap hgp co 7 phan tu la: 

A. C 7 3 B. A 3 C. — D. 7 

3! 

Cau 42. Ten 15 hoc sinh dirge ghi vao 15 ta giay de vao trong hop. Chon ten 4 hoc sinh de cho di 
du lich. Hoi co bao nhieu each chon cac hoc sinh: 

A. 4! B. 15! C. 1365 D. 32760 

Cau 43. Mot hoi dong gom 2 giao vien va 3 hoc sinh dirge chon tir mot nhom 5 giao vien va 6 
hoc sinh. Hoi co bao nhieu each chon? 

A. 200 B. 150 C. 160 D. 180 

Cau 44. Mot to gom 12 hoc sinh trong do co ban An. Hoi co bao nhieu each chon 4 em di true 
trong do phai co An: 

A. 990 B. 495 C. 220 D. 165 

Cau 45. Tir mot nhom 5 ngucri, chon ra cac nhom it nhat 2 nguai. Hoi co bao nhieu each chon: 

A. 25 B. 26 C. 31 D.32 

Cau 46. Mot da giac deu co so ducmg cheo gap doi so canh. Hoi da giac do co bao nhieu canh? 

A. 5 B. 6 C. 7 D. 8 

Cau 47. Mot to gom 7 nam va 6 nir. Hoi co bao nhieu each chon 4 em di true sao cho co it nhat 2 
nu? 

A. (C 7 2 +C 6 5 )+(^+C 6 3 ) + C 6 4 B. (c 7 2 .c 6 2 )+(c;.c 6 3 )+c 6 4 


c c 2 


D. Dap so khac 


Cau 48. So each chia 10 hoc sinh thanh 3 nhom lan lugt gom 2, 3, 5 hoc sinh la: 


r 2 +r 3 +C 5 

Mo T M« T Mo 


B. 


y^r 2 

OlO-Cg .c 5 


c 2 +c 3 +c 5 

Mo ' M 


D. 


C 5 a-C +c 
Mo ^5 ' ^"2 


Cau 49. Trong cac cau sau cau nao sail 
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A _W1 

^14 “ ^14 


T3 /^>3 , >or4 _^»4 

13. ^ 1Q -t-O 10 — <- n 


C. C 4 ° +C‘ +C 2 +Cl +C 4 4 = 16 


n c +c =r 5 

■ Mo T Mi Hi 


Cau 50. Mu-6-i hai duo-ng thing co nhieu nhat bao nhieu giao diem? 
A. 12 B. 66 C. 132 

Cau 51. Cho biet C"~ k = 28. Gia tri cua nvak Ian luot la: 


A. 8 va 4 


B. 8 va 3 


C. 8 va 2 


D. 144 


D. Khong the tim dircrc 


Cau 52 


Co tat ca 120 each chon 3 hoc sinh tir nhom n (chua biet) hoc sinh. So n la nghiem cua 
phu-ang trinh nao sau day? 

A. n[n + l)(n + 2) = 120 B. n(n + l)(n + 2) = 720 


C. n[n - l)(n - 2) = 120 


D. n{n - l)(n - 2) = 720 


Cau 53 


Cau 54, 


Tir 7 chir so 1, 2, 3, 4, 5, 6, 7 co the lap dirge bao nhieu so co 4 chir so khac nhau? 

A. 7! B. 7 4 C. 7.6.5.4 D. 71.61.51.4! 

So each chon mot ban chap hanh gom mot trirdng ban, mot pho ban, mot thir ki va mot 
thu quy dugc chon tir 16 thanh vien la: 


B.H1 


D. — 

12! 


Cau 55 


Cau 56. 


Cau 57 


Cau 58 


Cau 59 


Trong mot buoi hoa nhac, co cac ban nhac cua cac truung dai hoc tir Hue, Da Nang, Quy 
Nho-n, Nha Trang, Da Lat tham du. Tim so each xep dat thir tir de cac ban nhac Nha 
Trang se bieu diln dau tien. 

A. 4 B. 20 C. 24 D. 120 

Ong va ba An cung co 6 dira con dang len may bay theo mot hang doc. Co bao nhieu 
each xep hang khac nhau neu ong An hay ba An dung a dau hoac cuoi hang: 

A.720 B.1440 C. 20160 D.40320 

Co bao nhieu each xep 5 sach Van khac nhau va 7 sach Toan khac nhau tren mot ke sach 
dai neu cac sach Van phai xep ke nhau? 

A. 51.7! B. 2.51.7! C. 5!.8! D. 12! 

Tir cac so 0,1,2,7,8,9 tao dugc bao nhieu so chin co 5 chir so khac nhau? 

A. 120 B. 216 C. 312 D. 360 


D. 360 


Tir cac so 0,1, 2, 7,8, 9 tao ducrc bao nhieu so le co 5 chir so khac nhau? 
A. 288 B. 360 C. 312 D. 600 
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Cau 60. Trong tu sach co tat ca 10 cuon sach. Hoi co bao nhieu each sap xep sao cho quyen thu 
nhat o' ke quyen thu hai: 

A. 10! B. 725760 C. 9! D.9!-2! 

Cau 61. Trong mot hop banh co 6 loai banh nhan thit va 4 loai banh nhan dau xanh. Co bao 
nhieu each lay ra 6 banh de phat cho cac em thieu nhi: 

A. 240 B. 151200 C. 14200 D.210 

Cau 62. Cho mot tap hop co n phan tu. So tap con khac rbng cua no la : 

A. 2n B. 2” +1 C. 2n+l D. 2"-l 


Cau 63. Hoi dong quan tri cua mot cong ty co 10 ngu’b'i. Co bao nhieu each cu mot ban quan tri 

gom: Chu tich, pho chu tich ; thu* ki va 2 uy vien. Biet rang 2 uy vien duac de cu cuoi 
cung va trong ho, khong ai giir 2 chuc vu . 

A. 735 B. 15120 C. 30240 D. Dap an khac 

Cau 64. Cho cac chir so 1, 2, 5, 7, 8, Co bao nhieu each thanh lap ra mot so gom ba chir so khac 
nhau tu* nam chir so tren sao cho so tao thanh nho hom 278 ? 

A. 20 B. 18 C. 45 D. 36 

Cau 65. Co bao nhieu so tu* nhien co 5 chir so, trong do co chir so each deu chu* so dirng giira thl 
giong nhau ? 

A. 450 B. 900 C. 270 D. 504 

Cau 66. Co bao nhieu each sap xep 3 n u sinh, 3 nam sinh thanh mot hang doc sao cho cac ban 
nam ngoi canh nhau: 

A. 6 B. 72 C. 720 D. 144 

Cau 67. Mot doi xay dirng co 3 ky sir, 7 cong nhan, lap to cong tac co 5 ngircri. Hoi co bao nhieu 
each lap to cong tac gom 1 ky sir lam to trirang, lcong nhan lam to pho va 3 cong nhan 
to vien 

A. 360 B. 120 C. 240 D.420 

Cau 68. Co bao nhieu so tu* nhien co 7 chir so khac nhau tung doi mot, trong do chir so 2 dung 
lien giua hai chu so 1 va 3 

A. 3204 B. 2942 C. 7440 D. Dap an khac 

Cau 69. Mot nhom hoc sinh gom 7 nam va 5 nu. Hoi co bao nhieu each chon 3 hoc sinh (co ca 
nam va nu) len bang giai bai tap 

A. C\C] + C]C\ B. C 7 2 Cj + C 7 2 C 5 2 
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c. c‘c s 2 + C]C\ D. C] - (c\cl + c 7 2 c‘ ) 

Cau 70. Xep ngSu nhien 3 hoc sinh nam va 2 hoc sinh nu thanh mot hang ngang. Hoi co bao 
nhieu each xep neu hai ban nu dung canh nhau 

A. 2!.3! B. 5! C. 2.21.3! D. 4.21.3! 

Cau 71. Mot hop dung 4 bi do, 5 bi xanh, 7 bi vang. Hoi co bao nhieu each lay duuc 3 vien bi 
trong do chi co 2 mau 

A. 371 B. 203 C. 217 D. Bap an khac 

Cau 72. Cho da giac deu n dinh, «e N,n>3. Tim n biet rang da giac do co 135 duungcheo 
A. « = 15 B. n = 21 C. h = 8 D. h = 18 

Cau 73. Mot hop chua 20 qua cau trong do co 12 qua do, 8 qua xanh. Hoi co bao nhieu each lay 
duuc 3 qua trong do co it nhat 1 qua xanh 

A. 900 B. 920 C. 220 D. Bap an khac 

Cau 74. Mot hop dung 8 bi xanh va 4 bi do. Hoi co bao nhieu each lay ra duuc 3 bi cung mau 
A. 60 B. 360 C. 224 D. 8064 

Cau 75. Mot doi bong chuyen nam truung Bach Bang co 12 hoc sinh gom 7 hoc sinh K12, 5 hoc 
sinh Kll. Trong 1 tran dau, huan luyen vien can chon ra 6 ban, trong do co it nhat 4 ban 
K12. Hoi co bao nhieu each. 

A. 495 B. 924 C. 462 D. Bap an khac.. 

Cau 76. Co 8 ban nam va 8 ban ntr xep thanh 1 hang doc, hoi co bao nhieu each xep 
A. 64 B. 16 C. 16! D. 8!.8! 


Cau 77. So cac to hup chap k cua mot tap hup gom n phan tu (1 < k < n ) 

A- C,:=-A- B. C,:=A D. C k n = ^inz3i 

(n-k)\ k! ( n-k )\! n\ 

Cau 78. So nguyen diro'ng n thoa man: 4 ^ -3 Cl =15-5 n 

A. n = 5\n = \2 B. n = 5;n = 6 C. n = 6 D. n = 6;n = 12 

Cau 79. So nguyen dno'ng n thoa man: 3C* +1 -3J^ =52(«-l) 


A. 16 B. 15 C. 14 D. 13 

Cau 80. So nguyen duong n thoa man: 4 ? - =4n+6 

A. 12 B. 11 C. 13 D. 14 
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Cau 81. Trong hop km dung 2 bi do, 5 bi trang, 7 bi vang. Hoi co bao nhieu each lay ra 4 vien bi 
co du 3 mau. 


A. C\C]C^ +ClC\C\+C\C\C] 


B /~i\ /~i\ yor2 .or2^nrl y^rl s~As~i\ 
■ v -'7 .^2^5 ^—■"7 


C. C°C 2 C 2 +ClC\C) +c\c\c\ 


D. C\C\C] +C\C\C\+C\C]C' 1 


Cau 82. Tim n biet C‘ +1 +3C 2 +2 = C 2 +l 


A. 16 


B. 2 


C. 12 


D. 9 


Cau 83. Mot to co 15 hoc sinh trong do co 9 nam, 6 nO'. Hoi co bao nhieu each chia to thanh 3 
nhom sao cho mQi nhom co dung 3 nam va 2 nu\ 


A ^3^r2^r4^3 


O sii s~i2s-^2 

o. C- 9 L. 6 C 9 C 6 


f r>5 

Vjl M5^10^5 


d. c;clclc; 


Cau 84. Dung sau chir so 1;2;3;4;5;6 de viet cac so tir nhien gom 4 ch£r so khac nhau.Cac so ma 
trong do bat dau bang 12 la : 

A. P A B. A 4 2 C. Cl D. 4 

Cau 85. Mot hop kin dung 6 bi xanh va 4 bi do co kich thunc va trong lirong khac nhau. Hoi co 
bao nhieu each lay ra 5 bi trong do co 3 bi do 

A. 60 B. 720 C. 54 D. Dap an khac 

Bang dap an 


l.D 

2.A 

3.D 

4.C 

5.B 

6.A 

7.C 

8.B 

9.B 

10.C 

11. A 

12.C 

13.D 

14.B 

15. A 

16.D 

17. A 

18.A 

19.B 

20.B 

2 l.D 

22.C 

23.A 

24.B 

25.A 

26.C 

27.D 

28.B 

29.B 

30.D 

31. A 

32.C 

33.B 

34.A 

35.B 

36.C 

37.B 

38.D 

39.A 

40.B 

41.A 

42.C 

43.A 

44.D 

45.B 

46.C 

47.B 

48.B 

49.D 

50.B 

51.C 

52.D 

53.C 

54.D 

55.C 

56.B 

57.C 

58.C 

5 9. A 

60.B 

61.D 

62.D 

63.B 

64.A 

65.B 

66.D 

67.D 

68.C 

69.C 

70.D 

71. A 

72.D 

73.B 

74.A 

75.C 

76.C 

77.B 

78.B 

79.D 

80.A 

81. A 

82.C 

83.D 

84.A 

8 5. A 
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Day So - Cap So Cong - Cap So Nhan 


I.Ly thuyet can nam 


l.Day so 

Dinh nghfa ; Day so la ham so voi doi so la so tir nhien 

u : N* —»R 


n i ->u(n) 

Day so tang , day so giam 

• (u n ) la day so tang o u n+l > u n , Vn e N* 

<=> u n+l -u n > 0 ,\/ne N* 

o^->l, (u >0 ,V«eN’) 

K ’ 

• ( u n ) la day so giam <=> u n+l <u n , V«gN* 

o u n+l -u n <0,\/neN* 

O^-cl, (m„>0,V«€N‘) 
u n 

Dayso bi chan 

• (M„)ladaysobichantren o3MeR: u„<M , V/?eN*. 

• (w„)la day sobi chan dirdi o3me8: u„>m , VweN*. 

• («„)la day so bi chan «3w,MeR: m<u n <M, Vue N*. 


2.Cap so cong 

Dinh nghfa: Day so (m„ ) la cap so cong <=> u n+l = u n +d , Vn e N* 
d la so khong doi, goi la cong sai cua cap so cong. 

So hang tong quat: u n = «, +(n-\)d , (v«>2 , nsN'). 

Tinhchat: u k = Uk ~' + ^ k+i ,(V/i>2,iieN‘). 


Tong n so hang d'au tien : 


S„ -u l +u 2 + ...+u ll 


»(«!+»„) 

2 


n[2w, +(k-1)c?] 
- 


3.Cap so nhan 

Dinh nghfa: Day so (wj la cap so nhan « n+1 = u n -q , (V« elf) 

q la so khong doi, goi la cong boi cua cap so nhan . 

So hang tong quat: «, = , (v«> 2 , n e N*). 

7Yn/i chat: u\ = m h .w t+1 , (Vfc > 2, k e N*). 


Tong n so hang d'au tien: 


S n = u l + u 2 + „.+u n = 


= Wj + w 2 + ...+w n 


l-q 


khi # = 1 
khi q^l 
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Il.Vf du m5u 

Cau 1: Trong cac day so (u n ) sau, day so nao tang? 


A- K=[\ 1 B. C. u 

J n+l 

Hiring dan 

? •> \ u 

Be kiem tra tang hay giam cac em chi can xet ti so —— 


D. u„ = 


n + \ 


Nhap bieu thiTc sau do CALC n=10 
Bap an A 

0 IS) 11] ® II] ® CD © H CD (±) Q] CS> S CD ® Cl] ® CS DD © H C3 

0 Math ▲ 

(l) x+1 -(S) x 


IcaEcI m fol f=1 

0 Math A 

2 

3 

Bap an B 

0 Math A 

X+l . X 

CX+1)+1 ' K+ll 


fCALCl f=l fs^Dl 

0 Math A 

X+l ■ X 
(K+1J+1 ' X+I 

1.008(3) 

Vay khoanh dap an B dung. 

Cau 2: Cho tong A(w) = l 2 + 2 2 +... + n 2 . Khi do cong there cua S(n) la 
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>( 2n+l > «s(„)=2±1 cs(„).&-- ')( 2 ” +,) p.s(„)="' (2 ” + ') 

Huong dSn 

Day so nay dung vdi n rat ldn thi cung se dung tdi n=100 

X=100 


Tasetinh 5(100)= £ + 


X=1 


@®®Q]®®(T](5)|T]Io][o](D 

0 Math A 

zV) 

338350 


Sau do xet hieu vdi cac dap an 
(shIftI IroI F)j 


Aris*A 


0 Math A 


338350 

h e b (a m [a [a m m ce ei (B m m m ii] (?) m ei to) E] (1) m ® © (=] 


0 Math A 

lQQtlQQ+1) (2x t 

0 

Vay khoanh dap an A 

Cau 10: Tmh tong 5(fl) = l.l!+2.2!+.+ 2007.2007!. Khi do cong thuc cua 5(w) = 

A 2007! B. 2008! C. 2008!-1 D. 2007!-1 

Huong dSn 

Khi bieu thuc dung veri mot so 1cm nhu vay thi no cung dung vdi so nho, & day ta se thay 
■5(7) = 1.1!+... + 7.7! ta tinh tong nay bang may tinh 

is5FTirawmi^wmm(Fi(T)m(A)r7iiHi 

0 Math A 

£ (XxX!) 

40319 
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Xet hieu vai cac dap an 

@©0 lllOBKIESElHQltlli 

0 Math A 0 Math A 

Ans*A A-(8!-l) 

40319 0 

O’ day anh thu- luon dap an C dung: S( 7) = 8!-l 

Cau 2: Xac dinh x de 3 so l-x,x 2 ,l+x lap thanh mot CSC. 

A. Khong co gia tri nao cua x B. x=2 hoac x= -2 C. x=l hoac -1 D. x=0 

Hiring d&n 


De 3 so tao thanh cap so cong thi 


: d = x 2 - (1 - x) = (1 + x) - x 2 O 2x 2 = ft + '0 + ' x = +1 


Cau 5: Biet day so 2, 7, 12, ...,xia mot cap so cong. Tim x biet 2+7+12+...+* = 245 
A. * = 45 B. * = 42 C. * = 52 D. * = 47 

Hu-o-ng dSn 

Cac em vietlai congthirc tongquat cua day u n —u l +(n-\)d = 2 + 5(n-l) neu coi 

V Y + 3 

x = u„=Y-^n = -- 

" 5 

Cac em nhap vao may tinh de tinh tong 


0 Math A 

V+3 

Z C2+5CX-1)) 

V—1 ¥ 


ICALCl f=1 f4] f5l fH] (^) [CALCl [^1 f4] [211=] 


fCALCl (g f4l f71 (=) 


0 Math 

Argument ERROR 

CACD :Cancel 

C4]E►]:Goto 


D 


z 
:■>■:= 1 


0 Math A 

C2+5CX-1)) 

198 


Z 


X=1 


0 Math A 

C2+5CX-1)) 

245 


(Bao 16i cu phap do n <£ N* ) 


Vay khoanh D 
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Bai tap ren luyen 
Mini Test 1 


1. Day so 


Cau 1: Cho day so (w„) xac dinh bdi: m, = -2; u n = 2u n _ t +n 2 , n> 2 . So hang thtr 4 cua day so (w„) 
bang 


A. 0 


B. 93 


C. 9 


D. 34 


ji_ 1,2 

Cau 2: Cho day so ( u n ) vdi u n = —— ; biet u k = — . u k la so hang thu may cua day so da cho? 

n +1 13 

A. Thiiba B. Thunam C. Thusau D. Thutu* 

Cau 3: Chon day so tang trong cac day so co so hang tong quat sau day: 


A. u = 


3« + l 
« +1 


B. = (-1) 2 " C. u m = 1 + (-1)” D. u„ = —£— 

V ’ V ; ” 3n 2 + 1 


Cau 4: Cho day so w„ = (-1)". Chon khang dinh dung trong cac khang dinh sau day? 
A. Day tang B. Day giam C. Bi chan D. Khong bj chan 

Cau 5: Day so u n = —— la day so co tinh chat? 

/7 + 1 

A. Tang B. Giam C. Khong tang khong giam D. Tat ca deu sai 

Cau 6: Trong cac day so (w w ) sau, day so nao bi chan dirdi? 

(I) u n =n 2 -4n+2 , (II) u n =1-2 rf , (III) u n =— — , (IV) u tl =2-3n 

n+l 


A. (I) va (II) B. (II) va (III) C. (I), (III) 

Cau 7: Trong cac day so (u n ) sau, day so nao tang? 


D. (II) va (IV) 


A. u = 


B. u 


n + l 


C. n„ = 


n.(n + 1) 


D. u 


n + l 


Cau 8 : Tinh tong = —+—+— + . 

w 1.2 2.3 3.4 


ft (/7 + l) 


. Khi do cong thuc cua S(n) la? 
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A. S(n) = —^— B.S(n) = — 

V ; n +2 V ' n +1 


C. s(n) = -h- D. S(n) = — 

V } 2n + l V ' 2” 


Cau 9: Cho tong £(/?) = I 2 +2 2 +... + n 2 . Khi do cong there cua S(n) la 

6 2 6 6 
Cau 10: Tinh tong 5(h) = l.l!+2.2!+.+2007.2007!. Khi do congthuc cua 5(h) = 

A 2007! B. 2008! C. 2008!-! D. 2007!- 1 


l.B 

2.B 

3.A 

4.C 

5.B 

A?_ 

7.B 

8.B 

9.A 

10.C 


2. Cap so song 

Cau 1: Cho CSC co m 4 = -12,m 14 =18. Khi do so hang dau tien va congsai la 
A.u l =—20,d = —3 B.u l =—22,d = 3 C.u t =— 2l,d = 3 D.u l =—2\,d = —3 

Cau 2: Xac djnhxde 3 so l-x,x 2 ,l+x lap thanh mot CSC. 

A. Khong co gia tri nao cua x B. x=2 hoac x=-2 C. x=lhoac-l D. x=0 
Cau 3: Trong cac day so sau day day so nao la CSC? 

A.u„ = 3" B.u n =(— 3)” +1 C. =3h+1 D. Tat ca deu la CSC 

Cau 4: Trong cac day so sau day day so nao la CSC? B 


K + i = 2 h „+1 


k =-1 

K,=«*+i 


C. w = n 2 


Dm u =(« + l) 3 


Cau 5: Biet day so 2, 7,12, xla mot cap so cong. Tim x biet 2+7+12+...+x = 245 
A. x = 45 B. x = 42 C. x = 52 D. x = 47 


Cau 6: Cho cap so cong ( u n ) biet n Y + u 3 =1 va u 2 +u A = \2 . Tmh w 20 


A. 48,5 


B. 47,5 


C. 51 


D. 49 


Cau 7: Cho cap so congvdi u x =-15, congsai i = j va S n =u l +u 2 +...+u n = 0 .Timn? 
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A. n = 0 B. n = 0 hoac n = 91 C. n = 31 D. n = 91 

Cau 8: Mot cap so cong co ui =-5 va d=3 thi uis bang: 

A. 27 B. 37 C. 47 D. Bap an khac 

Cau 9: Mot cap so cong co us = 7 va uio= 42 , cong sai d cua cap so cong nay la : 

A. 7 B. 5 C. 3 D. 10 

Cau 10 : Cho cap so congu n = 5n-2 , biet S n = 2576, Tim n ? 

A. 30 B. 31 C. 32 D. 33 

Cau 11: Bo dai 3 canh cua mot tarn giac vuong lap thanh mot cap so cong. Neu canh trung 
binh bang 6 thi cong sai cua cap so cong nay la : 


A. 7,5 


B. 4,5 


C. 0,5 


B. Bap an khac 


Cau 12 : Cho cap so cong (u„ ) biet ( U<) _ _ c . So hang dau ctia cap so cong la : 

t u i3 — + u 6 + a 

A. 1 B. 2 C. 3 B. 4 

Cau 13 : Cho cap so cong (u n ) biet ( U<) _ „ ^ UI. 2 3 _ . Cong sai cua cap so cong la : 

(,u 13 — au 6 + s 

A. 11 B. 2 C. 15 B. 4 


Cau 14: Cho cap so cong vdi m, =-15, cong sai d = \ va S n =u l +u 2 +...+u n = 0 .Timn? 

A. n = 0 B. n = 0 hoac n = 91 C. n = 31 D. n = 91 

Cau 15:Cho tong 1+2+3+.+2017+2016+2015+.+2+1 co ket qua bang: 


A. 4068289 


B. 4086289 


C. 4067298 


B. 4076289 


I. C 2.C 3.C 4.B 5.D 6.A 7.D 8.B 9.A 10.C 

II. C 12.C 13.D 14.D 15.A 


3. Cap so nhan 


Cau 1: Cho CSN co m, =--,m 7 =-32. Khi do q la ? 
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B. ±2 


C.±4 


D. Tat ca deu sai 


Cau 2: Cho CSN co «. =-\;q = —. So —C la so hang thu bao nhieu? 

i 1Q 10 io3 

A so hang thu 103 B so hang thu 104 C so hang thu 105 DBapankhac 

Cau 3: Cho CSN co = 3;q = -2 . So 192 la so hang thu bao nhieu? 

A. so hang thu 5 B. so hang thu 6 C. so hang thu 7 D. Bap an khac 

Cau 4: So hang dau ii x va cong boi q cua cap so nhan ( u n ) biet J M<s ^ la : 

l« 7 =584 


A. u t =5;q = 2 B. z/ 1 =6;q , = 2 C. w,=6;g = 3 D.u l =5;q = 3 

Cau 5 :Xen giua so 3 va so 19683 la 7 so de duuc mot cap so nhan co ui = 3. Khi do us la: 
A.-243 B.729 C.+243 D. 243 

Cau 6 :Trong cac day so sau, day so nao la CSN. 

A.u= — — 1 B.u=—^r C.u,=n + - D.u„=n 2 —— 

n 3 „ n ^n-2 ”3 11 3 


Cau 7 :Cho cap so nhan (u n ) biet 


. A , (u x +u 2 +u 3 =31 


a x + u 3 = 26 


. Gia tri ui va q la: 


k.u x =2\q = 5 hoac u x = 25;q = - 


B. n x =5;q = l hoac u x =25;q = - 


C. u x = 25;q = 5 YiO&C u x =\\q = - 


D. u x = l;q = 5 hoac u x =25;q = - 


Cau 8: Cho CSN co u 2 = -;z/ 5 =16. Tim q va so hang dau tien cua CSN? 


a 11 r, 1 1 

A-?=-; m i =- B. 


C. q = 4, u, = — D. q - -4, u, =- 

H 1 16 H 1 16 


Cau 9: Xac dinh x de 3 so 2x-l; x; 2x+l lap thanh CSN? 


A. jc = ±- 


B. X = ±yj3 C.x = ± 




D. Khong co gia tri nao cua x 
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Cau 10: Cho cap so nhan 2; x; 18 . Ket qua nao dung : 

A. x = 6 B. x=9 C. x=8 D.x = 10. 

Cau 11: Cho cap so nhan -2; x; -18; y. Hay chon ket qua dung: 

A. x = -6; y = 54 B. x = 6;y = - 54 C. x = -6;y = -54 D. x = —10; y = -26 


l.B 

2.B 

3.C 

4.B 

5.D 

6.B 

7.D 

8.C 

9.C 

10.A 

ll.C 











Cac em muon lam nhieu bai tap horn nfra thi truy cap vao http://bikiptheluc.com/sach 
nhe, vi noi dung gom ca 11+12 nen kha nhieu do do bai tap ph'an lap 11 a cuon ca ban 
nay anh da cat vai va day len file online de cac em ren luyen them. 
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Skill Gioi Han - Dao Ham 

I.Ki thuat Casio tinh nhanh Gioi Han 

Chung ta su dung ling dung cua tmh nang CALC, cac em xet vi du sau : 

Vi du 1: Tinh lim ^ + 7 + x ~ 4 _ 
x 3 — 4x 2 +3 


Huang dan 


Buoc 1: Cac em nhap bieu thuc . _t 

' r x 3 -4x 2 +3 

^^if2iamfflf7i(ftmHmRf4i(9)Hf)iH 
f^i r m m m fFi m m 

H Math A 

V2K+7 +X-4 
x3-4^2+3 

Buoc 2: Bam CALC x = x + Ax 

0 

iMci m r r iti roi foi foi m f=i 

0 Math A 

■V2K+7 +X-4 
?^3_4k2 +3 

-0.2666666067 

Buoc 3: Khoanh dap an dung 

0 Mitt, A 

~4 

15 

.-0.2(6). 


Vay tong quat cho bai tinh lim /(x) thi cac em tinh gia tri cua /(x) tai a+0.0000001 
Ngoai ra doi voi dang —cac em co the dung cong thuc Lopital l im ^ x ) = lim — ^ khi 

6 ' & 0 oo & & r x-*, g (x) x-*, g '( x ) 

do no se mat dang —va chi viec tinh - I-—- 1 — - 
0 00 ‘ 


Vi du 2: Tinh lim —— + a -, vdi a> 0 


^ A 2 -a 2 


A. 


■Jla 

Huong dan: 


B. 


•Jla 


c A d —— 

fa -fa 
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Cac em chon luon a=100 ta duac : 


B MathTA 


a Math a 


YTOO^1QO YK-YiQQ+YX- 1QO AClS^A 

Vx 2 -ioo £ i Yk 2 -iqo £ 

0.07071179615 0.07071179615 


A- , 1 

YIxToo" 


a Math A 


O^’O’ 


Vay khoanh dap an A. 

Vi du 3: Biet = — vdi — la phanso toi gian. Tmh tong a+b . 

2n 2 +n-l b b V 5 6 


Huang dan: 

■ 7 yi( vi + 1 ) 

Cac em chon n=100, cac em co the nho cong thuc tmh l+2+3+...+w = —^—- hoac dung 


chiic nang tmh tong cua may tmh 


100 

E (X) 

X=1 


a Math A 


a Math A 


2x100^+100-1 


5050 


Ket qua nay xap xi -~>a+b = 5 cac em muon chrnh xac cao thi cho n to len la duac. 

2017"+6.2018" 

Vi du 4: Tmh / = Inn- 

2015"-2018" 

A. 1 B. -6 C. +oo D. -oo 

Huong dan: 

Day la gioi han chong casio bang each cho he so to, khi cac em cho n la 10 6 se bi Math 
Error, de giai dang nay cac em chi viec giam he so va CALC n=x=100 
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0 

7*+6X8* 


S^-SK 

-6.000001588 


II. Ki thuat tinh nhanh Dao Ham 


Vi du 1 [Tmh dao ham cap 1]: Cho ham so f(x) = -Jx 

V 

bang: 



. Ham so co dao ham f (x) 



B. 1 + 


C. X + --2 

X 


D. 1- 


1 


Huong dan 


B uoc 1: Khoi dong d/dx va nhap bieu thirc can tinh 

(3 

Cac em chon x sao cho ham xac dinh, 6 day anh chon x=2 

0 Math A 

Jh=2l 

Budc 2: Lira gia tri dao ham cua ham tai x=2 vao A 

IshIftI (ro| [<-)] 

0 Math A 

}\x£ 

0.75 

Buoc 3: So ket qua voi cac dap an 

Vay khoanh D. 

0 Math A 

Mi-A) 

0°0’0” 


Vi du 2 [Tmh dao ham cap 2]: Cho ham so y = f(x) =-. Dao ham cap 2 cua ham so 

1 - x 

la: 


A. y" = 


2 

( l -*) 4 



C. y"= 2 + 


(i-x ) 2 


D. 


( i —) 3 


Huong dan 

Cac em su dung each tinh dao ham cap 2 bang Casio nhu sau: 
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y" = — Tinh-^-(/(x)) -»C — (/(x)) ->DSuyra: f"(x) = ——A 

J Ax dx yjKJJ \ x = x dx KJ J \ x = x+omi 7 J w 0.001 


Ap dung vao bai : 


0 Math A 

JL{ =&&±3X )\ K 
dxl 1-X Jlx=P 

3 

(^|DEj(^mf7|Rfy||Timiimiraf^ 

0 Math A 

d -2X2+3X1, 

dxl r^x JI x='A 
2.998002996 

Vay dao ham cap 2 cua ham so tai x=2 la: 

@(S)H@SHH®(SHElCEQI)(=] @11)0 


D-C 


0 Math A 


-+A 


ft- 


(1-2)3 

0°0’10.79” 


O.OOl 

-1.997003993 

Vay khoanh dap an B 

Vi du 3: Cho [(4x-3)>/2x + lJ -Jl x + 1 = mx + n . Tmh A = m — n? 


B. A = 7. 


C. A = 13. 


A. A = 9. 

Hudng dan 

Bieu thuc tren dung voi moi x nen cac em chon x=100 ta duoc : 


D. >4 = 11. 


0 Math A 


0 Math A 


0 Math A 


J ? ((4x-3:i./2Fr> < =inn xJ2xioo+i £((4 x-3)./2>m:!> 


1=100 


da: 


1201 


Vay m = 12,n = l — >m—n = ll 

-V 2 


Vi du 4: Cho 


^ 2x 2 — 3 jc + 5 
x-3 


ax -bx + c 

(*- 3) 2 


. Tinh S = a+b+c ? 
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A. s = 18 . B. s = 0 . 


C. X-10. D. S = 6 . 


Huang dan: 


Nhung dang nay cac em tmh dao ham tai X=100 vi khi cac em tmh tai X=100 no se hien ra 
cac he so cua ham bac 2 vf du nhir 


0 Math A 

2X 2 +3X+4 

20304 


2x 2 - 3x + 5 

r 

\ ax 2 -bx + c 7 7 1 

— _ —S. /Trv“ nv _l_ n — 

f 2 x 2 -3x+5~\ 

x ~ 3 J 

1 

TT 

i 

U> 

\ 

<: 

r 

1 

K X ~3 J 


miiPHAimRfTimf^ii^i 

0 Math A 

d f -2^2-3X+5 
dx l X-3 

18804 



=> tf.100 2 - bAOO+c = 18804 -> a = 2,c = 4 cac em nhin ra dirge ngay a va c, de tim dirge b thi ta 
se mo tu 20 - 12 = 8 do do 


0 Math A 

2X 2 -12X+4 

18804 


Bai tap ren luyen 


Cau 1: Khi tinh gioi han lim —-—ta dirge ket qua la mot phan so toi gian dang 

x ~* 00 3 4 Ixl 


-,aeZ,b eZ,b + 0 . Tinh a + b ? 


A. a + b-5 


B. a + b — — 1 


C. a + b —-3 


D. a + b —7 


Cau 2: Tinh gioi han M = lim 

° ' x —>—1 


x +1 


x -*~ 1 x + l 
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A. M = 1 


B. M= 0 


C. M = 3 


D. M = - 1 


, / s I“v/x—1 + x khi x>\ 

Cau 3: Cho ham so f(x) = < . . . Tim tat ca gia tri cua tham so m de ham 

Uni-3m + 3\x khix<\ 

so lien tuc tren R ? 


A. m = 1; m — —2 B. m = lim = 2 


C. m = -1; m =-2 D. m = —l;m = 2 


Cau 4: Timxbiet - + x + x 2 +... + x”+... = - va Ixlcl 
x 2 


Ml 


B. j--;- 
I 3 3 


c 5 


_ .. vx 2 -x-V4x 2 +l t 

Cau 5: lim---bane: 

2x+3 * 


A. -- 

2 


D. +00 


Cau 6: Biet day so (u n ) thoa man | <j— 5 > 1. Khi do linn/,, bang: 

n 


(2-3«) 3 (« + l) 2 : ^ 

Cau 7: lim--—— bang: 

1-4 n 5 6 


27 

C-— 

4 


Cau 8: Gia tri limf— + —+— + ...+—-— 
1^1.2 2.3 3.4 n{n + \) 


bang: 


Cau 9: Trong cac day so sau, day so nao co gioi han him han? 


D. +00 


A. u =3”+2” 


2 n — 1 In +1 
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c. u»=- 


D. u = \jn 2 +2n — n 


Vn 2 -2-V« 2 + 4 
Cau 10: Dao ham cua ham so y - (4x 3 - 2x 2 - 5x)(x 2 - 7x) 

A. y' = 20x 4 — 120x 3 + 27x 2 + 70x B. y' = 20x 4 -120x 3 -27x 2 -70x 

C. j;' = 20x 4 — 120x 3 — 21x 2 +70 D. y' = 20x 4 -120x 3 -27x 2 + 70x 


Cau 11: Gia tri lim 


A. +oo 


r+2^+3 2 +... + ^ 
2w(6/7 + 5)(w + 7) 


bang: 


B. — 
6 


C. 


D. 


2^6 


Cau 12: Gioi han lim-——(m,n€N*) la 
x — 1 ; 

A. +oo. B. m-n. C. 0. 


D. m + n. 


Cau 13: Gioi han cua day so u n = 


n + n + 2 


_ bang — . Khi do so a bang 

(2« + l) 2 (3»-l) 4 


A. 1. 


B. 


12 


Cau 14: Gioi han liml A+-4-+A+-+ —r- 


A. 

3 


B. 

2 


cJ. 

3 


la 


C. 0. 


D. 

3 


D.l. 


Cau 15: Cho lim (\/x 2 +ax + 5 -x) = 5 . Khi do gia tri cua a la 

X-H-00 \ ) 

A. -6. B. 10. C. -10. 


D. 6. 
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-j2x + l-y/x+5 


Cau 16: Cho ham so f (x) = 

xac dinh. 

A. a = 3. B. a = 2, 


x-4 
(a+2)x 


khi x > 4 


. Tim a de ham so f(x) lien tuc tren tap 


4 


khi x<4 


r 11 

C. a = -. 

6 


D. a =—. 
2 


Cau 17: Cho ham so /(x) = x 3 . Nghiem cua phuong trinh f'(x) - 3. 


A. x = l;x = -l. B. x = 1. C. x = —1. 

ax 2 -h p—|~i / , . 

= —t—. Tinh P = a.b ? 

2 Vx 


A. P = 30. 


B. P = —30. 

C. P = 10. 

Cau 19: Cho 

f^l 

r 

ax-b 

.Tinh £ = —? 


W4x-1 J 

1 (4x-l)v4x-l 

b 

A. £ = -1. 


B. E = 4. 

C. £ = -16. 

Cau 20: Cho j 

f 2x 2 -3x + 5^ 

| ax 2 -bx+c 

, Tinh S = a+b+cl 


^ x-3 

J 

' . (*-3) 2 ' 



A. 5 = 18. B. 5 = 0. C. 5 = 10. 


Cau 18: Cho [(2x 2 -3)^J 


D. x = 3. 


D. P = -10. 


D. E = -A. 


D. S = 6. 


l.A 

2.C 

3.A 

4.D 

5.B 

6.C 

7.A 

8.A 

9.D 

10.A 

11.B 

12.B 

13.D 

14.B 

15.B 

16. C 

17.A 

18.A 

19.A 

20.A 
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Bi Kip Casio Chinh Phuc 7 Ngay 7 Diem 

Version 2017 Ultimate 


I. Gioi thieu 

Chao cac ha, ta la sir phu Luc chi con 7 ngay nua la thi roi khi cac nguoi dang doc nhung 
dong nay tuc la dang nam trong tay Bi Kip Tu Luyen Sieu Cap dat level 7 trong 7 ngay vdi 
tuyet ki Casio cuu duong than cong va do long fx - 570 vn plus khuyen cac nguoi nen 
dimg them y thien kiem vinacal de giai phuong trinh nhanh hon nhung no kha kem phan 
so phuc. 

Trong bo ki nang nay ta se hudng dan Casio nhung dang chac chan co trong de thi de 
chinh phuc 7 diem hoan toan don gian bang viec lam tot cac dang bai co ban chac chan se 
co trong de. 

II. Ki nang Casio can nam 

O day ta se hudng dan cac nguoi 3 chuc nang hay dung nhat la : Calc ,Solve, Table 

l.Ki Nang CALC - Chirc nang tinh gia tri cua bieu thirc ham 1 bien 

Dung de thir dap an : Ap dung cho nhung bai dap an da cho so cu the 

Vi du l[De Thu Nghiem Ian 2]: Tim nghiem cua phuong trinh 3 X_1 = 27. 

A. x = 9. B. x = 3. C. x = 4. D. x = 10. 

Hudng dan 

Thay vi phai nhd va bien doi cong thuc chung ta xet hieu : 3 X_1 -27 cac em nhap vao may 
tinh: 

[^f^wmHmc^Rf2if7i 

M B Math 

3 x-i_27 

Xet dap an A: Xet dap an B Xet dap an C 
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®(=) 


®(U 


®(=] 


M a Math A M 

g x-i- 2 7 3 


6534 

Nhxr vay chon dap an C. 


a MathTA M a Math A 

x-i_27 3 *'-*-27 


Vi du 2: Tap nghiem cua bat phuong trinh log, (x 2 -2x+l) <log, (x-l) la 


A. (3;+oo). 


B. (l;+oo). C. (1;2). 


D. (2;+oo). 


Huong dan 

Cac em se ltra chon gia tri dac trung cua x d cac dap an xem co dung khong? Neu sai thi ta 
loai ngay dugc dap an do con neu dung thi co kha nang cao dap an do dung 

(ALPHAlfTIRm 

M a Math A 

<+l)-logiCX-1D 


Xet dap an A,B/D deu chiia +oo cac em thu x=10 xem dung khong ? 


CD®© 


a Math A 


log^X^X+lJ-t- 


Vay loai dugc C chi co the A,B,D dung tiep theo tim xem 3 dap an tren khac nhau a diem gi 
thi dap an B rong hon va chii gia tri ma B,C khong chiia la x = 1.1 

[cALcirnnma 


a Math A 


log i (.X*-2X+i;i-> 
" 2.095903274 


Nhu vay la loai B, tuong tu 
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[CALCl l~2~) p~l |T) |=1 

M 0 Math A 

log^tX^X+lKt- 

-0.08675506435 

Nhir vay dap an dung la dap an A. 

2. Ki nang Solve - Do nghiem eua moi phxrong trinh 1 an 

Vi du 1 [Solve nghiem dep]: Phuong trinh log^ Jt-51og 2 x+4 = 0 co 2 nghiem x v x 2 khi do 
rich x v x 2 bang: 

A. 16. B. 36. C. 22. D. 32. 

Hndng dan 

Cac em nhap phnong trinh vao may 

®(I](®(l§(T](®®Q(I]S(l](g)@CT|(g)E](l] 

M 0 Math A M 0 Math A 

log 2 (X;i 2 -51og 2 0 < 0 2 -51og 2 (X)+4l 


[shift! [calc] (=] 

M 0 Math A 

log 2 (XH-51og 2 i> 

X= 2 

L-R= 0 

Sau khi tim diroc nghiem dau tien cac em xet tiep ( P'l ): ( X /l) voi A la nghiem 

® 0 <® CD <3) <3) 0 CD H) (T) E) (2) CD 

M 0 Math A 

< 2 (X)+4)-KX-2)l 


(shIftI [calc! f=1 


M 


0 Math A 


Uog 2 CX)^-51og 2 i > 


X= 16 

L-R= 0 
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Nhu vay de dang suy ra x x x z = 32 -» D 

Vi du 2 [Solve nghiem xau]:: Goi x ir x 2 la cac nghiem cua phuong trinh 
|log^xj -(V3+l)log 3 x + V3 =0. Khidotich x u x 2 bang 

A. 3^ +1 . B. 3 A C. 3. D. 3^. 


Huong dan 


Cac em lam tuong tu nhu vi du tren : 



M S Math A 

l f J 
X= 6.704991854 
L-R= 0 

6 day thay vi duoc nghiem dep nhu vi du tren thi lai dugc mot nghiem le de tim tiep dupe 
nghiem thu 2 cac em lam nhu sau : 


+ Luu lai phuong trinh: (◄) (=) 

M 0 MathYA 

riog i (!Oj z -U3l> 

0 

+Sau do lira liem xau vao A: (rcl) (T| |shift| [rcl] (m) 

M 0 Math A. 

Ans*A 


6.704991854 

+Day len de tim lai phuong trinh : (J) (J) day sang de sua (^) 
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M 


1* 


00 + 



0 Math A 

+(X-A)I 


liiiTl [calc] f=1 [=1 

hi S 

U £ J 

x= 

L-R= 


Math A 


3 

0 


Vay dugc 2 nghiem 

[3]iD(OEl[I]©©CI]®E)[Il(D 

M 0 Math A 

gfl _ 3 J3 + l 

0 

Vi du 3: I ’l l uong trinh x 3 -yj\-x 2 =0 co bao nhieu nghiem (hue phan biet 
A. 6. B.1. C. 2. D. 3. 


Huong dan: Tuong tu cac em ap dung Solve 


(siif| fCALCl [=1 

M 0 Math AM 0 Math A 

X 3 -Jl-X 2 

X= 0.8260313577 
L-R= 0 


<-Jl-X 2 )+(X-A) 


m a Math 

Can't Solve 

CAC] :Cancel 
CH EH: Goto 


May hien Can't Solve la het nghiem, vay khoanh dap an B. 


3. Ki nang Table: Super Calc: tinh nhieu gia tri bieu thiic cua ham 1 bien 

Ung dung chinh la tim Max-Min, phat hien cue tri, tim so nguyen de bieu thuc nguyen 
ting dung tich phan 2,3 an.... 

Table : Tinh gia tri cua bieu thiic ham 1 bien duoc 30 gia tri khi chi sii dung mot ham /(x) 

IshIftI ImodH (▼) [~5~1 rn 
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M 0 Math 

fCX) = 


Va tfnh duac 20 gia tri neu dung ca /(x),g(x) 


fsHFfl ImODEI (▼) |~5~1 in 


ftXH 


Math 


gQOd 


Math 


Khuyen cao : Nen chi dung 1 che do /(x) tinh cho nhanh va nhi'eu 


Vi du 1 [Table Max-Min]: Tim gia tri Ion nhat cua ham so y = f (x) = x\Jl-x 2 



1 R 

= -. B. max = / — 

= — . C. max = / 

(J2) 

= 0 D. max = /1 

(S) 

2 J 

2 Ha] 2 J 

2 [-w] 

l 2 J 

R J | 

l 2 J 


A. max = f(x) = f 
[-1:1] j V } J 


Htrang dan: 

Dau tien cac em tim tap xac dinh thi x e [—1; l] nen cac em se lam nhu sau: 


1 

' 2 


Vao Table : jMQD| [7] 

Nhap ham : Mac dinh bien la X nhe 

hj 

M 0 Math 

f(X?=KVl-X 2 

Start Q El (=] End E (=) Step S B (=) 

M 0 Math M 0 Math M 0 Math 

Start? End? Step? 

-1 1 0.1 

Start, End la diem khoti dau va ket thuc thudng la 2 dau mut cua doan hay khoang ma ham 
xac dinh tren do. Step la khoang each giua cac gia tri bien gan nhau nhat, step cang nho thi 
cang chinh xac. 
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Thong thubng cac em chon step la 0.1,0.125,0.25,0.5,1 tiiy vao khoang to hay nho mien lam 
sao no tmh dupe so gia tri ham ldn nhat. 

*Neu ham so' co tap xac dinh la R : 

+Da thuc cac em de Start -9= End 9= Step 1= Muon khao sat ki thi Start -4= End 4= Step 0.5 

71 

+ Ham lupng giac khong noi gi den khoang cac em de Start -n = End n = Step — = 


Sau do ta duoc ket qua 

M (3 Math 

K 


“Da 3 

-D.B 


Mk 

-D. 332 

-Da MS 


n 

II 

19 


K 


D.E 

Dal 

Dal 


0 Math 

FCKJ 


F 

Da MB I 

0.49989999 




Chung ta duoc gia tri max xap xi 0.5 tai x = 0.7 « — do do khoanh dap an B 

Vi du 2[MH Ian 2] [Table Cue Tri]: Cho ham so y = X + - . Menh de nao duoi day dung? 

x+1 


A. Cue tieu cua ham so bang -3. 
C. Cue tieu cua ham so bang -6. 


B. Cue tieu cua ham so bang 1. 
D. Cue tieu cua ham so bang 2. 


Huong dan 

Cac em vao Table : [MODE] [71 




M S Math 

= ft£+3 
K+ll 



Sau do bam = may se hoi Start nhap -4= hoi End nhap 4= Step 0.5= 


M 13 Math M 

Start? End? 


(3 Math 


Step? 


-4 


4 


Sau do day con tro va quan sat 


Math 


0.5 
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S Math M 


g 

M -3.5 -B. I EE 


K F ttU 

ID D.5 SaJBBI 




I El 1.51 S. II 


Ham dat cue dai tai x = -3 cue tieu tai x = 1 khi do gia tri cue tieu la x = 2 vay khoanh D 

Vi du 3: [MH Tan 3][Table Do Tim] Cho f-A—= < 2 +Z>ln^A voi a,b la cac so htru ti. 

„ e +1 2 


Tinh S = a 3 + b 3 . 
A. 5 = 2. 

Huang dan: 


B. 5 =-2. 


C. 5 = 0. 


D. 5 = 1. 


O day dau tien cac ern tinh rich phan km vao A : 

GD G5 CD ® §n) 03 HD (3 ® ED CO Cg) (►) El ® CD (wt) @ (w) 


□ Math A 


Jo^ 7 d ^ A 

0.3798S5493 


^ 1 _J_ Q _ Q t 1 

Tu duy a day la A = a + b In- >b = — -cho a thay doi de tim b nguyen ta se su dung 

2 | n ' £ 

2 

Table nhung khi vao Table thi a la bien nen phai doi thanh X. 

Table: Start -4=, End 4=, Step 0.5= 


too- 




0 Math 

I k I fch:« 

ID| D.5 


Se 1.5 -I.DDE 


Vay a = l,b = -l-^>S = 0-^C 

Vi du 4: [MH Ian 3][Table So Nghiem] Hoi phuong trinh 3x 2 -6x+ln(x+l) 3 +1 = 0 co bao 
nhieu nghiem phan biet ? 

A. 2. B. 1. C.3. D.4. 

Htrcmg dan 
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Thay vi tim chinh xac nghiem thi chung ta xem gia tri cua ham doi dau bao nhieu Ian la co 
bay nhieu nghiem don, cii doi dau tu am sang duong hay duong sang am la co 1 nghiem 
dua vao so Ian doi dau ay ma suy ra so nghiem 

Luu y bai bai nay se nhieu em nhap sai De cho ln(x+l) 3 cac em phai nhap vao may la 
ln((x+l) 3 ) hoac 31n(x+l) neu cac em nhap ln(x+l) 3 no se hieu la [ln(x+l)] 3 nen cac em can 
luu y cho nay. 

Dung Table : Start -0.99 = End 9 = Step 0.5 = 

[ZD dD (ALPHg [T] Q (HD M3 QD |+) QK] ED C3 (+] QH DD (^3 CD [±] QH {=] 
B(SQ[l][E(=](I](=](o]Q(I](=) 

M 0 Math M 0 Math 

fQ0=3X 2 -6X+ln(> f(X)=-<(X+l) 3 M 


M 0 Math M 0 Math 

K FCK) H 

^=8:31 im 3 8:8! fcW 

a D.m n.anoi e i.di d.demi 

2■64026634 - 0.04337104752 

O day gia tri ham doi dau 3 Ian nen phuong trinh da cho co 3 nghiem 

Nhu vay ta da tung budc nghien ciiu co ban cac tinh nang chinh se dung, de tim hieu sau 
hon trong tung dang cu the ta se di theo Casio theo chuyen de . 


III. Bi Kip Casio theo chuyen de 


*Ham So 


l.Su Bien Thien 


Vi du 1: Cho ham so y = x 3 -2x 2 + x+l . Menh de nao dudi day dung? 

A. Ham so nghich bien tren khoang Q;ll . B. Ham so nghich bien tren khoang f -00 ^l • 


C. Ham so dong bien tren khoang . D. Ham so nghich bien tren khoang (l;+oo). 

Huong dan 
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Cach 1: Cac em su dung tinh nang d/dx la tinh nang tinh dao ham cua ham 1 bien tai 1 
diem de loai nhanh cac dap an sai 


Cac em nhap vao may 



M 0 Math AM 0 Math AM 0 Math A 

g7(X 3 -2X 2 +X+l)|> *2X 2 +X+l)L_ 0 a £(X 3 -2X 2 +X+l)|l> 

"4 

Do do loai C, Khoanh A, de chac chan hon cac em tinh dao ham tai x = 10 dac trung cho 
dap an D, x =-10 dac trung cho dap an A 

M 0 Math AM 0 Math A 

gjj(X 3 -2X 2 +X+l)|i> gj(X 3 -2X 2 +X+l)|> 

261 341 

Vay loai caBvaD 


Cach 2: Dung Table de xet: Start — = End 1 = Step 0.1 


0 Math 

f(X)=X 3 -2X 2 +ll 


M 

K 

0 

FCHJ 

Math 

M 

!■: 

0 

1 

2 

□.3333 
□■M333 

Q.BIMB 
□■1D5B 


5 

E 

□.1333 

□.□333 

|in=iri: 

□.IBBB 

3 

□.5333 

HP1-TN: 


i 

D. 3333 

D.QinB 


Math 


0.31SS14S14S 


Cac em thay no giam deu do do ham nghich bien tren khoang |1;1 do do dap an A dung 


Vi du 2: Tim tap hop tat ca cac giac tri thuc cua tham so m de ham so y = x 3 +mx 2 -x+m 
nghich bien tren khoang (l;2). 

A. B. (-oo;-l). C. [-l;+co). 

Huong dan 

*Dimg Table: Chon gia tri m = -10 dac trung cho A,B,D vdi Start 1= End 2= Step 0.1= 
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M 0 Math 

fO!)=X 3 +C-10)K 2 >- 


M 0 Math 

fCX)=*-X+C-10) 


I 

E 

3 


K 

I 

I. I 
I.E 



Math 


-23.S72 


Thay ham giam deu nen chi co the A,B,D dung tiep tuc xem su khac biet giua cac dap an 
thi B chiia m = -1.1 ma A,D khong chiia (xet dap an rong hon trude) 


M 0 Math M 0 Math 

f (X)=*+(-l. 1 )X 2 ► f CX)=+-X+(-l.1) 


E 

3 


1.1 
I.E 
1.3 


0 Math 

FCKJ 

-E.DEE 

-2.156 


Thay no tang dan do do loai B chi con A,D thi minh xet 



D co A thi khong 


M 0 Math 

f(X)=X 3 +(=5 t )X r >' 


M 0 Math 

f cx;i=<-x+|'=g i )i 


M 

K 

0 

F (X) 

| 

1 


E 

1. 1 

D-fl:U|r 

3 

I.E 

-E.1 BE 


-5.S465 


*Dung d/dx: ti'nh nang ti'nh dao ham tai 1 diem cua ham 1 bien. 



0 Math A 0 Math A 


&(X 3 +YX 2 -X+Y) | ► <YX 2 -X+Y) | 


Ta se xet cac gia tri dac trung cua cac dap an : Dap an C ti'nh tai X=10 

(CALC) f=l m fol f=1 

0 Math A 

^CX 3 +YX 2 -X+Y)|t> 

47S3 

100 

Ta se loai dirge C va xet tiep sir khac biet A,B,D 


fclclf=ipimfolf=i HiEiElDi liBEBBUli 
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0 Math A 0 Math A a Math A 

^(X 3 +YX 2 -X+Y)|l> £(X 3 +YX 2 -X+Y)|t> ^(X 3 +YX 2 -X+Y)|t> 

1937 13 ‘ 171 

100 20 “ 50 

Vay khoanh dap an D. 

2.Circ Tri 

Vi du 1: So diem otic tri cua ham so y = |x| 3 -1 

A.O B.3 C.2 D.4 

Hudng dan 

Cac em nhap ham vao Table: 

|MOPg f7l [shiftI (hyp| (ALPHAl FTl (►) (siFT) Hr 2 ! R fsi¥fl (iiypl [alphaI fTI CR) f^l R m f=l 

M a Math 

f(X>IXl 3 -IXl 2 -h- 


Start -4= End 4= Step 0.5= 

0 ® (U (4] (5) [o] Q [E (=) 


M 


a 

FOO 

Math 

M 

H 

0 

FCKJ 

Math 

M 

K 

0 

FCJO 

E 

T 

- S ■ 5 
-i 



B 

9 

-D.5 

D 

bun 


ID 

II 

□.5 

1 


B 

-D.5 

-1.125 

-1 

ID 

D.5 

-1.125 

-1 

12 

1.5 

Q. 125 


Cac em thay no co 3 cue tri, cxi di len toi dinh roi xuong la cue dai, di xuong dudi day roi di 
len thi la cue tieu no nhu 1 do thi thu nho ma nhin vao do em se biet duoc max-min, cue 
tri, su bien thien, tuong giao,.... 

Vi du 2: Cho ham so f(x) = x + m+— (vdi m, n la cac tham so thuc). Tim m, n de ham so 

dat cue dai tai x = -2 va / (-2) = -2. 

A. Khong ton tai gia tri cua m, n. B. m = -1; n = 1. 

C. m = n = l. D. m = n = -2. 

Huang dan 

Cac em thay tung gia tri m,n vao ham roi dung Table : (§$! [7] 

Dap an B: 
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Math 0 Math 

f ck:« 

-s. 5 


fcx5=x-i+«i 


X+l 


!■: 

-1.5 


-M.5 


-4 


Dap an C: Sua roi cac em an f=l f=1 f=| f=| 


0 Math 

foo^+i+x^ 


K 

-a. 5 
-a 

-1.5 


0 Math 

FCX) 


lag 

-a.s 


-2 


Thay no thoa man dung yeu cau la cue dai luon vay dap an dung la C 

3.Max-Min 

Vi du 1: Cho ham so y = 3sinjc-4sin 3 jc. Gia tri ldn nhat cua ham so tren khoang 
bang: 


A. - 1 . B.3. 

Huong dan 

Chu y de che do goc d Radian: |shift| |mode| RH 


C. 1. 


D. 7. 


Vao Mode 7: Start -y End y va Step la ~ (day la bude nhay mac dinh cho luong 
giac.) 


0 Math 

f(X)=3sin(X)-4s> b 

3 

ID 


K 

D.EE 11 
D.5E35 
D.1B53 


0 Math 


D.1D1I 


Vay khoanh dap an C 

4.Tiem Can 


sj^x 2 -1 + 3x 2 + 2 

Vi du 1: So dudng tiem can dting va tiem can ngang cua do thi y =-^-la: 


x 2 -x 


A. 2. 

Huang dan 


B. 3. 


C. 4. 


D. 1. 
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Nhap bieu thiic nhu de bai : 

———_ 0 Math 

^4X2-1 +3^2+2 


*Tim tiem can dung : Thuomg la nghiem cua mau nen ta se tinh gibi han bang each lay gia 
tri xap xi nghiem do 

Vi du x = 1 —> CALC X = 1.0000001 

[c^mnmroiiriroiroifoimi^i 

■0 Math A 

i4X z -l +3X2+2 

67320516.39 

Vay chi co mot tiem can dung la x = 1 
*Tiem can ngang: Ta se tinh gioi han tai 10 6 (+oo) va -10 6 (-oo) 

® (T) 0@ DE) ID (calc! R m foll^l [6l f=l 

__ 0 Math A _ 0 Math A 

■4 4jK£—1 +-z«K-* : - +2 -4 4-K^~ — 1 +2! 

v2 ':■? ^2 '■■■■ 

3.000005 '' 2.999999 

Vay la co them mot duemg tiem can ngang y = 3 

5.Tuong Giao 

Li thuyet chung la khi gia tri ham doi dau am sang duong hay duong sang am luc nay ham 
se phai di qua so 0 tuc la co 1 nghiem le, qua nghiem chan thi dau cua ham khong doi 

Vi du 1: Tim tap hop tat ca cac gia tri thuc m de phuong trinh sau co nghiem thuoc doan 
[0;l] : x 3 +x 2 +x = m(x 2 +lf 

A.m>l B. m<\ C.0<m<l D. 0 <m< — 

4 


ramRmmroiroifoiroimiHi 

0 Math 

Math ERROR 

Cftc: :Cancel 

Goto 
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Huang dan: 

*Cach 1: Co lap duoc m thi dung each nay nhanh hon 


x 3 + x 2 +x = m(x 2 +l) 2 —» m- 


(X +1) 


1 = /(x)Min /(x) <m< Max 


Table : Start 0= End 1= Step 0.1 = 

0 Math 




X 


□ 
D. I 

d.e 


□.IOB0 

n.aasa 


ID 

I * 

IS 




K 


Da 9 

I 


fch:« 


0 3 j4 

*Cach 2: thu tung gia tri dac trung cac dap an va quan sat doi dau 
Dap an A : m = 10 khong thay su doi dau 

K 


Math 


fOO=«-(10)(K 2 > i 


Da I 
D.E 


0 Math 

F (KJ 


HTOlil 


-ID.5GI 

-10.09 


Dap an B : m = -10 khong thay su doi dau 

0 Math 


f(X)=<-C-10)(X 2 > » 


K 


Da 3 
Da M 
Da 5 


FCKJ 

IE.E3B 


UM 

Dap an C : m = 1 khong thay su doi dau 


16.5 


Math 


fCX)=M-(UCX 2 MV 5 


K 

0 

F CK> 

Da 1 

-D.3D3 

D.E 

-0,033 

Da 3 

□■hufl 


-0 


Math 


Vay khoanh dap an D, cac em thu m = 0.5 ma xem 

0 Math 


f(X)=<o.5)Cx 2 +> a 


K 

FCK) 

Da 3 

-Da m 

D.M 

-D.DUB 

D. 5 

nwPElff 


0.09375 


*Mu - Logarit 
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1. Tap xac dinh 

m 

Truce het phai ghi nhd a^",a n co dieu kien a >0 roi CALC cac dap an xem a > 0 
Vi du 1: Tim tap xac dirth D cua ham so y = (V -3x 2 - 4 ) ^ ? 

A. D = (-oo;-l)u(4;+oo). B. £> = (-oo;-2)u(2;+oo). 

C. D = (-oo;-2]u[2;+oo). D. D = ( — oo;+oo). 

Huong dan 

(iH) CD QD (=) (II) E) CD CD (=] [calcI l~2~l r=i 

M 0 Math A M 0 Math A M 

X 4 -3X 2 -4 X 4 -3X 2 -4 X 4 -3X 2 -4 

9696 96% 

Vay cac em khoanh dap an B nhe 

2. Dao Ham - Sir bien thien 

Vi du 1: Tmh dao ham cua ham so f(x) = In [e 2x + 1^. 

A./'(*) = -7— B. r(x) = ^-. C. f'(x) = -^~— D. f'(x) = -- -- - .. 
w e 2A +l w e 2 +1 v ’ e 2x +l J V ’ 2(e 2x + l) 

Huang dan 

Nhap bieu thuc dao ham roi xet hieu voi cac dap an 

Q]Cg) E) CD 


0 Math A 


[I 


0 Math A 


0 Math A 


^(lnCe 2 *+l))|^ +1 B| X=X - C 2X +1 I 


(calcI m Col f=1 

0 Math A 

^Cln(e 2X + l))|^ 

1.999999994 
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Tuong tu xet B,C,D 

0 Math A 


mis0i 

0 Math A 

^(2 x3 - x2+yx )|^ 

-0.02019176667 

Vay khoanh dap an C 
Vi du 3: Cho ham so y = e 3x 


0 Math A 

&(ln(e 2 X +l))| ;e i 

9.079161541»: 5 


0 Math A 

£f 2 x3 - x2+ ™) lx i> 

0.1512117539 


0 Math A 

^(ln(e 2X + l))| x £ 
1.499999997 


dong bientren [1,2]. 
D. m>— 8. 


@ (D CO E) GO (U 

0 Math A 



1.713808028 


.sin5x Tim m de 6y'-y"+my = 0 


1.9999091% 

Vay khoanh dap an C 
Vi du 2: Tim tat ca cac gia tri cua m de ham so y = 2 X> ~ 


A. m > —. 

3 


B. m> — . 
3 


C. m >- 1. 


Huang dan 

Lam tuong tu nhu ph'an su bien thien 


fCALCl 1=1 R m ED 


A. m = -30 B. ra = -34 C. m- 30 D. m = 34 

Huang dan 

Do bieu thuc 6y'-y"+my = 0 dung vdi moi x nen cac em chon don gian x = 0.1 


Budc 1 : Tinh dao ham cap 2 tai x=0.1 
f(x+0.001)-f\x) 


0.001 


cac em su dung tinh nang tinh dao ham cap 1 cua may 


Cacemtmh /’(0.l)-»A /’(0.1+0.00l)->£ roi y"(2) = 

[shifti r^i fsHiFT] rnn rsi [alpha] m rsi (alprai m m foi rn m fsHini [rcj 


129 
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^(e 3X sin(5X))| > 

7.86453311 

^iDiniMimmnf^iTimiwfiiRaira 

M 0 Math A 

^Ce 3X sin(5X))| > 


7.889658574 

SB (alpha! E3 El W F>) (▼) fol FI (~o~| fol fTl fsHinl [rcl! |Fjyp) 


0 Math A 


o.ooi 


25.12546326 

Bircrc2: Tinh m : 6y'-y "+ my = 0—>m = 


6y’-y" 




0 Math ▲ 

6A-C 


_£:3x0. 1 sin (5X0. 

-34.09024812 

Vay minh khoanh dap an B 
3. Max-Min 


Vidu 


a 1: Cho m = log fl ^[ab j vdi a>l,b>l va P = log a 2 b +16log b a .Tim m sao cho P dat gia tri 


nho nhat 


A. m=l B.m = — C. m = 4 D. m = 2 
2 

Hxrcmg dan: 

Co u>1l —>ci = 1.1 cac em tu chon roi cho b = X: 1.01 ->2 chay trong Table 

M 0 Math M 0 Math 


f(X)=log 1 . 1 (X) z ^ f(X)=<og*(l.l) 


Start 1.01= End 2= Step 0.1= 
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K 

I. I I 
1.21 
1.31 


F (K) 

I3.E1M 


12 


Cac em thay no dat gia tri nho nhat tai b = 1.21 v6i a = 1.1 

M S Math A 

iog 1 . 1 ( 3 jfrn><iT> 

i 

Vay khoanh dap an A 

4. Tmh toan, bieu dien, rut gon 

Vi du 1: Cho a, b la cac so thuc duong khac 1 va thoa man log a b = 3 . Tmh gia tri cua bieu 

thiic T = lo g# A. 

- Va 
A. T = 1. 

Huang dan 

Cac em chon a = 2-^b = a^ 

0 Math A 


b. r=4. 


C. T = ~. 
4 


D. T = - 4 . 


2+A 


2 3 *B 


S Math A 


a Math A 


log 

3 A 



1 


Vi du 2 : Tmh gia tri cua bieu thiic H^log^ ^a l0 b 2 ^ + log^^=j + log^b~ 2 ( vdi 0<a^l;0<b^l). 

A. P = 2. B. P = \. C. P = J5. D. P = -j2. 

Huang dan 


Ve ban chat no chi la bai toan rut gon tuy nhien ket qua khong phu thuoc a,b nen cac em 
chon a,b thoa man dieu kien la dugc. 


+A 


S Math A 


3+B 


a Math A 


a Math A 


log A2 (A 10 B 2 )+l<i> 


2 


3 


Bikiptheluc.com Bf kip CASIO cong pha Trac Nghiem Toan Hotline: 0977.543.462 


Casio 5-8 diem 


CASIO EXPERT : Nguyen The Luc - fb: Ad.theluc —Youtube :MrTheLuc95 


5.Phuang Trinh - Bat Phmmg Trinh 


Vi du 1: Biet phirang trinh 9 x -2 2 -2 2 -3 2x 1 c 6 nghiem la a. Tinh gia tri bieu thuc 

1 

2 


P = a + - log 9 2. 


A. P = 


1 


B. P = 1-log, 2. C. P = l. D. P = l —log,2. 

2 ^2 


Huang dan 

Cac em nhap phuong trinh vao may 

0 Math A 

gjK—2 x+0 - 5 —r 2 X+a ► 


0 Math A 


0 Math A 


(shift) (calc) (=) 

gX_ 2 X+0.5_( 2 X+l t> x+ i lnq (2 ) 

X= 0.7695772897 2 J ' 5 

L-R= 0 1 

Vi du 2: Tim tap nghiem S cua bat phuong trinh 2 X 1 > 


A. 5 = (2;+oo). 

Huong dan 


B. 5 = (—co;0). C. S = (0;+<x>). D. S = (— oo;+oo). 


Cu gap BPT la cac em nhap nguyen lai roi CALC tirng gia tri dac trang cua dap an thoi 


0 Math A 

1 


2 

fcALci rn foi f=i 


MRmronfHi 


(CALCl f0l R IT! (D 


0_ Math A 

0 Math A 


0_ Math A 

1-fJA* 

ZX-'-i-kf 


' i y 

1 

I 

“s 

-4D. 

tH. 

-'I 

^ 1 

^ 162 


511.2421417 

Vay khoanh dap an C. 

*Nguyen Ham - Tich Phan 

1.Nguyen Ham 


-1.31901963 


0.5358867313 
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Vi du 2: Tim gia tri cua m de ham so F(x) = m 2 x 3 +(3m+2)x 2 -4x+3 la mot nguyen ham cua 
ham so /(x) = 3x 2 +10x-4. 

A. m = 2. B. m = ± 1. C. m = -l. D. m — \. 

Hirdng dan: 

Cac em xet dao ham F(x) tai 10 roi tru di /(10) CACL xem gia tri m nao cho KQ bang 0 

(St) [£§ HD (s»6) (53 (m) (T) dm) @ (+) |T) GO @ ^d) (+) (T) (T) (wm) (T) (g) Q S @1 CD 

0 Math A 0 Math A 

S5j(Y 2 X 3 +(3Y+2)> < x -C3X 2 +10X-4)l 


960 


(H 0 CD (=] (D (CALCl m (=) 1=) 

0 Math A 0 Math A 

JL 

rJj; M « 

-120 0 


fcici ( 2 i f=i rn foi f=i 

0 Math A 

£(Y 2 X 3 -K3Y+2:» ^(Y 2 X 3 +(3Y+2Xi> ^t(Y 2 )( 3 +C3Y+2)> 


Vay khoanh dap an D 
x +1 


Cau 21: Biet J—F-p—rdx = a. In|x-1| + b. In|x-2| + C voi a, be Z. Tinh gia tri cua bieu thiic 

I X *“ Aji ^ I 


a+b . 

A. #+Z> = l. 

Huang dan: 


B. a+&=5. 


C. a+b = -l. D. a + b = - 5. 


Cac em thay can 4 va 5 (chon khoang can khong chua gia tri lam cho ham khong xac dinh) 
roi tinh luu vao A thay so giai he : 


a]n — + bln— = A 
3 2 

a+b^^A.BfC.D} 


0 Math A 


1 5 -^-1-rjy- 0 “ 

J 4 tx-i)(2-XJ 1 

-0.6410311794 


0 MathY 


Y= 


0 Math A 


-3 


Vay khoanh C. 

2, Tieh Phan 


IIS 


133 
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2 

Vi du 1. Tmh tich phan / = J 2x^x 2 -ldx bang each dat u = x 2 - 1, menh de nao duoi day dung 


A. / = 2 j \fudu. B. / = | Vz/dw. 

0 1 

Huang dan 

Tmh tich phan roi so voi gia tri a cac dap an 


3 , 2 

C.7 -^-Judu. D.I = — JVz/dz/. 


0 Math A 


0 Math A 


Ji 2XA 2 -1 dx |®JXdx 

3.464101615 3.464101615 


Vi du 2: Biet J 

0 

Hay tmh ab 


1 — dx - 3 In — -— trong do a,b nguyen duong va — la phan so toi gian. 
x + 6x + 9 b 6 b ’ y 


A. ab = -5 B.ab = - C.ab = l2 D .ab = 6 

4 


Huang dan: 


0 Math A 


p_3x-i_. * TfA+|) 

Jox2+6K+9 L , " , H £" ' 6 ' 

0.02971238402 


r . r dx 

Vidu3:Giasu —--= flln5 + Mn3 + cln2. Tmh gia tri bieu thiic S = -2a+b+3c 2 . 

J r z _-v 


0 Math A 


4x3 


4 

3 


0 Math A 


12 


, X -X 


A. s=- 2 . 

Huang dan: 


B. s = 3. 


C. s=o. 


D. S = 6. 


f 5 1 


0 Math A 


rdx^A 


3 ^00823215568 

A = aln5 + bln3+cln2—►e' 4 = 5 a .3 b .2 c 


0 Math A 


6 

5 

5°.3 h .2 c =- = 2.3.5 -1 —>a = ~l,b = c = l Vay khoanhD 
5 
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*So Phiic 

l.Tinh Toan Ca Ban 

Dang 1: Cong trir nhan chia so phiic : iMODEl l~2l 

M CMPLX 0 Math 

l+i-(3+2i) 


ED QD IS iU C3D CD dD Q H) DU E=] 

M CMPLX 0 Math ▲ 

(l+i)(3-i) 


4+2i 


Dang 2: Module 

Vi du 1: Tim modun cua so phiic z thoa man (l-2z)z +2 i = -6. 

A. \ z \ = ^. B . M = 2>/2. ch4 D. N = 3 ^2. 


Huong dan 


(1 - 2z')z + 2 z = -6 -» |z| = |z | = 


- 6 - 2 / 

1 - 2 / 


@H@E][EE][I]iGl®[IIE)[2]@(=] 

M CMPLX 0 Math A 

I -6— 2i 
I l-2i 

2 J 2 


2.Phuong trinh phiic co ban 
*Phuong Trinh bac nhat 

Vi du 1: Cho so'phiic z thoa man (3-z)(z+l)+(2-z)(z+3i) = l-/ . Tinh mo dun cua so phiic 

_ z-z 
1 + z 
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A V82 B V82 c 2^82 D 3^82 

'4 '8 '9 ‘5 

Huang dan 

Day la dang phuong trinh bac nhat cua so phxic cac em nhap y lai phuong trinh : 

CMPLX 0 Math A CMPLX 0 Math A CMPLX 0 Math A 

(3-iKX+D+C2-i>- Cmjg00+3i:>-O J+3iJ-( 1-i)l 


BcirnfoifoimfoimrnfoiroiiiaEi 

CMPLX 0 Math A 

C3-i)CX+l)+C2-ii> 

50005-198941 

Chung ta throe he phuong trinh : 
f 50005 = 50.000 + 5 = 5fl+5 [5a+5 = 0 

} —^ u = —1 b = —8 —y z = — 1 — 81 

[19894 = 20.000 -100 - 6 = 2a-fc-6 \la-b = 6 

CMPLX B Math A 

I i-(-l-Si) I 
h+f-i-sijl v _ 

S 


Vay khoanh dap an B 

*Phuang Trinh bac 2 he so thuc 

Vi du 1: Goi ^, z 2 la 2 nghiem cua phuong trinh z 2 + z +1 = 0. Tinh gia tri P = z 2011 + z 2 2017 . 
A. P = l. B. P = -l. CP = 0. D. P = 2. 


Huang dan 

Cac em tinh nghiem roi luu vao X,Y 


sdKDmiDmsmil] 



0 MathT 


.i + V3i 

V- T -9- 1 
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[shiftI (RCp ITI 

® 

M 

X2= 


B MltkTA 


_i 

2 



(wt) (rcl) (s«d) 

Sau do vao CMPLX : iMODEl |~2~| 

M CMPLX 0 Math A 

X 17 +Y 17 


-1 

Thay vi tinh mu 2017 cac em tinh mu 17 vi no c6 cung quy luat, do do khoanh B. 
*Phmmg trinh bac 2 he so phiic 

Cau 11: Tren tap so phiic, goi z 1? z 2 la hai nghiem cua phuong trinh z 2 +2z +4z -2 = 0 Tinh 
gia tri 


„ -y/l0+3j2 „'n/I0+3-72 „ -J5+3-J2 

D. - - U. - 

2 2 2 

Huong dan: 

Tinh A' roi tinh ra nghiem : z a = l—i;z 1 = -3+ i 


Dung nhanh bieu thiic sau de tinh can : x/a = 

roi ap dung cong thiic nghiem 

phuong trinh bac 2 

CMPLX 0 Math A 

1-C41-2HA 

CMPLX 0 Math A 

mi ar v M 

CMPLX 0 Math ▲ 

1 A —JL 1 T 1 “OTl 1 

4+11-i1l-3+i1 

-VTo+sVT 

3-4i 

2-i 

2 


Vay khoanh dap an B 


bieu thiic P = - j - ^ 

4 + l4W 

A -x/To+2 a/2 
2 
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*Phmmg trinh bac 3 he so thuc 

Vi du 1: Ki hieu z Y ) z 2 ; z 3 la ba nghiem cua phuong trinh phtic z 3 + 2z 2 + z-4 = 0. Tinh gia tri 
cua bieu thhc T= kl+KI+N- 

A. T=4. B. T = 4+4s. C.T = 4yf5. D,7 = 5. 

Huong dan 

Cac em vao giai phuong trinh bac 3 

0 Math* 0 MathYA 0 Math A 

Xl= X2= X3= 

1 -§+1.3228756561 -§-1.3228756561 

De liru nghiem X2 vao X cac em bam IshiftI [RcO [71 hien nhu the nay la duoc 

(111 Stored to Ml 

Sau do luu nghiem X3 vao Y sau do phai vao he CMPLX khong duoc sang he COMPL 
khong la mat phan ao 

(mode) (T) 

CMPLX 0 Math A 

11l + IXI + lVI 

5 

3.Mot so dang khac 

Vi du 1: [Chuyen Bien Hoa - Ha Nam]Cho ba so phiic z Y ,z 2 ,z 3 thoa man dieu kien 

| z i|“KI —1^31-1 va z l +z 2 +z 3 =0 .Tinh A=z 2 +z 2 +z 2 

A.1 B.O C.-1 D. 1+z 

Huong dan 

nu 1 S. 1 n / 3 . 

Chon : z, =-+— \,z , =-i,z, =-l 

1 2 2 2 2 2 3 


’I 
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Bam may ta d imc: 

CMPLX 0 Math ▲ 

(o.5+#i) i +(0- !l> 

0 

Vi du 2: Cho cac so phuc z thoa man |z| = 5. Biet rang tap hop cac diem bieu dien cua cac so 
phuc w = (3+4z)z—3/ la mot dudng tron. Tinh ban kinh r cua dudng tron do. 

A. r = yj 5. B. r = 5. C. r = V10. D. r~ 25. 

Hudng dan: 

Cac em bien doi don gian nhu sau: w = (3+4 i)z -3 i<z>w +3 i = (3 + 4 i)z lay module 2 ve ta dugc 
: |w + 3z|=|3+4z||z| = 25 vay tap hgp bieu dien w la dudng tron tarn (0;-3) vabankmhla25 

Vi du 3: Neil so phiic z ^ 3 thoa man |z| = 3 thi phan thuc cua bang: 




C. 6 


D. 3 


Huong dan 

U day bai toan dung vdi moi so z ^ 3 thoa man |z| = 3 nen cac em chi can chon mot so z bat 
ki thoa man la dugc chung ta chgn la 3 i 


5-3i 


Hi 


Vay khoanh dap an B 

*Cac dang loan ca ban Oxyz 

+Cach bam may casio oxyz co ban em xem d thu muc cung tai lieu nay. 
Cac dang co ban phai nam dugc: 

Dang 1: Giao giua dudng vdi mat 
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Vi du 1: Trong khong gian voi he true Oxyz, tim toa do hinh chieu vuong goc cua diem 
A(0; 1; 2) trenmatphang (P):x+y + z = 0. 

A. (-1; 0; 1). B. (-2; 0; 2) . C. (-1; 1; 0). D. (-2; 2; 0). 

Huang dan 

Cach 1: Kiem tra cac dap an: 

Taco: M(- 1; 0; l)e(P). (P) co mot vecto phap tuyen n( 1; 1; l) 

AM (—1;—1;—l) AM cung phuong vdi n => AM ±(P ). Do do M{- 1; 0; l) la hinh chieu 

vuong goc cua A tren (P). 

Cach 2: Phuong phap tu luan: 

Goi A la dudng thang di qua A va vuong goc voi (P) . Ta co (A) : < 


x = t 
y = l + t 
z = 2 + t 


Toa do giao diem cua A va (P) la M(-1; 0; l). Do do M(-1; 0; l) la hinh chieu vuong goc 
cua A tren (P). 

Vi du 2[MH 3]. Trong khong gian voi he toa do Oxyz, cho mat phang (P): 6x-2y+z-35 = 0 
va diem A(-l;3;6). Goi A ' la diem doi xung voi A qua (P), tinh OA'. 

A. OA'= 3,^126. B. OA' = 5sj3. C. OA' = ^46. D. OA' = -Jl 86. 

Huong dan 

Tim nhanh hinh chieu H cua A len (P) ket hop tham so hoa va giai phu-ong trinh tim tham 
soluon: 6(-l+6/ l )-2(3-2t)+(6+/)-35 = 0 

©mBmfflSiDramBlijmcEisciiemmfflmEfflsmmE) 

f3~| m [shIftI [CALCl f=1 

a Math a 

6(-l+6X)-2C3-2Xt> 

X= 1 

L-R= 0 

H(5, 1,7) la trung diem cua A A' nen A' (ll, -1,8) -> OA = >/l86 
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Dang 2: Viet phuong trinh mat phang 

Vi du 1: Trong khong gian voi he toa do Oxyz , viet phuong trinh mat phang (P) chxia 


dudng thang d : 


x —1 y z +1 


va vuong goc vdi mat phang ( Q ): 2x+ y - z = 0 . 


2 1 3 

A. x + 2j; + z = 0. B. x—2y—l = 0 . C. x+2y —1 = 0. D. x — 2y + z = 0. 

Huang dan : Do y ^ u d J = (4;-8;0) = 4(l;-2;0) la mot VTPT cua (P) nen chon B 

\d a (P) 

Dang 3: Viet phuong trinh dtrcmg thang 

? V_1 -i; ^ 7_3 

Vi du 1[MH3]. Trong khong gian voi he toa do Chcyz , cho dudng thang d : — = -- - - = • 

Phuong trinh nao dirdi day la phuong trinh hinh chieu vuong goc cua d tren mat phang 
x+3 = 0 ? 

x = — 3 
y = —6 — t. 
z = 7+ 4t 

V V V 

Huang dan 

x = l+2t 

, x — 1 y + 5 z-3 

d: -= - =-=^>Iy = -5-f 

2-14 

Z — 3 + Art 

Cac em tim giao cua d va x + 3 = 0 thi diem nay cung thuoc d' la hinh chieu cua d 

x+3 = 0->(l + 2/)+3 = 0->/ = -2~> 7T(-3, -3, -5) em thay toa do diem nay vao cac dap an xem 


A. - 

x = -3 

y = -5-t . 

B. . 

x = -3 

y = -5 + t. 

c. - 

II II 

1 1 

+ 

K> 

D.- 


z = -3 + At 


z = 3 + At 


z = 3-t 



no thuoc dap an nao ? 

Duy nhat chi co dap an D thoa man 


x = -3 

y = -6-t = -3^>t = -3 
z = 7 + At=7-\- 4(—3) = -5 


*Cac dang loan co ban HHKG 
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Dang 1: Tinh the tich chop biet duong cao va day 


Vi du 1: Hinh chop tu giac S.ABCD co day la hinh chir nhat canh AB = a, AD = a>J 2; 
SA 1 ( ABCD ), goc giira SC va day bang 60°. Tinh theo a the tich khoi chop S.ABCD. 

A. 3 s/2a\ B. 3a 3 . C. s[6a\ D. -J2a\ 


S 



Huong dan 

Ta co AC = Jab 1 + BC 1 = <Ja 2 +(a^) 2 =aS 
SCA = (SC^ABCD)) = 60° 

Vay SA = AC. tan ACM = a^/3Am60° - 3 a. Ngoai ra 

Sjucd = a a A = Cfyjl nen V SABCD = = Aa.a 2 ~j2 = a 3 A . 


Dang 2: Tmh the tich cac khoi lang tru, hinh tru, non, cau 

Phan nay chu yeu chung ta nho cac cong thuc tmh co ban sach giao khoa va lam them 
nhieu bai d cac de thi thu la dirge 

Vi du 1[MH 3]. Tmh the tich V cua khoi tru ngoai tiep hinh lap phuong co canh bang a. 

A. V = —. B ,V = 7ta\ C.V = —. D. V = —. 

4 6 2 

Huong dan: 



h = a 

( „ \ 2 

Ve hinh nhanh : < 

a -> V = 7r.\ 

CL 


:|UN 

II 

A2, 


Ve co ban thi anh da huong dan nhung dang co ban nhat va chac chan co trong de thi de 
cac em on tap trong tarn, File nay anh da co gang chat loc bien soan nhung thu can thiet 
nhat co the va luoc bat nhung ki thuat qua nang cao tap trung vao giai quyet cac van de 
trong de thi. 

Anh hi vong cac em ren luyen cho tot de tu tin duong dau voi cuoc thi sap toi! 

Chuc Cac em Do Dai Hoc! 
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Su 1 bien thien 

I. Ly Thuyet 

Gia sir ham so / co dao ham tren khoang (a;b). Khi do 
/'(x)>0 Vxe(a;Z>) => / dong bien tren (a; Z>); 

/'(x)<0 Vjce(a;6) => / nghich bien tren ( a;b ); 

Ta thay viec xet sir bien thien cua ham so thirc chat la xet dau cua dao ham. 

II. Vi Du Minh Hoa 

Dang 1: Bai toan khong chira tham so 

ViduliHamso ,y = x 3 -3x 2 +3x+5 dong bien tren khoang nao? 

A.(-oo;3) B.(-oo;3) va (3;+oo) C.(-3;3) D. R 

Hu-o-ng din: 

Taco: y = 3x 2 -6x+3 = 3(x-l) 2 >0 do do ham so dong bien tren R 


Vidu2: Ham so >> = —^x 3 -2x 2 +16x-31 nghich bien tren khoang nao? 


A. (- 00 ;-4) va (2;+ 00 ) B.(-oo;2) 

Hiring dan: 


C. (-4;2) D. Dap an khac 


Ta co : y = -2x 2 -4x+16,y = 0<=> 


x = 2 
x = -4 


—» y' < 0 <=> x e(-oo; -4) u(2; +co) 


Giai nhanh bang Casio: Sir dung tinh nang dao ham d/dx 
Bu’O’C 1: Khdi dong d/dx : |shift| [Xp-1 
Bitot 2: Nhap bieu thirc vao may: 


0 Math 


[3 Math 


^(-§X 3 -2X 2 +16> << 2 +16X-3l)|,,_ D 
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Bu’O’c 3: Chon gia trj x dai dien dac trirng cho dap an do 
Xetdap anAvcri x=-100,x=100 

0 Mlth A 13 Math A 

<16X-31)| k= _ 100 £(-fX 3 -2X 2 +16t- 

-19584 

0 Math A S Math A 

++16X-30|,. =loo l £(-§X 3 -2X 2 +16> 

-20384 

Vay ca 2 khoang (-oo;-4) va (2;+oo) d'eu thoa man nen chon A 
Vidu3: Ham so y = x 4 -2x 2 +3 dong bien tren khoang nao? 
A. (—1;0) va (l;+oo) B. (-oo;-l) va (0;l) C. (-l;+oo) 


Huang dSn 


y' = 4x 3 -4x-4x(x 2 -l),y'>0o 


-l<x<0 

=> A 

x>l 


D. (^o;l) 


Giai nhanh bang Casio: Sir dung tlnh nang CALC 


Bu’O’c 1: Nhap bieu thirc can tinh : 
f?1 UphaI 171 fiifl [FI R iti imi m 

4X 3 -4XI 

0 Math 

Bu’O’c 2: Goi chircmg trinh CALC : |CALC| 

X? 

0 Math 

0 

Bu'6'C 3: Lay gia trj dac trirng cua 

4X 3 -4X 

0 Math A 

tirng dap an de thir 


Vi du lay X = 100 de kiem tra dap an 

A,C 

CDGDQlHI] 

Vay co kha nang A hoac C dung, tiep 


3999600 

tuc tim su- kha biet giira 2 dap an nay: 


0 Math A 

Cac em lay X= 0,5 vi gia tri nay chi co 

4X 3 -4X 


CcomaA khong co 


_3 

pc) El El (U 1=1 


" 2 
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Vay loai ngay dap an C nen chon A. 


3x + 2 

Vi du 4: Ham so y =- nghich bien tren khoang nao? 

x + 1 

A.x>l B.xcl C. R/ l D. Ca A,B,C d'eu sai 

Huong dan: 

, , , , , , ax + b , ad-be 

Cong thirc tinh nhanh: y = -» y = - 


cx + d 


(cx+ d) 2 


^y: 


1 


(x + 1) 2 


•D 


Giai nhanh bang Casio: Sir dung tinh nang TABLE 

fCXH 


Bu’O’c 1: Khoi dong Table Program 
ImodeI 0 


Bunc 2: Nhap ham so can khao sat 

Mot so may se hien them G(x) neu chua 
tat sau khi bam Q=) 

Cac em bam (=) de bo qua. 

Tiep theo: 

May hien Start: Gia tri khdi d'au 
Be kiem tra dap an A: 

Start 1= ; End 20= ; Step 1= 

Birox 3: Theo doi bang gia tri 
Dua vao bang gia tri thay F(x] tang dan 
chung to ham so dong bien tren doan 
vira roi vay dap an A bj sai nen loai C va 
ta se thu" B tuong tu. 


fOO= 


g(X)= 


Start? 


_ 3K+2 

X+ll 


End? 


i 

s 

Mk 

a 

3 

a.EEEE 

a. ns 


Math 


Math 


Step? 


20 


5 j2 


Vay, de giai nhanh bai toan Sir bien thien chung ta co 3 each la dung : d/dx, 
CALC, Table de giai quyet nhanh va khong b{ phu thuoc nhi'eu vao kT nang bien 
doi nhanh. 
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Be kiem chirng tinh hieu qua cua 3 thu thuat casio nay chung ta se sang mot so vi 
du kho horn. 


Vf du 5 : Ham so v = 


-x +2x — 4 


dong bien tren khoang nao? 


A. (- 00 ; 0) va (4; + 00 ) B. (- 00 ; 0) va (0;2) C. (0;2) va (2; 4) D.(2;4) va (4; + 00 ) 

Huong d5n: 

, (-2 x+ 2)(x- 2) - (~x 2 +2x-4) -x 2 + 4x , „ |~0<x<2 

y' = - ---—-- =--;/>0o ->C 

x-2 (x-2) 2 [_2 < x < 4 

Be lam bai nhanh thi khuyen cao cac ban nen dung d/dx 

Trircrc het la thir cac dap an co vung rong nhir A,B,D 

Vdi x = 100 dac trirng cho dap an A va D 


ll 

d 

'-X2+2X-41, 

J1 X =100 

dx 

w X-2 Jl 


-0.9995835069 

Vay loai dirge A va D, tiep theo thir vcri x = -100 dac trirng cho dap an B 

0 Math B Math A 

^X-2 Jl X=—10GI dxl X-2 Jlx^ 

-0.9996155325 

Vay loai dap an B, va chi con C nen day la dap an dung. Viec lam bang thu thuat 
nhir the nay khong chi giup cac em lam nhanh ma cung tranh nham lan do nhan 
chia hay nher sai cong thixc dao ham cua phan thirc. 

Vi du 6: Ham so y = -j—j dong bien tren khoang nao? 


A. (-oo;-i) va 

Hiro-ng ddn 


B. (-l;l) 


C. (— 00 ;— 1 ) 


D. (l;+oo) 
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X 

— 00 

-1 

1 

+O0 

f'(x) 


- 0 

+ 0 

- 




3 


f(x) 

0 \ 

3 / 

^ 2 

N,„ 



2 




TXD: R, 

Ham so nghich bien tren cac khoang 
(-oo;-i) va (l;+oo), dong bien tren 

(-ki) 

Casio : cac em tir thirc hanh roi doi 
chieu vdi dap an 


Vi du 7: Ham so y = ^-j= nghjch bien tren khoang nao? 
3-Jx 


A. (l;+oo) va (0;l) 


B. (l;+oo) 


X — 00 0 1 +00 

f’(x) i'; - o + 


C. (0;l) D. 

TXD = [0; + oo ), y' = ^F= 

6Xy}X 


D. (-1;0) 

x — 1 


\ 7 1 00 Ham so nghich bien tren (0;l), dong 

f(x) \ 3 / 

bien tren (l;+°o). Casio : cac em tir 
thirc hanh roi doi chieu vdi dap an 

Vi du 8: Ham so y = Jx+ 2+%/3-x dong bien tren khoang nao? 


„ 1 ' 

. f 1 A 

-2;- 

va —;3 

2 > 

12 


B. -3 


c 


D. (-2; 3) 


Hircrng dan: 

TXD: —2; 3 

v' =— , 1 - ,1 :y'>0 \[x + 2 <\f3--x <=>x< — —>C 

2yfx+2 2-J3 2 

Casio : cac em tir thirc hanh roi doi chieu voi dap an 

Vidu9[Hamlu , o , nggiac]. Ham so y = sin 2 x+cosx +1; x e 0 ,-^ dong bien tren cac 
khoang 
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0;—I 

B. Tren 

0;-) C. 

TV TV 

D. 

TV TV 

2) 


3) 

J'2] 


JS'2, 


Hircrng din 


Bitot 1: 

Chon he radian 

fsijrl SodeI f4l 

Goi d/dx Program 
(sS)® 

[3 Math 

Biror 2: Nhap bieu thirc 

0 Math 

^(feinQ0 2 +cos!> 

Birox 3: Chon gia tri dac trimg cua m a 
tirng dap an. 

Xetdap an A,B^x = 0.1 

Vay loai C, xet xem A hay B dung x = ^ + 0.1 

3 

Vay loai A chon B 

0 Math A 0 Math A 

4]s(X)+l)| K=0 _ i ^(sinG0 2 +cosn> 
0.09883591416 

0 Math A 0 A 

« + U|x=o.i +J(+ ai ^(sinG0 2 +cosn> 
-0.1621877039 


Dang 2: Bai toan dura tham so 

VI du 1: Vo-i gia tri nao cua m, ham so y = -H 3 + 2x 2 +(2m+l)x-3m+2 nghjch 

3 

bien tren R ? 

A. m = B. m>-— C. m > -- D.m<-— 

2 2 2 2 

Hiro-ng din 

y' = -x 2 +4x+(2m+l) de ham so nghich bien tren R thi 
A ’ = 4 + (2 m+1) < 0 m < 

Giai nhanh bang Casio: Sir dung tinh nang d/dx 
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Birac 1: Goi d/dx Program 

IsilFTlfl&l 

0 Math 

Biro'c 2: Nhap bieu there va thay m = Y, 

0 Math 

HRm(T)f3i(^HmHgimf2i 

^ (2 Y+ 1 ) X-3 Y+2IJ | ■> 

(alpha) CD ® 09 CD GO (alpha) (s»d) (+) CD (T) (alpha) 


171R IT) (alp§ Is^dI f+1 m 

0 Math A 

O’ day de yeu cau la nghich bien tren R nen de 

^:f^-X 3 +2X 2 +(2l> 

X=10 


An [=) de Ieru lai bieu there 

-995999 

Biro'c 3: Chon gia tri dac trirng cua m a tirng 

0 MathTA 

5. v 

dap an . Thir dap an A: Gan A vao Y 

_5 

0(5j(I|(2]@@@ 

0 Math A 

Sau do (5> de quay lai bieu there vira luu roi 

^f^-X 3 +2X 2 +(2i> 

an (=) (Hoac dung CALC X=, Y= ) 


Vay A thoa man (loai C] nhirng cac ban van 

-9960U4 

a Muii ▲ 

phai kiem tra dap an B va D bang each gan Y la 

^[^X 3 +2X 2 +(2Yt> 

100 va -100 

341 (m=100) 

Chon gia tri \A>\ X “\ de giam sir phu thuoc 

0 Mxt+. A. 

^(^X 3 +2X 2 +(2Y> 

vao x, khi x Ion trir khi cac em phai de m cere 

-59 (m= -100) 

Ion men thay diro-c sir khac biet giira cac dap 


an nen chon x vira tarn thoi cho m to to len co | 


M"M, a la so mu cao nhat 


Vay loai B chon D 

1 


Vi du 2: Voi gia tri nao cua m, ham so y — mx 3 -3x 2 +(m— 2)x+3 nghich bien tren 


R? 


A. m = —1 B. m = 0 C. m>-l D.m<-1 

Hirong din 

TXB: R.Taco: y' = 3mx 2 -6x + m-2 

Ham so nghich bien tren R khi va chi khi y' = 3mx 2 - 6x + m - 2 < 0, Vx g R 
TH 1: m = 0 , khi do y' = -6x-2<0<=>x>-T khong thoa VxeR. 
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TH2: m^O ta co : 

fm <0 fm < 0 fm < 0 

y'<0,VxeRo< Ol <>< <=> m<-l 

[A = 9-3m(m-2)<0 -3m +6m + 9<0 lm<-lvm>3 


Giai nhanh bang Casio: Sir dung tinh nang CALC 


Biro’c 1: Viet bieu thuc dao ham true tiep 
tren may va chu y thay the m=Y 
f3l [ALPHAl fALPHAl fTl f^l f~6~1 [aEPHAI [Tl f+l 

(alpha) (s# 6) El CH 

O Math 

3YX 2 -6X+Y-2 

Biro’c 2: CALC vdi X (co dinh) la 1 gia trj 
thuoc khoang can xet va Y la 1 gia tri dac 
trung cho dap an 

Chung ta thu dap an A vdi 7 = — 1 va 

X = 100 

(CALCl [—■) (T| [=1 

□D (D [o] (=) 

Vay la gia trj bieu thuc am nen A ,Dco the 
thoa man 

Tuo-ng tu vo-i dap an D thi chon 7 = —100 

a Mwh a 0 Math A 

Y? x? 

-1 100 

S Math A 

3YX 2 -6X+Y-2 

-30603 

•.p 0 “* x? B 

-100 100 

a Math a 

3YX 2 -6X+Y-2 

-3000702 

Btro-c 3: Chon Dap an 

D 


r 7TIX — 772 3 7 , \ , 

Vi du 3: Cho ham so y = --—, tim m de ham so dong bien tren timg 


khoang xac dinh. 
A. -3 < m < 1 

Hircmg dan: 


x + 2 


B. m^-2 


m<- 3 
m > 1 


D. -3<772 <1 


, m~ + 2m-3 ^ 

v' =---— > 0 

fx+2'r 


M >1 


m < —3 


Vidu4. Ham so y=x 3 -2mx 2 - m -f l x+l dong bien tren [0;2] khi 


A. m > — 1 

Hu , 6 , ng ddn 


B. 7n<—1 


C. m> — 


D. 171 < 


11 


Khai dong d/dx va nhap bieu thuc can xet thay m = Y 
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d 

d* 


Mi.th 


Cx 3 - 2 YX £ -(Y+ ► 


0 Math 

<i'+l)X + l)| 3Bl0 . 1 


Sau <36 CALC , may hoi X? thi cir an = (khong anh hirong gi dau) con may hoi Y? 
thi nhap 

100= doi veri dap an A va C dirge 

0 Math A 

^(X 3 -2YX 2 -(Y+l> 

- 140.97 

Vay loai luon A, C va ro rang chi co the B hoac D dung thi cac em xet sir khac biet 
m=0 


CALC X? = Y? 0= 


0 Math A 


£(X 3 -2YX 2 -(Y+t> 

97 

" 100 

Vay loai dap an D nen chi co the la dap an B dung 

mx 2 +6x — 2 


Vf du 4: Tim m de ham so y - 

-14 


A. m < — 1 
Hu'6'ng dSn: 


B. m < 


x T 2 

C. m>-l 


nghich bien tren [l;+oo) 
14 


D.m> 


Sir dung may tinh cac em lam nhir sau: 

Xet dap an A,B cac em lay gia tri |m| » |x| de giam sir anh hirong cua x tod ket 
qua 


— f 

dxl 


0 Math A 0 Math A 

-100KS:+6X-2 \ J&+6 X-2' 

K+2 XI *X+2 

-56.91987513 


0 Math A 


Xet dap an A vcri m = -1 ta se loai dirge A va chon B 


151; 
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0 Math A 

d f -^+6K-2 s || f 
dxl k +2 M=y 

0.8730489074 


Tir Iuan thi cac em lam nhir sau : 

„ , . mx 2 + 4/MX + 14 

Taco: y' = --- 

(x+2) 2 

Ham so nghich bien tren l;+oo y' <0,Vx>l<^>rot 2 + 4rot + 14<0,Vx>l 

Den day ta co lap m de xet ham so 

4»/k(x 2 +4x)< — L4,Vx>l<^»m< — ,Vx>l 

x + Ax 


Bai toan treethanh: Tim m de ham so /(x) = — 14 ,Vx> 1 

X“ +4x 


Taco: /'(x) = 


14(2 x+ 4) 
(x 2 + 4x) 2 ’ 


Vx > l 



■14 


14 


Ta can co: min /(x) > m <*=> m < -. Vay m < -la cac gia tri can tim cua m. 


Cach lam theo hinh thiic ticluan kha la dai va ton th&i gian nen khong phii hap v&i 
hinh thuc trac nghiem ddi hoi nhanh va dung, a vi du nay cac em sic dung may tmh 
casio se thay sic khac biet ro ret ve toe do heuy la thong thic&ng lay m »| x“ | vdi a 
la so mu cao nhat de giam sir phu thuoc cua ket qua vao x 
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Vf du 5: Tim tat ca cac gia tri thirc cua tham so m sao cho ham so y = 


tanx-2 
tan x-m 


dong bien tren khoang [ 0;-^ 


A. m < 0 hoac 1 < m < 2 B. m < 0 C. I < m < 2 D. m > 2 

Anh da hiro'ng dan vf du nay o' de ph'an chfra de minh hoa. 

Vf du 6[De Thu 1 Nghiem]:Tim tap hop tat ca cac gia tri cua tham so there m de 
ham so y = \n(x 2 +\)-mx+\ dong bien tren khoang 

A. (—oo;—1]- B. (—oo;—1). C. [-1;1], D. [l;+°o). 

Hiro’ng dan: Chon gia tri dac trirng cua cac dap an, thii’ m =-100 

@ m 0 @ ei ® e) cd ra a m ® n] m m ej m <g> m m ® (=) 

S Math A 

^Qn(X 2 +l)-10d> 

-99.980002 

Vay loai D, xet m = 

S Math A 

^(ln(X 2 +l)+10d> 

100.019998 

Vay A hoac B dung, xet not tai m--\ 

S Math A 

gj(ln(X 2 +l)+X+> 

1.019998 

Vay khoanh A 


153 
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Tong Ket 

Doi voi nhung bai cho khoang rong thi ira tien dung d/dx khoang hep thi dung Table. 

Vi du 2 : Tim tat ca cac gia tri thyc cua tham so m sao cho ham so y = - in X — ^ dong bien 

1-sin jc 


tren khoang 0; 


A. i 5 B ,m<- 

—<m<— 8 

L4 8 


C— <m<- 
2 2 


D. m < 1 


Huang dan 

Xet m=l xem dap an D dung khong vi A,B,C khong chiia m=l 

0 Mill, 

jtn -2(1) 


NhotatG(x): [shIftI ImooeI (t) (~5~| fTl 


Start 0= End — = Step — = 

6 48 


0 Math 

K F CHJ 

M D.I3E3 -l.HHE 
E D.SEn -l a BE E 

e D.BEiB nrm 

- 1.87197971^ 


Cac em thay no vna dong bien vua nghich bien nen loai D, xet m=-l de kiem tra A,B 

iii@ 


0 Math 





w 


E 

□a 3E1E 

n 

D.33EE 

B.nsm 

B 

D.M5BI 

3.D3EE 


2.588937063 

Vay m=-l ham dong bien tren khoang da cho, cac em xet tiep m=0.1, B co ma A khong co 
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fCX)=i 


[3 Mscth 

—2 (0. 1) 


0 Mj.th 

X FCKJ 

3D.I3Q0 -n.m 

M □. 13G3 - 5-.p3 

5 D.EEI1 Hirt'lrf 

0.06304206254 


Cac em thay gia tri ham luon tang nhir vay B dung 

Dang ham bac 3 dong bien / nghich bien tren R thi cac em dung cong there giai nhanh 

Cau 38: Cho ham so y = -x 3 - mx 2 + (Am + 9)x + 5 vbi la m tham so. Co bao nhieu gia tri nguyen 
cua m de ham so nghich bien tren khoang ( - oo; + oo) ? 

A. 7 B. 4 C. 6 D. 5 

Hiring dSn 

Dang nay cac em dung cong there cho nhanh 

f a >0 , [ a <0 

Ham bac 3 dong bien tren R: \ nghich bien tren R: < 


b - 3ac < 0 


b -3ac < 0 


=±> m 2 -3(-l)(4/w + 9) < 0 —» —9 < x < -3 Vay khoanh A 

Dang ham bat ki nao do dong bien / nghich bien tren R thi cac em xet d/dx tai x = ±100 
va vdi gia tri tham so dac trirng cho cac dap an. 

Vi du 6 [ Be thfr nghiem] 

Bai tap ren luyen 

Cau 1. Cho ham so y = x 4 -8x 2 -4. Cac khoang dong bien cua ham so la 
A. (-2;0) va (2;+oo). B. (-2;0) va (0;2). C. (-oo;-2) va (0;2). D. (-oo;-2) va (2;+oo). 

Cau 2. Cho ham so y = x 3 - 2x 2 + x + 1. Menh de nao dirbi day dung? 

A. Ham so nghich bien tren khoang Q-;l . B. Ham so nghich bien tren khoang 

C. Ham so dong bien tren khoang ^;1 j . D. Ham so nghich bien tren khoang (l;+co). 

Cau 3.Trong cac ham so sau ham nao dong bien tren K? 

A. y-x A +x 2 -1. B. y = — — . C. y = x 2 + l. D. y = x 3 +x. 

x + 3 

Cau 4. Cho ham so: y = x.^3— 2x . Khang dinh nao sau day sai ? 

3-3x 

A. Bao ham cua ham so la: y = — - . B. Ham so co mot diem cere tri. 

V 3-2x 


C. Ham so dong bien tren khoang (-oo;l). D. Ham so nghich bien tren khoang (l;+oo). 
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Cau 5. Cho cac ham so/(x) = x 5 — x 3 +2x;y = x 3 +l;y = -x 3 -x-4sinx. Trong cac ham so tren 

co bao nhieu ham so dong bien tren tap xac dinh cua chung. 

A.O. B. 2. C.l. D.3. 


2x-3 


Cau 6. Ham so y - 


Cau 7. Ham so nao sau day dong bien tren R? 


nghich bien tren khoang nao trong cac khoang dirdi day? 


. D. (-co;—l). 


r 3 ) 


(3 > 

„ (, A 


B. 


C. 1;- 

l 2) 


U J 

1 l 2) 


X —1 


.J , A ,.2 , i r ,„4 o ,.2 i , ^ ,.3 1 2 


A. y = - 1 . B. y = x J + 4x 2 +3x —1. C. y = x 4 —2x 2 —l. D. y = — x 3 —— x 2 + 3x + l. 

x + 2 3 2 

Cau 8. Trong cac ham so sau, ham so nao nghich bien tren khoang (-l;l) ? 


A- y = — - 

x 


, 1 
B. y = x 3 -3x + l. C. y = —. 


D.y 


Cau 9. Cho ham so /(x) co dao ham tren R va /'(x) > 0, Vx > 0. Biet /(l) = 2, hoi khang dinh 
nao sau day co the xay ra? 

A. /(2) + /(3) = 4. B. /(-1) = 2. C. /(2) = 1. D. /(2016) >/(2017). 

Cau 10. Tim tat ca gia tri cua m de ham so y = 2x 3 +3(ra-l)x 2 + 6(ra-2)x + 3 nghich bien tren 
khoang co do dai lan hem 3. 

A. m >6. B. m = 9. C. m <0 hoac m >6. D. m<0. 

^ , (m-\-\\x — 2 

Cau 11. Tim tat ca gia tri cua m de ham so y = - --- dong bien 

dinh. 


x — m 


tren tumg khoang xac 


A. —2<m<\. 


B. 


m> 1 
m < -2 


C. —2 < 772 < 1 . 


D. 


m > 1 
m < -2 


Cau 12. Cho ham so y = ——x 3 + mx 2 + (3m + 2)x +1. Tim tat ca gia tri cua m de ham so nghich bien 
tren R. 


m >-l 
m < -2 


B. 


m > -1 
m < —2 


C. —2<m< -1. 


D. —2<m< —1. 


1 2 

Cau 13. Tim tat ca cac gia tri cua tham so m de ham so y = -x 3 + (m-l)x 2 +(2m-3)x~ — dong 
bien tren (l;+oo) 

A. m>2. B. m<2. C. m<\. D. m>\. 
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7/l JflX^ 

Cau 14. Tim tat ca cac gia tri m de ham so y = -x——+ 2x + 2017 dong bien tren R 

A. - 2 V 2 < m < 2-Jl. B. m < 2^2. C. -2^2 <m. D. —2-J2 <m< 2^2. 

Cau 15. Tat ca cac gia tri m de ham so y = mx 3 + mx 2 + (m-l)x—3 dong bien tren R la: 

3 3 

A. m<0 . B. m>0. C.m> — . D. 0 <m< — . 

2 2 

Cau 16. Ham so y = yjx 2 -x + 1 - mx dong bien tren R khi va chi khi 

A. m<— 1 . B. 777 <—l. C. tw< 1 . D. —l<m<l. 

Cau 17. Tim cac gia tri cua tham so m deham so j; = -^-jc 3 +(m-l)x 2 + (m + 3)x-10 dong bien 


trong khoang (0;3)? 


a ^ 12 

A. m > —. 
7 


„ 12 
B. m <—. 
7 


C. twgR. 


D. m >- 


12 


x \ 

Cau 18. Dieu kien can va du cua m de ham so t = ——(w + l)x 2 + (w 2 + 2/7?jx+l nghich bien tren 
khoang (2; 3) la 

A. me( 1;2). B. 777 <1. C. m> 2. D. we[l;2]. 

Cau 19. Cho ham so ;; = x 4 -2nvc 2 -3m+l (1). Tim m de do thi ham so (1) dong bien tren khoang 
0:2)? 

A. m < 1, B. m < 0. C. 0 < m < 1. D. m < 0 . 

Cau 20. Tim m de ham so y = ——- dong bien tren khoang (2; + 00 ) 

x + m 

A. twg[-1;+oo). B. me (- 00 ;-2) C. /we (2;+ 00 ). D. m e(-l;+oo). 


Cau 21. Cho ham so y = ^x 3 -mx 2 +3x +1 (777 la tham so thuc). Tim gia tri nho nhat cua m de 
ham so tren luon dong bien tren M . 

A. m — 1. B. m — -2. C. m -3. D. m — 0. 


Cau 22. Tim tat ca cac gia tri thirc cua tham so m de ham so y = - nghich bien tren nua 

x — m 

khoang [l; + 00 ). 

A. 0<77i<l. B. 0</w<L C. 0<m<\. D. m>\. 


Cau 23. Tim tat ca cac gia tri thuc cua tham so m de do thi ham so j; = sin:x + cosx + 772 x dong 
bien tren R. 
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A.—^[2 < m < \[l . B. m<—\fl. C. —-\/2<ra<V2. D. m>^/2. 


Cau 24. Tat ca cac gia tri there cua tham so m de ham so y = 2x 3 + 3(m-\)x 2 + 6(ra-2)x + 2017 
nghich bien tren khoang (a; b ) sao cho b - a > 3 la 


A. m> 6 . 


B. m — 9. C. m<0. 


D. 


m < 0 
m > 6 


Cau 25. Vdi cac gia tri nao cua tham so m thi ham so f(x) = -x 3 +?>x 2 +2mx-2 nghich bien 
tren khoang (0;+oo)? 


A. m< — . 

3 


B. m < 


C. m < - 


16 


^ 32 

D. m <-. 

27 


Cau 26. Tim tat ca cac gia tri cua tham so m de ham so y — mx-smx dong bien tren 
A. 772>1. B. m>— 1. C. m>\. D. m>0. 


Cau 27. Tim tat ca cac gia tri there cua tham so m de ham so y = 2x 3 — nix 2 + 2x dong bien tren khoang 

(-2;o). 

13 13 

A. m > -. B. m>—2\/3 . C. m<2\[3. D . m >—. 

2 2 

Cau 28. Tat ca gia tri thirc cua m dehamso y = x 3 -6x 2 + mx + \ dong bien tren (0;+oo) la 
A. m>0. B. m<0. C. m>l2. B. m<l2. 

Cau 29. Cho ham so y = mx 3 +3 mx 2 -3x +1. Tim tap hgp tat ca cac so thu-c m de ham so nghich 
bien tren R. 

A. — 1 < m < 0. B. — 1 < m < 0. C. m>0vm<-l. D. — 1 < m < 0 


0Q-j^ 

Cau 30. Tim tat ca cac gia tri thirc cua tham so m de ham so y = - dong bien tren 

wjcotx — 1 

khoang 

A. o;0)u(l;+oo). B. m€(-oo;0). C. m e (l;-Hx>). D. ?we(-oo;l). 


x 3 2 


Cau31. Cho ham so t = -^--^-x 2 +4x + 2017. Binh m de pherorig trinh y r = m 2 — m co dunghai 


ngiem thuoc doan [0; m ]. 



B. 


C. 


D. 

( 1 + 2V2 “ 

l 3 J 


l 3 J 


l 2 J 


l 2 ’J 


Cau 32. Tim tat ca cac gia tri cua tham so m de ham so y = (m 2 -l)x 4 -2mx 2 dong bien tren 
(h+oo) 
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A. m< —1 hoac m >1 B. m < — 1 hoac m > ^ + ^ C. m = —1 hoac m > — + - D. m < —1 


2 ' 


Cau 33. Tim m dehamso y - ^ CQSX + ^ dong bien tren (0;;r). 


cosx — m 


A. m<— 1. 


B. m > —. 
2 


C. m > 1. 


D. m > —. 
2 


Cau 34. Tim m de ham so y = --x 3 +mx 2 -(w2 + 1 )jc-/w + 3 dong bien tren doan co do dai bang 
2 . 

A. m = —1 hoac /?? = 2 B. m — —1 C. Khong ton tai m. B. m = 2 

Cau 35. Tim tap hop tat ca cac gia tri thirc cua tham so m de ham so 


y = -x 3 -(m + l)x 2 +{m 2 +2m}x-'i nghich bien tren khoang (0;l). 
A. [— l;+oo). B. (— oo; 0]. C. [0;l]. 


D. [—1; 0]. 


2cosxt3 

Cau 36. Tim tat ca cac gia tri cua tham so m de ham so y = -nghich bien tren khoang 


2 cos x — m 


3 J 


-3 < m < 1 
m > 2 


B. 


m < -3 
m > 2 


C. m < —3. 


D. m > —3 


1.A 

2. A 

3.D 

4.D 

5.B 

6.D 

7.D 

8.B 

9.B 

10.B 

ll.C 

12.C 

13.D 

14.D 

15.C 

16.B 

17.A 

18.D 

19.A 

20.D 

21.D 

22.A 

23.D 

24.D 

25.B 

26.C 

27.B 

28.C 

29.D 

30.B 

31.D 

32.B 

33.C 

34.A 

35.D 

36.C 
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Cue Tri Ham So 

Dinh If 1. Gia sir ham so 7 = /(x) lien tuc tren khoang K = (x 0 -h;x 0 +h ) va co dao 
ham tren AT hoacX\ x 0 (h> 0). 

TH1: f'(x)> 0 tren ( x 0 -h;x 0 ) va /'(x)< 0 tren (x 0 ;x 0 +h) thi x 0 la mot diem CD cua 

f(x) ■ 

TH2: /'(x)< 0 tren (x 0 -/j;x 0 ) va f'(x)> 0 tren (x 0 ;x 0 +/?) thi x 0 la mot diem CT cua 
/(*)■ 

Nhan xet: Ham so co the dat circ tri tai nhirng diem ma tai do dao ham khong xac 
dinh. 

Qui tac 1 tim cur tri ham so (dua vao dinh ly 1). 

^ Tim tap xac dinh. 

^ Tinh f'(x). Tim cac diem tai do f'(x) = 0 hoac f'(x) khong xac dinh. 

^ Lap bang bien thien. 

^ Tir bang bien thien dira vao dinh ly 1 suy ra cac diem cure tri. 

Dinh li 2. Gia su y = /(x) co dao ham cap 2 trong (x 0 -h;x 0 +h) h > 0 . 

Neu /'(x 0 ) = 0,/"(x 0 ) > 0 thi x 0 la diem cue tieu. 

Neu /'(x 0 ) = 0,/"(x 0 ) < 0 thi x 0 la diem cue dai. 

Qui tac 2 tim circ tri ham so (dua vao dinh ly 2). 

^ Tim tap xac dinh. 

+ Tinh f'{x). Giai phuong trinh f'(x) = 0 va ki hieu x ; - la nghiem 
^ Tim /"(x) va tinh /"(x ; ). 

+ Dua vao dau cua /"(x,) suy ra tinh chat cue tri cua x ; -. 

I.Dang toan diem circ tri 

Vi du 1. Cho ham so y = -x 3 + 3x 2 -1. Ham so dat circ tieu khi? 

A. x = 0 B. x = l C. x = 2 D. x = 3 

Huung dSn: 

*TXD: D = R. 

[x = 0 

^ y' = —3x 2 + 6x; y' = 0 —3x 2 + 6x = 0 

x — 2 

^ Bang bien thien: 


X 

—00 0 

2 

+OO 

y f 

0 

+ 0 


y 

+00 

CT 

X 3\ 

/ CD 

—OO 
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Ham so dat cur dai tai x = 2, yco = 3; ham so dat cue tieu tai x = 0, y CT = — 1. 

Casio giai nhanh: 

fy' = 0 


Be thoa man la cue tieu thi no phai thoa man 2 dieu kien: f theo dinh If 2 

v ’ [y"> 0 

nhung de lam nhanh trude het cac ban xet y ' = 0 


Buoc 1. Kiem tra y' = 0 voi d/dx 

Taduoc x = 0,x = 2 

0 Math A 

<-X 3 +3X 2 -l)| ;t=0 l 

Buwc 2. Kiem tra gia tri lan can /(x+0.1) 

Va so sanh vdi /(x) voi CALC 
| Vay gia tri ham dang di len do do x = 0 la 
| mot cue tieu a bai nay 

a Mith a 1 

e M>tti a v3 j_ov2 n i 

“A + '_iA “el 

o -2 

u . . H Mxth A 

X? ” -X 3 +3K 2 -2 

0.1 -1.971 

| BmVc 3. Chon dap an 



Vf du 2. Cho ham so: y = -x 3 -mx 2 + m 2 -m + \ x + 1. Tim m de ham so 

3 

a) Co cue dai va cue tieu. 

A. 7« = 1 B.m>l C.m^l D.m<l 

b) Bat cue dai tai diem x = 1 

A. m = 0 B. m = 1 C. m = 2 D. m — 3 

Huang ddn 
TXB: D = R 

Bao ham: y' = x 2 — 2mx + m 2 — m +1 
a) Tim m de ham so co cue dai va cue tieu. 

Ham so co cue dai va cue tieu y' = 0 co 2 nghiem phan biet. 
fl^O 




<V ^ 0 
Ay >0 




—m — in —w + l >0 


772 — l > 0 777 > 1 


b) Tim m de ham so dat cue tieu tai diem x = 1 

y f = x 2 — 2mx + m 2 — m +1 va y n — 2x — 2m 

TT > r, + 4 - 1 y l = 0 772 2 — 3772 +2 = 0 [777= IV 772 = 2 

Ham so dat cue dai tai x = 1 ] <=> « 

y l< 0 [2-2777 <0 [m>l 

Vay khi m = 2 ham so dat cue dai tai x = 1 

Casio: Cac em giai nhanh phirong trinh y * = 0 thay x = 1 vao con de m la X 


777 = 2 
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Buffc 1. Nhap phiromg trinh 

0 Math A 

1 2 -2X+X 2 -X+1 

Buo’C 2. Goi Solve Program 
fsHiFTl ICALCl (=1 

Sau do ® d! sua roi Solve tiep 

Vay CO m = 1, m = 2 

H Math A 

Solve for X 1 2 -2X+X 2 -X+1 

X= 2 

2 L-R= 0 

_ „ t 4 0 Math A 

<+X 2 -X+lb(X-2) Cl 2 -2X+X 2 -X+1)^ 

L-r= o 

Buo’C 3. Tinh y" 

Vay dugc m = 2 

13 Math A 

2-2x2 2-2x1 ' 

-2 0 


II. Dang toan 2 cue tri 

^Viet phuung trinh qua 2 cute tri: 

Vi du 1. Viet PT duerngthang qua 2 circ tri cua ham so y=x 3 -2x 2 -x+l 


A .y = 


-14 

- x + 

9 


7 

9 




D.y 



7 

9 


Buo-c 1. Vao CMPLX 

Imoo! f2] 


Buo’C 2. Tinh pttheo congthuc: y-^~ 

18 a 

m m m © m m s a m ® m m 

CMPLX 0 Math A 

2-4K-1) (6X-4) 

1 IS 

Buo’C 3. CACL vdi X=i 
[CALCl (ENGl [=] 

Cacemthaylai i=x^>-y=—-x+- 

9 9 

CMPLX 0 Math A 

(X 3 -2X 2 -X+l)-— r l> 


Vi du 2. Viet PT DT qua 2 cue tri cua ham so jy = x 3 -3mx 2 +3(m 2 -l)x-m 3 

A.y = 2x-m B.y = -2x-m C.y = 2x + yn D.y = -2x + m 


Buo’C 1. Vao CMPLX 
(mode) (T) 
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Birac 2. Ti'nh pt theo cong thu-c: 

(ac) (T) d§ (T) dm) @ Q (D (M) (s«d) (M) (T) (+1 

pri m ra fs^5i r^i r m m {alphai m r ra rafsijfi 

mmmmrai^i^RmmmmRra 

mRRiMiis^imc^rnrsi 

CMPLX a Math A 

^3X2-6YK+3(v2_f' | 

1 181 ' 

Bu'6'C 3. CACL vai X=i,Y=1000 

(CALCl (ENGl 1^1 ITI f0l f0l fQl IH1 

i Cac em thay lai 1000 = m,i = x^y = -2x-m->B 

CMPLX a Math A 

(X 3 -3YX 2 +3(Y 2 -> 

-1000-21 


Vf du 3. Cho ham so y = -x 3 +3 mx 2 -3m-l. V6i gia trj nao cua m thi do thi ham so da 
cho co circ dai va circ tieu doi xdng nhau qua dircrngthang d:x+8y -74 = 0. 

A. m = 1 B. m = -2 C. m = 2 D. m = -1 

Hiro'ng dan 

Ta co y'=-3x 2 +6mx (Anh cho m=100 thoi cho da to) 

Cac em tmh nhanh ra phirang trinh qua 2 circ tri: 

CMPLX 0 Math A 

(-X 3 +3YX 2 -3Y-1)i> 

-301+200001 

Vay ra dirac phirang trinh la : 

y = 2nCx—3m—\ —> y, +y 2 = 2m 2 (x i +x 2 )—6m—2 = 4/n 3 —6m —2 

Cue dai va circ tieu doi xirng tire la trung diem 2 circ tri thuoc dirdng d nen 

X ' +Xl +8 > ’ 1+> ’ 2 - 74 = 0 <=> m + 8(2 m 3 - 3 m-1) - 74 = 0 <=> w = 2 
2 2 

Cac em dung chucmg trinh SOLVE vdi thao tac nhir sau: 


Diro-c ket qua: 

0 Math 

X+4C(2X £ -3)(2X)!> 

X= 2 

L-R= 0 

Vf du 4. Cho ham soy — ^mx D — m — \ x 2 +3 m 
dai, cue tieu tai x 1? x 2 thoa man x x + 2x 2 = 1 


2 x 4—. Tim m de ham so dat cue 
3 : ‘ 
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A.m = 2 B. i 


C. m = 2 , 


A.m = —2, m — — 
3 


Hiro-ng dan 

Lam chay neu luoi lam tir luan: Thay tung dap an giai tim x h x 2 
Nhap luon vao may y’ khong can nhap 

0 Math 0 Math 0 Math 

tfX 2 -2(Y-l)X+30 YX 2 -2(Y-l)X+3(Vi> YX 2 -2(Y-1)X+3 (Yi> 

X= 0 X= 1 

L-R= 0 L-R= 0 

Sau do IshiftI IcalcI may hoi Y? nhap 2=, may hoi X? thi nhap -9= 

Biro-c nghiem la jc = 0 

Sau do lai bam tuerng tu nhung may hoi X? thi nhap 9- 
Biro-c nghiem la x = 1 

Liru y la ham bac 3 he so duerng thi -» -> +oo thi cue dai xong tdi cue tieu nen dap an 
nay thoa man 

Tuo’ng tir vdi cac gia tri m khac 

Cach nay khong doi hoi tu duy cao nhung lai hcri lau vi phai thu nhieu lan 

Huo-ng lam chung thi chu yeu lam theo tu luan neu khong dua vao dap an 

TXB: Z> = R 

Baoham: y' = mx 2 — 2 m—l x + 3 m—2 
f a f ^ 0 m^O 

Ham so co 2 circ tri \ 9 

A ' >0 A' = m — l —3m m — 2 >0 


m^O 


\m 0 


-2m 2 + Am +1 > 0 1 — < m < 1 + — 


Vi x v x 2 la 2 nghiem cua phirong trinh y' = 0 nen: jq + 2 x 2 = 1 (1) 


x \+ x 2 




b 2/77 — 1 


a m 


3 m — 2 


l am 

Tir [1] va (2) ^x x = 3-—, x 2 =-l + — 

m m 

Bam casio giai phirong trinh nay cho nhanh 

/ 2 w 3 m _2 m = 2(N) 

Thay vao (3) => -H— 3-=——- <=>3m 2 -5m + 4 = 0 o 2 

, m){ 777 J m m = —(N) 

' [ 3 


Bikiptheluc.com Bi kip CASIO cong pha Trac Nghiem Toan Hotline: 0977.543.462 


CASIO EXPERT : Nguyen The Luc - fb: Ad.theluc —Youtube: MrTheluc95 

2 v 

Vay: m — 2, m = — thoa yeu cau bai toan 

VI du 5. Cho ham so y = 2x i -l(2m+\)x 2 +6m(m+\)x+\ . Khoang each giirahai diem 
ege dai, ege tieu la khong doi la: 

A. \m\ B. |m — 2| C. V2 D. 2 

Huong dan 

Chon m=0 ta CO : y = 2x 3 -3x 2 +l^>y' = 6x 2 -6x = 0->x = 0,x = l 
Khoang each: 

_ B Math A 

h z +(2-3+l-l) 2 

1.414213562 

Vay khoanh C 

III. Tam giac circ tri 

Mot so cong thii'c chi mang tinh chat tham khao vi rat kho nhd dirge het nhu'ng cong 
thii'c nay, each lam thong thircrng thi cac em cu” tinh y' = 0 -» Xuli Casio 
Vi du 1: Tim m de ham so y = * 4 +(to+2015)jc 2 +5 co 3 ege tri tao thanh tarn giac 
vuong 

A. 2016 B. 2017 C.-2016 D.-2017 


Congthu-cgiai nhanh: Vm a = hb = m + 20\5. Tir8a + £ 3 =0: 

r x =o 


1 = -8 => m = -2017 


Casio: y'-0- 


(to + 2015) -*AB.AC = 0 Dung Solve de tim m 


Hoac each chay la thay tirng dap an roi giai ra cue tri va xet cac vecto 

Vi du 2: Tim tat ca gia tri thgc cua tham so m sao cho do thi ham so 

y = x 4 -2(m+l)x 2 +m co ba diem ege tri tao thanh mot tarn giac co dien tich bang 4-J2. 

A. m = 2 B. m = -J2 C. m = —3 D. m = 1 

Hircrng dan: Tam giac cua chung ta la tarn giac can co dirang cao xac dinh roi, canh 

, x = 0 v 

day cung biet nen cac em tinh ngay y ’ = 4x 3 - 4(m+ 1) x = 0 => ._ roi nhap luon 


x = ±-Jm +1 


vao may: S = t a .h = t . 12 x B \ . \ y A - y B | dga vao dang do thi nhin cho nhanh. 

0 Math A 

x= l 

L-R= 0 

Mot so cong thuc tinh nhanh " thuung gap " lien quan cue tri ham so 3 ? = ax 4 +bx 2 +c 
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1 circ tri \ ab> 0 


3 cue tri : ab< 0 


a > 0: 1 cue tieu a < 0:1 cu*c dai a > 0:1 cue dai, 2 cue a < 0 : 2 cue dai, 1 cue tieu 

tieu 


Ham so y = ox 4 h-Z?jc 2 +c co ba cue tri A e Oy,B,C tao thanh : 

DITKIEN CONGTHITC 

Tamgiac 8a + Z? 3 =0 m ? de ham so v = x 4 +(7 


vuong can 


Tamgiac 24a + b 3 =0 

deu 


RAC = or 


Sa + b .tan 2 —= 0 


_ VI DU _ 

m ? de ham so y = x 4 + (in + 2015)x 2 + 5 co 3 cue trj tao thanh 
tarn giac vuong 

Vdi <z = l,Z> = m + 2015. Tu8a + Z> 3 = 0=>b 3 =-8 ra =-2017 


m ? de ham so y = — x 4 + 3(m - 2017)x 2 co 3 cue tri tao thanh 
8 

tarn giac vuong 

Vdi a = 9/8,Z> = 3(m —2017) .Tu 

24 a + b 3 = 0 => Z? 3 = —27 => 772 = 2016 _ 

m ? de ham so y = 3x 4 + (ra - 7)x 2 co 3 cue tri tao thanh tarn 
giac co motgoc 120° 

Vdi a-\b-m-l Tu 8a + 3Z? 3 = 0^b = -2^m = 5 


^AABC So 


max(X) 


BC — m A 


32a 3 (S n ) 2 +b 5 =0 


S ° y 32a 3 


I a I 1 + A 1 — 



am 2 + 2b = 0 


AB = AC = nl 16a 2 a 2 -b 4 + &b = 0 


B,C e Ox & 2 — 4ac = 0 


m ? de ham so y = mi 4 + 2x 2 + ra - 2 co 3 cue tri tao thanh tarn 
giac co dien tfch bang 1 

Vdi a = m,b = 2. Tu* 32a 3 (S Q ) 2 + b 5 =0=>m 3 +l = 0=>m = -l 

m ? de ham so y = x 4 - 2(1 - m 2 )x 2 +m +1 co 3 cue tri tao thanh 
tarn giac co dien tich lun nhat 

Vot a = l,b = -2(l —m 2 ) .Tu S 0 =J(l-m 2 ) 5 <l=>m = 0 

3 

m ? de ham so y = x 4 - rax 2 + — co 3 cue tri tao thanh tarn giac 

co ban kinh dudng tron noi tiep bang 1 
Vdi a — \t2,b = —ra .Tu r Q => ra = 2 

m ? de ham so y = ra 2 x 4 - rax 2 +1 — m co 3 cue tri ma trong do 
co BC = V 2 

Vdi a = ra 2 ,Z? = -ra. Tu am 2 +2b = 0 => m = 1 vi ra ^ 0 

m? de ham so y = rax 4 - x 2 + m co 3 cue tri ma trong do co 
AC=0,25 

Vdi a = m,b = -1 .Tu 16a 2 a 0 2 -Z> 4 +8Z? = 0 =>/n = 3 do ra > 0 

m ? de ham so y = x 4 - rax 2 +1 co 3 cue tri tao thanh tarn giac 
co B,C g Ox 
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Voi a — l,b — —m,c = 1. Tir b 1 — 4ac = 0 =^>m = 2 do m>0 

Tam giac 
can tai A 

Phirong trinh qua 
diem eye tri 

( 1 b V 

BC:y = —— va AB,AC:y = ± J - x + c 

4a V 2a 

V J 

Tam giac 
co 3 goc 
nhon 

8 a + b 3 >0 

m ? de ham so y — -x 4 - (m 2 - 6)x 2 + m + 2 co 3 eye tri tao 
thanh tarn giac co 3 goc deu nhon 

Voi a — —1, b — —(m 2 — 6) .Tir 8a 4- b 3 > 0 => b > 2 —2 < in < 2 

Tam giac 
co tr.tam 0 

b 2 — 6ac = 0 

m ? de ham so y = x 4 + mx 2 -m co 3 eye tri tao thanh tarn giac 
nhan goc to a do 0 lam trong tarn 

Voi a = l,b = m,c = —m .Tir b 2 — 6ac = 0 => m = -6 do m< 0 

Tam giac 
co true tarn 

0 

b 3 +Sa — 4 ac = 0 

m ? de ham so y = x 4 + mx 2 + m + 2 co 3 eye tri tao thanh tarn 
giac co tryc tarn 0 

Voi a = l,b = m,c = m + 2 .Tir b 3 + 8a- 4ac = 0 => m — —2 do 
m < 0 

d _ r> 

Pi ABC 

_b>-&a 

0 S\a\b 

m ? de ham so y = mx 4 +x 2 + 2m -1 co 3 eye tri tao thanh tarn 
giac noi tiep trong dirang tron co ban kmh R=9/8 

Tam giac 
cung 0 tao 
hinh thoi 

b 1 -2ac = 0 

m ? de ham so y = 2x 4 + mx 2 + 4 co 3 eye tri cung goc toa do 0 
lap thanh hinh thoi 

Voi a = 2,b = m,c = 4. Tir b 2 - 2ac = 0 m = -4 do m < 0 

Tam giac 
,tam 0 noi 
tiep 

b 3 - 8a - 4abc = 0 

m ? de ham so y = mx 4 + 2x 2 - 2 co 3 eye tri lap tarn giac co 0 
la tarn dirdng tron noi tiep 

Voi a = m,b = 2,c = —2 .Tir b 3 — 8a-4abc = 0 =>m = — 1 do 
m <0 

Tam giac, 
tarn 0 
ngoai tiep 

b 3 — 8a — 8 abc = 0 

m ? de ham so y = -mx 4 + x 2 - 2m -1 co 3 eye tri lap tarn giac 
co 0 la tarn dirong tron ngoai tiep. 

Voi a = —m, b = l,c = —2m — 1. Tir b 3 -Sa — %abc = 0 => m = 0,25 
do m>0 


Ham so y = ax 4 + 2 bx 2 +c co 3 eye tri A <e Oy\B,C tao thanh : 


D(T 

KIEN 

CONG THITC 

VI DU 

Tam giac 
vuong can 
tai A 

<2 + £> 3 = 0 

m ?dehamso y = x 4 + 2(m + 2016)x 2 + 2016m-2017 co 3 eye 
tri tao thanh tarn giac vuong can 

Voi 0 = l,Z> = m+2O16. Tir a + b 3 = 0 =4> /? = -1 => m = -2017 

Tam giac 
deu 

3a + Z> 3 =0 

m ?dehamso y = 9x 4 +2(m — 2020)x 2 +2017ra + 2016 co 3 eye 
tri tao thanh tarn giac deu 

Voi a = 9,Z? = m — 2020. Tir 3a + Z> 3 = 0=>b = -3=>m = 2017 

BAC = a 

& 

+ 

P 

to 1 £ 

II 

o 

m ?dehamso y = 3x 4 + 2(ra-2018)x 2 +2017 co3cyctritao 
thanh tarn giac co mot goc 120° 
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S^BC = S 0 a\s 0 f+b 5 = 0 


ABC ~ R 0 


R= - V-- 

0 2\a\\ b 


Voi # = 3,Z? = m-2018. Tir 

a + b 3 . tan 2 60° =0 b = — l=>m = 2017 _ 

ml de ham so y = nvc 4 +Ax 1 +2011 m-2016 co 3 circ tri tao 

thanh tam giac co dien ti'ch bang 4\fl 

Voi a = m,b = 2. Tir a 3 (S Q ) 2 +b 5 =0 =>m = — 1 

ml de ham so y = /7ix 4 -2x 2 +2017m 3 -2016 co 3 circ tri tao 
thanh tam giac co ban kfnh ngoai tiep bang 1. 

Voi a = m,b = - 1. Tir R ’ =—Cl b 2 --)=> m = 1 

_ 0 21 <211 bj _ 

ml de ham so y = x 4 + 2(m + 5)x 2 + 2016m 3 +2017 co 3 circ tri 
tao thanh tam giac co ban kfnh noi tiep bang 1 
-Voi a =-l, b - /72+- 5,-7^ = 1 => Z? s {-- 2; 1} => m — -1 v-m-= -4 - - 


UTig dung Table giai nhanh toan circ tri co* ban 

Vi du 1: Ham so y = |x 2 +5x+4| co bao nhieu diem cue tri ? 

A. 1. B. 3. C. 0. D. 2. 

Hu'6-ng dan 

Cac em nhap ham vao Table roi cho Start -6= End 6= Step 0.5 = roi quan sat so circ tri 

0 Math 


\ CL \\ 1 + 4/1 



f(X)=IIX^+5X+4 


K 

Ftttt 

-M.5 

-M 

wMt 

-3.5 

1.25 


Math 

!-! 

0 

F CKJ 

n 

B 

-3 

-2.5 


3 

O 

-2 

2 


!■! 

FCKJ 

-1.5 

wM ? 

-D.5 

1.15 


Cac em de y cho gia tri ham tang len dinh roi giam xuong thi no la circ dai, con giam xuong day 
xong lai tang thi do la arc tieu, vay ham nay co 3 arc tri 

Vi du2: Tim tat ca gia tri cua m dehamso y = \x 3 -mx 1 +(m 2 -m + \}x+l dat circ dai tai x = l. 

A. m = -2. B. m = -l. €. 777 = 2. D. m = l. 

Hirdng dan: Cac em thay lan lirot tirng gia tri m vao roi cung xet nhir vi du tren ! 
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Bai tap ren luyen 

Cau 1. Ham so y = x 4 -4x 3 -5 

A. Nhan diem x = 3 lam diem circ dai. B. Nhan diem x = 0 lam diem circ dai. 

C. Nhan diem x = 3 lam diem circ tieu. D. Nhan diem x = 0 lam diem circ tieu. 

x 2 +3 

Cau 2. Cho ham so y = -. Menh de nao dual day dung? 

x +1 

A. Circ tieu cua ham so bang -3. B. Circ tieu cua ham so bang 1. 

C. Circ tieu cua ham so bang -6. D. Circ tieu cua ham so bang 2. 

x 2 -3 

Cau 3. Ham so v =-dat circ dai tai: 

x—2 ■ ■ • ■ 

A. x = l. B. x = 2. C. x = 3. D. x = 0. 


Cau 4. Bo thi ham so y - x + — co bao nhieu diem circ tri? 

x 

A. 1. B. 2. C. O. D. 3. 

Cau 5. Ham so y = |x 2 + 5x + 4| co bao nhieu diem circ tri ? 

A. 1. B. 3. C. 0. D. 2. 

Cau 6. Cho ham so / co daohamla /'(x) = x(x-l) 2 (x + 2) 3 vdi moi xgR. So diem circ tri cua 
ham so / la 

A. 0. B. 1. C. 2. D. 3. 

2x 2 +5x + 4 

Cau 7. Diem circ tieu cua ham so v =-- la 

x + 2 

A. X g [-1; 1] . B. (-1; l). C. -3. D. (-3;-7). 


Cau 8. Be ham so y = 
A. (0;2). 


x + mx +1 


x + m 


dat circ dai tai x = 2 thi m thuoc khoang nao ? 


B. (-4;-2). 


C. (-2;0). 


D. (2;4). 


Cau 9. Tim tat ca cac diem circ tri cua ham so y = — sin 2x + cos.v - 2017. 

2 


A.x=Ty(i€Z). B. 


x = — + k2n 
6 

5 n . _ 

X =- YKATl 

6 


(keZ). C. 


x =-b kin 

^ (keZ). D. x = -- +—(leZ). 

X ^ + k2, 6 3^ 

6 
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Cau 10. Cho ham so y- /(x) lien tuctren R, co dao ham /'(x) = x(x-l)°(x + l) 3 . Ham so da 
cho co bao nhieu diem cue tri? 

A. Co 3 diem cue tri. B. Khong co cue tri. C. Co 2 diem cue tri. D. Chi co 1 diem cue tri. 


Cau 11. Tim tat ca gia tri cua m de ham so y = -x 3 - mx + (m 2 - m + l)x +1 dat cue dai tai x = 1. 


A. m — — 2. 


B. m-~ 1. 


C. m-2. 


D. m- 1. 


Cau 12. Cho ham so y = -^-x 3 -mx 2 -x + m + 1. Tim tat ca gia tri cua m de do thi ham so co 2 

diem cue tri la A(x A ;y A ),B(x B ;y B ) thoaman x A + x B =2. 

A. m = 0. B. m = ±1. C. m ~ ±3. D. m = 2. 


Cau 13. Biet M (0;2), JV(2;-2) la cac diem cue tri cua do thi ham so y = ax 3 +bx 2 +cx + d . Tfnh 
gia tri cua ham so tai x = -2. 


A.y(-2) = 2. 


B. y(-2) = 22. C.y(- 2) = 6. D. j(-2) = -18. 


Cau 14. Tim m de ham so y = -x 3 - mx 2 + (in 2 + m - l)x +1 dat circ tri tai 2 diem x v x 2 thoa 


man 


|xi +x 2 | = 4 

A. khong ton tai m. B. m = 2. 


C. m — — 2 . 


D. m — ± 2. 


Cau 15. Do thi cua ham so j; = 3x 4 -4x 3 -6x 2 +12x + l dat cue tieu tai M(x l ; ^). Tfnh tong 

Xi+Ai 

A. 5. B. -11. C. 7. D. 6 . 


Cau 16. Cho ham so y = x 3 -3/nx + l (1). Cho A(2\ 3), tim m de do thi ham so (1] co hai diem 
cue tri B va C sao cho tarn giac ABC can tai A. 


A. m - —. 
2 


-3 

B. m = —. 

2 


C. m - 


D. m — —. 
2 


Cau 17. Cho ham so y = ——+ (a-l)x 2 + (a + 3)x-4. Tim a de ham so dat cue dai tai x = 1. 


A. a = -l. 


B. a = 3. 


C. a = - 3. 


D. a = 0. 


Cau 18. Bang bien thien duai day la cua ham so nao? 
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A. y-x -6x 2 + 9x-4 B. y — x 3 - 6x 2 + 9x . C. j; = x 3 +6x 2 +9x + 4. D. y = —x 3 +6x 2 —9x + 4. 

Cau 19. Tim tat ca cac gia tri thuc cua m de ham so y = 4x 3 -hmx 2 -l2x dat cue tieu tai diem 

x-—2. 

A. m = -9. B. m = 2. C. Khong ton tai m. D. m = 9. 

Cau 20. Cho ham so y = /(x) co do thi y = f\x) cat true 
Ox tai ba diem co hoanh do a<b<c nhu hinh ve. Menh 
de nao dudi day la dung? 

A. f(c) > f (a) > f(b). 

B. f(c) > f(b)> f (a). 

C. f(a)>f(b)>f(c). 

D. f(b) > f (a) > /(c). 

Cau 21. Biet do thi ham so y-ax +&x 2 + cx + d co 2 diem cue tri la (—1;18) va (3;—16). Tinh 
ci + b + c + d. 

A. 0. B. 1. C. 2. D. 3. 

Cau 22. Vdi gia tri nao cua cua tham so thuc m thi x = 1 la diem cue tieu cua ham so 

y-~ x3 + mx 2 +(m 2 +m + l)x? 

A. me{- 2;-l}. B. m = —2. C. m = -l. D. khong co m. 



Cau 23. Cho y = -x 3 -mx 2 +(2m + 3)x-5 co hai diem cue tri nam ve hai phia cua true tung. Khi 
do gia tri cua m la 


A. m<- 


B. m>- : 


C. m < —. 

2 


D. m > —. 

2 


Cau 24. Tim tat ca cac gia tri thuc cua tham so m sao cho ham so y - mx 4 -\-(?n 2 -2^x 2 +2 co 
hai cue tieu va mot cue dai. 

A. m < —\f2 hoac 0 < m < ■Jl. B. -y/2 <m< 0. C. m > 72. D. 0 < m < 72. 
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Cut Tri 


Cau 25. Cho ham so y = -2x 3 + (2m-l)x 2 -(m 2 -l)x + 2. Hoi co tat ca bao nhieu gia tri nguyen 

cua tham so m de ham so da cho co hai diem cue tri. 

A. 4. B. 5. C. 3. D. 6. 


Cau 26. Tim tat ca cac gia tri there cua tham so m de ham so y = x 3 +x 2 - (2m + l)x + 4 co dung hai 
cut tri. 


A. m< — . 
3 


B. 


2 

m > —. 
3 


C. m <—. 
3 


D. m> —. 
3 


Cau 27. Cho ham so y — x 4 —2mx 2 + m 2 —2. Tim m de ham so co 3 diem cur tri va cac diem cur 
tri cua do thi ham so la ba dinh cua mot tarn giac vuong? 

A. m — \. B. m = —1. C. m = 2. D. m — —2. 


Cau 28. Tim m de ham so y = x 4 -2mx 2 +2m + m 4 —5 datcirc tieutai x = -l. 

A. m = — 1 . B. / 72 ^ 1 . C. 777 = 1 . D. mit— 1 . 

Cau 29. Bieu kien can va du cua m de ham so y = mx 4 + (m + l)x 2 +1 co dung 1 diem cue tieu la 

A. 77?g[-1;+oo)\|0} B. m > —1 C. — 1 < m < 0 D. m < —1 


Cau 30. Cho ham so y = 2 x 3 +3(m-l)x 2 +6(m-2)x-l . Vo-i gia tri nao cua m thi do thi ham so co 
hai diem cue tri jc, va x 2 sao cho |x, +x 2 | = 2 . 

A. m = 3 . B. m = — 1. C. m = 0. D. m = 1. 


mX 2 — 2x + 777 — 1 

Cau 31. Cho ham so y = -. Ducmg thing noi hai diem cue tri cua do thi ham so 

2x +1 

nay vuong goc vo-i duo-ng phan giac cua goc ph'an tu thu nhat khi m bang 


A. 0. 


B. 1. 


C. -1. 


D. 


Cau 32. Ham so y = x 3 —3x + l-m co gia tri cue dai va gia tri cue tieu trai dau khi 
A. m = —l hoac m = 3. B. m<-\ hoac m >3. C. —1 < < 3. D. -\<m<3. 


Cau 33. Duo-ng thing noi diem cu-c dai vo-i diem cu-c tieu cua do thi ham so y = x 3 -x+m di 
qua diem M (3;-l) khi m bang 

A. 1. B.-1. C. 0. D. mot gia tri 

Cau 34. Tim tat ca cac gia tri thirc cua tham so m de ham so y = (m 2 +5m)x 3 - 6mx 2 - 6x+7 dat 
cue tieu tai x = 1 ? 

A. m = 1 hoac 7 M = -2. B. m = 1. C. m = -2. D. Khong co gia tri m . 
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Cau 35. Vdi gia tri nao cua m thi hai diem cue dai va cue tieu cua do thi ham so 
y = x 3 + 3x 2 + mx + m-2 nam ve hai phia so vdi true hoanh? 

A. m > 3 . B. -1 < m < S. C. m < 3 . D. 2 < m < 3 . 


Cau 36. Cho ham so y = -x 3 -inx 2 +(2m-l)x-3 (C w ), vdi m la tham so. Xac dinh tat ca gia tri 


cua m de cho do thi ham so ( C m ) co diem circ dai va cue tieu nam cung mot phia doi vdi true 
tung? 


A. me 





B. 0<m<2. C. m^l. 


D.- <m< 1 

2 


Cau 37. Cho ham so y = x 4 -2(m + l)x 2 + m co do thi (C), m la tham so. (C) co ba diem cue tri 
A, B,C sao cho OA = BC\ trong do O la goc toa do, A la diem cue tri thuoc true tung khi: 

A. m = 0 hoac m = 2. B. m- 5±5>/5 . C. m = 2±2^2 . D. m — 3 ±3a/3 . 


Cau 38. Cho ham so bac ba y = /(x) co do thi nhu hinh ben. Tat 
ca cac gia tri cua tham so m de ham so y = \f (x) + m\ co ba diem 
cue tri la 

A. m<- 1 hoac m>3.B. m<-3 hoac m >1. 

C. m-—\ hoac m = 3.D. \ <m<3. 


Cau 39. Cho ham so y = asmx + bcosx+x (0<x<2 7t) dat cue tri 



— 71, 


Tinh gia tri bieu thuc T = a + b^/3 . 

A. T = 3*j3+l. B. T = 2^3. C. 7 = 2. D. 7 = 4. 

Bang Dap An 


l.C 

2.D 

3.A 

4.B 

5.B 

6.C 

7.A 

8.B 

9.B 

10.C 

ll.C 

12.A 

13.D 

14.C 

15.B 

16.C 

17.D 

18.A 

19.C 

20. A 

21.B 

22.D 

23.C 

24.D 

25.C 

26.B 

2 7. A 

28.C 

29.B 

30.B 

31.C 

32.C 

33.A 

34.B 

35.C 

3 6. A 

37.C 

3 8. A 

39.D 
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Dang tim max-min bang Table 

Thong thu-ang, theo If thuyet cac em se tim cac diem y’=0 hoac khong xac dinh, sau 
do tfnh gia tri tai do va 2 d'au mut nhirng each nay kha la lau, de giai nhanh cac em 
dung Table. 

Day la tfnh nang bang gia tri tfnh gia tri bieu thuc vdi nhieu gia tri cua x ( 20 gia 
trj). Cac em liru y, khi minh xet gia tri 1 ham thi nen tat G(x) de tfnh diro-c 
nhieu gia tri hen (30 gia tri) chi dung F(x) thoi 
(shift) (mode) (▼) d] (D 

i:ab/c £:dyc Select Type? 

3:CMPLK 4:STAT 1:fix) 

5:TABLE 6:Rdec £:f(XJ ? 3(K) 

7: DiSP 3: 4CGNT ► 

Vi du 1 [Ham da thuc]: Tim Min cua /(x) = x 2 +—,xe[3;6] 

x 


Hu’O’ng dan 


Bum: 1: Vao Table 
(mode) (T) 

B Math 

fCXH 

Bum 2: Nhap bieu thuc 

0 Math 

fCX)=X £ +T? 

Bum 3: kho-i tao gia trj start, end, step 

Cho Start 3= , End 6= , Step 0.2 = 

43 

Vay m Mm =f(3)=j | 

*Ltruy la: step = sao c ^° 1 

chut 

B Math 

, * 

S 3.E IE.BM 

3 3.0 IE.EE5 

43.i3 


Vi du 2 [Ham lirorng giac loai 1]: Gia tri nho nhat cua ham so y = l+sinx Asin 3 x 


tren khoang 


Hu’O'ng dSn 


n _ 7 i 
2’2 


bang: 


B. - 

3 


C. -2 


D. 0 
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Birdc 1: Chuyen sang he radian 
fsHirfl (modeI 1~4~1 

l:MthIO 2:LinelO 

3:Dea 4:Rad 

5:Gra 6:Fix 

7:Sci 8:Norm 

Bitot 2: Vao Table 

ImodeI CzD 

0 Math 

f(X)= 

Birdc 3: Nhap bieu thde 

0 Math 

fCXM+sinQO-^ 

Birdc 4: Khdi tao gia tri start, end, step 

Cho Start — , End — , Step — 

2 2 12 

Vay /(x) M „ =/(|)=| 

*Liruy la: step = ~ = 15°, cac em tinh bien x 

bang each : x = start +(X-1) step 

i Hoac dung them bang G(x) nhap 

\gw= isox 
! n 

0 Math 

12 1.3DH9 □.1EU2 

13 i.sim 

IM 

2j3 

0 Math ▲ 

^+( 13-1 

1.570796327 

0 Math 

K FCH> «j CKJ 

1 1 I.DM1I 1 ED 

12 I.3QB9 D.1EM2 __15 

13 1.5101 D.EEEE BP 

90 


Vi du 2 [Ham hro'ng giac loai 2]: Gia tri lo-n nhat cua ham so y = -x+smx tren 

[T ; lJ bang: 

A. 0 B. " - 1 C.--1 D. --- 

6 2 6 6 2 

Bitot 4: Khdi tao gia tri start, end, step f ( X 1 =- X +c in( X )| 

Cho Start — , End — , Step — 

2 2 12 

Vay / (x) max =/(“)-> B F , K ? Math 

6 I -0.5H3 nfiiWt-- 

Nhieu luc dap an td table chi xap xi nen cac em | -Q- as^ a. 3m3 

chon dap an gan ket qua td table nhat vi du no xay 0.02359S7756 

ra max-min d /|Tj ma theo table minh thay tai 

/f A thi cd gia tri gan nhat ma da nhe 


6 2 

0 Math 

f(X)=-X+sin(X)l 


0 Math 

. -o.saa um 

2 -D.2EI 2.3m3 

3 □ n 

0.0235987756 
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Vi du 3[Ham mu]:Gia tri nho nhat, gia tri Ian nhatcua ham so j> = x-lnxtren 
tha tir la: 




theo 


A. ~ + ln2vae-l B. lvae-1 


1 1 
C. 1 va~+ In 2 D. ~va e 


Huang din 

Birdc 3: Khdi tao gia tri start, end, step 

Cho Start 0.5= , End e= , Step 0.1 = 

fGO=X 

Vay: 

/( x )™„ =/0) = l. 


X 

□.3 

/( X )ma!t = /( e ) = e_ l ®f(2-7) = l-7 

_5 

Nhi'eu luc dap an tir table chi xap xi nen cac em 

E 

1 

1 

1. 1 

chon dap an g'an ket qua tir table nhat, tinh chuan 
thi cung dirqc thoi nhirng chi them mat thdi gian. 

mm=T 

rumru 

X 

E.E 

E.T 

1 


Vi du 4. Goi M,m l'an lirot la GTLN,GTNN cua y 


A.M + m = - B ,M + m = — 
3 3 


C. M+m = 3 D .M + m = 


x 2 -x + 1 
X 2 +X + 1 

10 


FtXJ 

I ■□□MG 

E 

F CX> 

toM 

1.70 674 8227 

tren R. Tinh M+m 


Hirdng din 
Xet ham y ■■ 


■ x , X+1 Start -14= , End 14= , Step l = 
X + X + 1 

0 Math 


f(X) = 


x £ -x+l 

k £ +k+1 


s 


Math 



X 

FCXJ 


X 

F(X> 

13 

-a 

|y|ga 

IE 

□ 

. ^ i 

m 

-i 

IE 

i 


IE 

□ 

i 

n 

a 

D.MEBE 


3 


1 j3 


Vi du 5. Goi M,m l'an lirot la GTLN.GTNN cua y = sin 3 x+3cos 2 x+^-3 tren R. Tinh 
M+m 

A.M + m = 2j3-2 B.M+m = 2-j3-6 C.M + m = 2-j3-4 X).M + m = -4 

Huang din 

Xet ham >> = sin 3 x+3cos 2 x Start — n = , End n= , Step — = 

12 

a Math 


f(X)=*3cos(X) 2 

^M + m = (3+j3-3}+(-l+j3-3)=2j3-4 


IS 

IS 

IM 


X 

-□■EE I 
□ 

□■EE II 


f 

UU 1 

E.BIE 3 


X 

-I.B 3 E 
- 1-51 
- 1 ■SDB 


F <K> 

mM 

-□■1 


-1 


Bikiptheluc.com Bi kip CASIO coug plia True Nghieni Tuan 


Hotline: 0977.543.462 







CASIO EXPERT : Nguyen The Luc - fb: Ad.theluc- Youtube: MrTheIuc95 


Vi du 5 [Ham 2 bien]: Cho j;<0,iei?:x 2 -3x —y — 4 
Tim Min A — x 2 y + 3 xy + 5 y + 27 x+35 

A. min A = 8 B. min A = -8 C. min A = 15 D. min A = —1 

Huong dan 

x 2 -3x-4 = jp<0=>-l<x<4 the vao A dtrgc : A = (x 2 +3x+5)(x 2 -3x-4)+27x+35 

(mode) [?] 

@(7](I]@(I3(23BB[1]®[I]E1[I)(I)(I]|^CI](SE1[I]®CDE1[I]CI]E1 

[2i[7ifiiL^mmr3ir5i 

13 Math 

f(X)=M0 +27X+35 


Start -1= End 4= Step 0.2= 


E 

E.E 


f »:k:« 

AM 

-D.E9M 


Math 


-1 


Vay khoanh dap an D 

Vi du 6[Ham 2 bien]: Xet x,y la cac so thirc khong am thoa man di'eu kien x + y = 2 . 
Tim gia tri nho nhat cua bieu thu-c S = x 2 y 2 - 4xy 

A.minS = -3 B.minS=-4 C.minS = 0 D. minS = 1 

Hmrag dan 

[S = x 2 y 2 - 4xy = x 2 (2 - x) 2 - 4x(2 - x) 

1 0<x<2 


Table: 


0 Math 

f(X>X 2 (2-X) 2 -^ 
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ta Math 

0 

Math 


0 

Math 

Start? 

End? 



Step? 









i“i i 


0 Math 






K 

FCKJ 






ID D.S 

1 1 1 







IB 1. 1 

-E.919 







Vay chung ta khoanh A rat nhanh va dan gian, chi can xac dinh dirge ham 1 bien va 
doan can xet thi viec con lai la cua Table. 

Nhieu em lam tg luan con sai: S = x 2 y 2 -4xy= (xy-2) 2 -4 > -4 -> B :bai vi khong co dau 
bangnao sayra dirge khi xy=x+y = 2 nenbam dirge cirbam cho chac 
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Bai Tap Ren Luyen 

Cau 1. Cho ham so y = 3sinx-4sin 3 x. Gia tri ldn nhat cua ham so tren khoang bang: 

A. - 1 . B.3. C.l. D.7. 


Cau 2. Gia tri ldn nhat cua ham so y = 2x 3 +3x 2 -12x+2 tren doan [—1;2] la: 

A. 6. B. 11. CIO. D. 15. 

Cau 3. Tim tat ca gia tri cua m de gia tri nho nhat cua ham so /(x) = 1 tren doan [l; 2] bang 


A. m- 1. 


B. 772 = 2. 


C. 772 = 3 . 


D. 772 = 0 . 


Cau 4. Tim gia tri lcm nhat cua ham so y = f(x) = xfl-x 


( 

L max = fix) = /- 

[-wl V ' { 2 J 


vr\ i R js ) i r ,r^i „ n i 

— = —. B. max = f = —. L. max = / — = 0. D. max = / — = — . 

2 2 H;i] 2 2 H;1] 2 * 2 2 


Cau 5. Tong cua gia tri lbn nhat va gia tri nho nhat cua ham so y = x 3 -3x 2 + 1 tren doan [—2;4] 
la: 

A. - 22 . B. - 2 . C.-18. D. 14. 


Cau 6. Tim gia tri lbn nhat cua ham so y = x 3 -x 2 -Sx tren doan [l;3] 


A. max v = -8. 
[w] 


R 176 

o. max y =-. 

[1:3] ' 27 


C. max y = -6. D. max y =-4. 


Cau 7. Tim gia tri nho nhat cua ham so y = -— tren doan [2; 4]. 


a • 19 

A. minv = —. 
[2:4] 3 


B. min y = -3. C. min y = —2. D. miny = 6. 

[2;4] [2;4] [2;4] 


Cau 8. Goi M va m Ian lirot la gia tri lorn nhat va gia tri nho nhat cua ham so: 
y = 2sin 2 x-cosx+l. Khi do ti'ch Mm la: 

25 25 

n i jt r\ n i r-» 1 r r» i ^ 


A. Mm = 0. 


B. Mm- — . 
4 


D. Mm — 2 m 


Cau 9: Goi M va 772 tirang irng la gia tri lan nhat va gia tri nho nhat cua ham so y ■ 
Khido M- 772 bang: 


(x 2 +l) 2 
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Cau 10. Tim gia tri Ian nhat cua ham so ■ tren doan [i;4]. 


A. max v = 11 - 

M 


u 25 

d . max v =— 

M 4 


C. max y — 10. 
M 


Cau 11. Gia tri ldn nhat M cua ham so /(x) = sin2x-2sinx la 
A.M = 0. D n 


B. M = - 


C. M = 3. 


D. max y = 6. 
M 


Cau 12. Tren doan [-2;2], ham so y = --- ■ dat gia tri ldn nhat tai x = 1 khi va chi khi 


A. m - 2. 


B. m > 0. 


C. m = -2. 


D. m< 0. 


a _ _ 2^.2 

Cau 13. Goi M va m Ian lirot la gia tri ldn nhat va nho nhat cua ham so y = —— p — —. Khi do 

jx+l 

gia tri cua M-m la: 

A. -2. B. -1. C-1. D. 2. 


Cau 14. Tim gia tri nho nhat cua ham so y = x 2 -4x+ - tren khoang (2;+oo). 

x-2 v J 


A. miny = 0. 

(2;+o°) 


B. min jy = -13. C. min y = 23. D. min jy = -21. 

(2;+0°) ( 2 ;+°°) (2;+oo) 


Cau 15. Tinh gia tri nho nhat cua ham so v = x+cos 2 x tren doan 0;— ? 

4 


Cau 16. Gia tri ldn nhat cua ham so y = cosx+v2-cos 2 x bang 

A. A. B. 0. 


Cau 17. Gia tri ldn nhat cua ham so j; = -x 3 -2x 2 +7x-1 tren [-3;2] la 

A. 3. B.-1. C. 4. D.-13. 

Cau 18. Cho ham so /(x) = 7?o: + 1 . Gia tri ldn nhat cua ham so tren fl;2l bang -2. Khi do gia tri 

x-m l j ' 

bang 


A. m- 3. 


B. 777 = 1 . 


C. m = 4. 


D. 777 = 2 . 


Cau 19. Tim tat ca cac gia tri thirc khac 0 cua tham so m de ham so y = - - ™ x dat gia tri ldn 

x +1 ■ 

nhat tai x = l tren doan [-2; 2]? 


A. 777 = -2 . 


B. 777 <0. 


C. 777 >0. 


D. 777 = 2. 
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Max - Min 


Cau 20. Cho ham so > , = |2 jc 2 -3x-i|. Gia tri Ian nhat cua ham so tren 
. 17 


1 * 


8 


B. -. 

4 


C. 2 . 


la: 
D. 3. 


Cau 21. Ham so y = x 4 -2mx 2 + in co ba diem circ tri va dircrng tron di qua ba diem circ tri nay co 
ban kinh bang 1 thi gia tri cua m la: 

A , -1±A „ , -1+A ,, , -1+A „ , -1 -A 

A. m = 1; m = -. B. m = —1; m =-. C . m = 1; in -. D. m = 1; m =-. 


Cau 22. Ham so f(x) = x+4l-x 2 co tap gia tri la 


A. [-!;!]. 


B, 


[l;V2]. C. [0; l]. D. [-1;V2]. 


Cau 23. Ham so y = -—^ gia tri lan nhat tren doan [0;3] la 
A. 1. B. 3. C. 2. 


D. 0. 


Cau 24. Goi M va m l'an lirot la gia tri lcm nhat va gia tri nho nhat cua ham so 
f(x) = 2x-4^6-x tren doan [-3; 6]. Tong M+m co gia tri la 

A. 18. B. -6. C.-12. D. -4. 


Cau 25. Gia tri nho nhat cua ham so j; = sin 3 x-cos2x+sinx+2 tren khoang | 0;— | bang 


A. -1. 


B. 6. 


C. 


23 

27' 


D. 1. 


Cau 26. Goi M, m l'an lirot la gia tri ldn nhat va gia tri nho nhat cua ham so y = 3V*-1 +4 ^5-x. 
Tinh M+m . 

m , , ry n r 10 r 1 * 12 + 3 + 4\j\0 p. 16 + 3>/6 + 4yfl0 

A. AT + m = \6. B. M+m = 18. C. M + m = -. D. M + m- -. 


Cau 27. Tim tat ca cac gia tri there cua tham so m de ham so y- 

tri nho nhat tren [0;4] tai mot diem x 0 e(0;4). 

A. -2 < m < 2 . B. -2<w<0. C. m> 2. 

Cau 28. Gia tri Ian nhat cua ham so y = yj5-x 2 + 2x la 

A. >/?. B.5. C. 2 yfs. 


x —mx + 4 


lien tuc va dat gia 


D. 0 < m < 2. 


D.3. 


Cau 29. Gia tri lan nhat va gia tri nho nhat cua ham so y = ? - c - os -- x ^ s ^ . x ^ J lan lirat la 

cosx-f 2sinx + 3 
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C. 3 va 

2 


A. 2 va 1. B. 1 va —l. 

Cau 30. Goi M,n lan lirgt la gia tri lan nhat va gia tri nho nhat cua ham so y 


D. 2 va -. 
2 


x-2 


tren doan 


- 1 ; 


3 


. Menh de nao sau day la dung? 


A. M+n = 


8 


B. M + n- 


r „ 13 

C. M + n = —. 

6 


D. M + n = - 


Jt + l 


Cau 31. Goi M,n lan lirgt la gia tri lan nhat va gia tri nho nhat cua ham so y =— — tren doan 

x +3 ' 

[0;3].Tinh S = 2M+3n. 

A. 5 = 2. B. 5 = P. C. S = 3. 

6 


D. S = ~. 
6 


Cau 32. Gia tri lo-n nhat cua ham so y = 4sinx+>^cos2x tren doan 
A. 2\fl. B. 4n/2. C. 4-^2. 


0 ; 


3 n 


D. Jl. 


Cau 33. Cho cac so there x, y thay doi thoa dieu kien y<0, x 2 +x = y+ 12. Gia tri Ion nhat va 
nho nhat cua bieu thuc M =xy+x+2y+\lXax\ lirot bang 

A. 10;-6. B. 5;-3. C. 20;-12. D. 8;-5. 

Cau 34. Cho cac so thuc x,y thoa man x+y = 2^Jx^3 + ^Jy+3^. Gia tri nho nhat cua bieu thuc 
P = 4(x 2 + y 2 } + \5xy la 

A. mini 3 = -80. B. minP = -91. C. minP = -83. D. minP = -63. 


Cau 35. Cho x, y la cac so thuc thoa man x+y = \fx^l + ^2y+2 . Goi M, m lan lugt la gia tri 
lun nhat va gia tri nho nhat cua P = x 2 +/+2(x+l)(y+l)+8 N /4-x-y. Khi do, gia tri cua M+m 
bang 


A. 44. 


B. 41. 


C. 43. 


D. 42. 


l.C 

2.D 

3.A 

4.B 

5.B 

6.B 

7.D 

8.A 

9.D 

10.C 

11.B 

12.B 

13.D 

14.C 

15.A 

16.C 

17.A 

18.A 

19.C 

20.A 

21.C 

22.D 

23.D 

24.B 

25. C 

26.A 

27.B 

28.B 

29.D 

30.A 

31.A 

32.A 

33.C 

34.C 

35.C 







■H. 
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I. LYTHUYET 
1. Tiem can dung: 


Ham y = f(x) thoa 1 trong cac DK: 


Tiem Can 


lim y = +oo 

X-AXo 

lim y - -oo 

Mro => x = xo diro-c goi la TCD 
limy = +oo 

lim y = -co 


2. Tiem can ngang: 

Ham y = f(x) thoa 1 trong cac DK: 


lim y = y 0 

=> y = y 0 diro’c goi la TCN 

lim y = y 0 


3. Tiem can xien: Ham y = f(x] thoa 1 trong cac DK: 


lim [f (x) — {ax + b)\ = 0 

X-A-Ko 

lim [/(. x ) - (ax + b)~\ = 0 


+ b duor goi la TCX 

*Cach xac dinh: a= lim ; b = lim [/(x)- ax~\ hoac a= lim — ; b = lim[/(x) — ax] 

X-A+oo .r-A+oo " X-A—oo x-A—oo 

(Khi a = 0 ta co tiem can ngang} 

*Chu y: + Ham da thuc bac 3, bac 4 khong co tiem can; ham huu ty ^ ac 1 chi co TCD 

bac 1 

va TCN; ham chi co the co TCD va TCX; ... 
bacl 

II. ling dung ki thuat Casio tim gio-i han de tim Tiem can 


Vf du 1: Trich de mau minh hoa Ian 2 nam 2017 


Tim tat ca cac tiem can dung cua do thi ham so y = 


2x —1—Vx 2 + x + 3 
x 2 — 5x+6 


A. x = —3. va x = —2. B. x = —3. C. x = 3. va x = 2. D. x = 3. 

Hu'6'ng dan: 

Meo : tiem can dung x = a thi tai gia tri do thucmg lam cho mau khong xac djnh va 

limy = oo 


Do do ta CALC cac dap an xem co dap an nao bao Error khong 
Dap an Axet x = -3 


j Biro-c 1: Nhap bieu thu’c 

ig)[I]H(i]S[EB©IIi)(Tl(l)(±]HITlE] 

B Math 

2X-i-Jx2+X+3 

X2-5K+6 
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Birdc 1 : CACL cac dap an 

Bap an A,B : x = -3 no ra 1 gia tri xac dinh nen loai A,B 
Vay chi con C, D dung xet gia tri x = 2 xem sao 

H f3l f=1 [calZHTI f=l 

No bao error thi kha nang x = 2 la TCD gicr chuyen sang 
bunc 2 

□ Math A 

2X-i-Jx2+X+3 
X £ -5X+6 1 

"3 

(3 Math 

Math ERROR 

CAC] :Cancel 

C 4 ]Cfr]:Goto 

Birdc 3 : Tinh gidi han 

Be tinh gidi han tai x=2 ta CALC tai x=1.999999 
(^MmRf9jf^fT||T|(T||T|f=1 

No khong ra vo cungnen x = 2 sai vay khoanh B 

... 0 . Math A. 

2X-1-Vx £ +X+3 

X2-5X+6 

-1.166665543 


Vi du 2: Tim tiem can ngang cua do thi ham so y = 

B. y = 3 C. v = -3 


A.y = ±3 

Hiro-ng din 

Chung ta se tinh gia trj bieu thu-c tai x = ±I0 6 thay cho ±oo 

0 Math A ' 0 Math A 

3X+l+sint5 X} 3X+l+sin(5X:i 

-^2-9-4 Jk2-9-4 

3.000012024 -3.000010024 


3x +1 + sin 5x 

n/x 2 -9 -4 

D. khong ton tai 


Vay khoanh A. 


Vi du 3: Ham so y = : 


x + yfx* + x + l 


-I 


co bao nhieu du'dng tiem can ? 


A.2 B.3 C.4 

Hiring din 

Kiem tra xem x=l co la tiem can dung khong 

a Math A ' ' _a Math A 

X? x+ix^+K+l 

1.000000001 ' ~ 2732050809 

Vay x=l la tiem can dung 

Tiep tuc kiem tra tiem can ngang 


D.l 
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Bai tap ren luyen 

, Qr + 1 

Cau 1: Cho ham so y =- . Khang dinh nao sau day DUNG? 

l-2x 

A. Do th j ham so co tiem can dting la x = 1. B. Do thi ham so co tiem can ngang la y = --. 

C. Do thi ham so co tiem can ngang la y = 3. D. Do thi ham so khong co tiem can ngang. 

Cau 2. Cho ham so y = —- co do thi (C). Tim toa do diem M co hoanh do dirorng thuoc (C) 

sao cho tong khoang each tir M den hai tiem can nho nhat. 

A. M(0;-1). B. M(2;2). C. M(l;-3). D. M(4;3). 


Cau 3. Cho ham so y - 


2x -3x + m 


x-m 


co do thi (C) . Tim tat ca gia tri cua m de (C) khong co tiem can 


dung. 


A. m = 0. 


B. m- 1. 


C. m -2. 


D. m = 0 hoac m-\. 


Cau 4. Tim tat ca cac tiem can dung cua do thi ham so y = 


2x-l-'J. 


x + x + 3 


x 2 — 5x + 6 


A= x = -3 va x = -2. B. x = -3. 


C. x = 3 va x = 2 . D. x = 3. 


x +1 


Cau 5. Do thi cua ham so y = 

A. 1 . B. 0 


co bao nhieu tiem can ? 

C. 3. 


D. 2. 


Cau 6. So cac dirdng tiem can dung cua do thi ham so y = 2 la: 

x -1 


A. 0. 


B. 2. 


C. 3. 


D. 1. 


Cau 7. Biet do thi ham so p = + ax ^} nhan true hoanh va true tung lam hai tiem can 


x +ax+b- 12 


thi gia tri a + b bang: 

A.-10. B. 2. 


C. 10. 


D. 15. 


Cau 8. Xet cac menh de sau: 


1. Do thi ham so y = -—- co mot dircmg tiem can dung va mot duxmg tiem can ngang. 
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2. Do thi ham so y = co hai duung tiem can ngang va mot duung tiem can 

X 

dung. 


_ y 

3. Do thi ham so y = x - * — co mot duung tiem can ngang va hai duung tiem can 

x -1 

dung. 

So menh de DUNG la 
A. 3. B. 1. 


C. 2 . 


D. 0 . 


2 | sy 

Cau 9. Hoi do thi ham soj; = -)==— co tat ca bao nhieu tiem can (gom tiem can dung va 


tiem can ngang)? 
A. 1. 


■Jlx + \ -x 

B. 4. 


C. 3. 


D. 2. 


Cau 10. So duung tiem can cua do thi ham so y = 

A. 2 . B. 1. 


2x 


yjx 2 +1 - x 

C. 3. 


la 


D. 4. 


Cau 11. So tiem can ngang cua do thi ham so y = la: 

Vx 2 +1 


A. 0. 


B. 1. 


C. 2. 


D. 


Cau 12. Cac gia tri cua tham so a de do thi ham so y = ax+^4x 2 +1 co tiem can ngang la: 


A. a = ±2. 


B. a = - 2 va a = C. a = ± 1. 
2 


D. a — ±—. 
2 


Cau 13. Tim tap hup tat ca cac gia tri thuc cua tham so m de do thi ham so y - co dung 


x — 1 


hai duung tiem can. 

A. (y-* oo* +oo^\ |lj . B. 1 oo;+oo^\|— 1* Oj. C. (—oo;+oo). 

Cau 14. Tim so duung tiem can cua do thi ham so ham so y = 


D. (—oo; +oo)\ {o} . 
yjX~ + 2x ^ 


x-2 


A. 1. 


B. 2. 


C. 0. 


D. 3. 


Cau 15. So duung tiem can cua do thi ham so y = ^ x la: 


A. 3. 


B. 1. 


x 

C. 0. 


D. 2. 
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^ ** t ., x v (m + \)x-5m , A . A ^ _ x 

Cau 16. Tim m de do thi ham so y = - - - - co tiem can ngang la ducmg thang y = 1. 

2x-m 

A. m — 2. B. m = — . C. m = 0. D. m = l. 

2 


Cau 17. Tap hop cac gia tri cua m de do thi ham so y = 


2x-l 


( mx 2 -2x + l)(4x 2 + 4/m; + l) 


co dung 1 


ducmg tiem can la 

A. {0}. B. (—oo;—l)u(l;+oo). C. 0 


D. (— qo; —l) u {0} u (l; +oo). 


Cau 18. Cho ham so fix) xac dinh tren M\ — 1 , lien tuc tren moi khoang xac dinh va co bang 
bien thien nhu hinh ve. Hoi menh de nao dudi day sai? 


-1 


+00 


+00 


0 + 


+00 



+00 


A. Do thi ham so co tiem can ngang la y = -1. B. Ham so dat cue tri tai diem x = 2. 
C. Ham so khong co dao ham tai diem x = -l. D. Dths co tiem can dung la x = -l. 


Cau 19. Cho ham so y - 


4x 2 + bx + 9 


co do thi (C) ( a,b la cac hang so ducmg, ab = 4 J. Biet rang 


(C) co tiem can ngang y = c va co dung 1 tiem can dung. Tinh tong T = 3a+b-24c 
A. T = L B. T = 4. C. T = 7. D. T = l\. 


Cau 20. Cho ham so y = x + - ^ 4x ^ — co do thi la (C). Goi m la so tiem can cua (C) va n la gia tri 
cua ham so tai x = 1 thi rich m.n la 


A. 


14 


B. —. 

15 


C. 

5 


dA. 

5 


2x + 3 


Cau 21. Cho dubng cong (C):y = -— va M la mot diem nam tren (C). Gia su d^d 2 tuang 

ung la cac khoang each tu M den hai tiem can cua (C), khi do rich d v d 2 bang 
A. 6. B.3. C. 5. D.4. 
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Cau 22. Tim tat ca cac gia tri cua tham so a de do thi ham so y - 


x~ + a 


co 3 dircrng tiem can. 


A. a^0,a^±l. B. a^O y a^—l. C. a<0,a^£— 1. D. a>0. 


Cau 23. Tim tat ca cac tiem can dung cua do thi ham so y = 


A. y = -2; y = 5. B. x = -2. C.x = -2;x = 5. 


yj x 2 + 2x + 16 +2 — X 
JC 2 -3jc— 10 


D. x = 2, x = —5. 


l.B 

2.D 

3.D 

4.D 

5.C 

6.D 

7.D 

8.C 

9.D 

10.B 

11.C 

12.A 

13.A 

14.D 

15.A 

16.D 

17. A 

18.A 

19.D 

20. D 

21.C 

22.B 

23.C 
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Tiep Tuyen 

Dang I: Viet phircrng trinh tiep tuyen tai 1 diem: 

Vi dul: Viet phu-omg trinh tiep tuyen cua y = x 3 -2x 2 +2x+l tai x = i 
Ta da biet phirong trinh tiep tuyen co dang : y = ax+b 

a = _V , ( x <,) = '~"( x3_ 2x 2 +2x+l) = l con b = y(x o )-ax o 
cbc 

Cac ban bam may nhir sau : 

fsHirri ialphai i~)~i fsHini f^i f^i [~2~i [alpha! m r^i f+i f2i [alpha! m f+i m m f=1 


13 Math A 

^(X 3 -2X 2 +2X+i:t; 

1 

[CALCimf^l 

[3 Math A 

(X 3 -2X 2 +2X+l)-ll> 

1 

=> J> = X + 1 

Dang II: Viet phu-OTig trinh tiep tuyen di qua 1 diem: 

Vi du 1: Viet phirorig trinh tiep tuyen cua y = x 3 -3x+l di qua M( 1;-1) 
Gia sir tiep diem la A(x 0 ;y o ) 

Ta giai he tim toa do tiep diem 
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k = y'{*o) r =1 

.^=I(x„-1)-1^^-3x„ + 1 = (3x:-3)( V 1)-1^4 * 

- x = -0.5 

y„= x o ~ 3 x o +1 

Vay la quay lai bai toan tim tiep tuyen tai 1 diem. 

Be giai phu’o'ng trinh nay xf -3x a +1 = (3x 0 2 -3)(x 0 -l)-l cac em nhap vao may nhir sau: 

000E0 

0 Math a Math 

K 3 -3X+l-tC3X 2 -E*- <3X 2 -3) (X-D-l) 


Sau do bam |shift| IcalcI 1=1 

a Math 

X 3 -3X+1-((3X 2 -:* 

X= 1 

L-R= 0 

Bu’ffc 1 nghiem thi sira thanh PT:(x- 1) 

a Math 

Can’t Solve 

CAC3 :Cancel 
C4 3 C►::Goto 

Cac em edit thanh PT : (x- 1) 2 roi IshiftI [CALCl 1=1 

a Math 

CX 3 -3X+1-(C3X 2 -i> 

X= -0.5 

L-R= 0 
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Bai tap ren luyen 

Cau 1. Cho ham so y = x 3 -x-l co do thi (C). Phirorig trinh tiep tuyen cua (C) tai giao diem cua 
(C) vdi true tungla 

A. y- 2x+2. B. y = -x + l. C. y = -x-l. D. y-2x- 1. 

Cau 2. Cho ham so y = x 3 -6x 2 +9x-2(C). Birorng thang di qua diem A(- l;l) va vuong goc vdi 
dirdrig thang di qua hai diem circ tri cua (C) la: 

_I ^ 13 

A. y = —xH—. B. y = — x + —. C. v = x+3. D. x-2y-3=0. 

22 22 y 

Cau 3. Cho ham so (C):y = x 4 -8x 2 + 7.Tim m de dircmg thang d :y = 60x+m tiepxucvdi (C). 

A. m = -\64. B. m = 0. C. m = -60. D. Dap an khac. 

Cau 4. Phu'O'ng trinh tiep tuyen vdi do thi ham so y = /(x) = x 3 -3x 2 +2 tai diem co hoanh do 

x = 1 

A. y- -3x+3. B. y = — 3x—3. C. y = -x-l. D. y = — x + 1. 

Cau 5. Tat ca cac gia tri cua m de phuomg trinh x 3 -3 x 2 -m = 0 co 3 nghiem phan biet la: 

A. m<0. B. m>4. C. 0<m<4. D. -A<m<0 

x —1 

Cau 6o Cho ham so y = -co do thi (C). Biet do thi (C) cat Ox, Oy lan lirot tai A, B. Tim M 

x+1 

thuoc (C) sao cho dien tich tarn giac MAB bang 3. 

A - Bl M ( 3; 2)' c 2 )- D - M [y;-\ 

Cau 7. Cho ham so y = x 3 -m 2 x 2 -m co do thi (C). Tim tat ca gia tri thirc cua tham so m de tiep 
tuyen cua do thi (C) tai diem co hoanh do x 0 = 1 song song vdi ducmg thang (C)d : y = -5x. 

A. m = 2 B. m = -2 .C. ^ _ _ 2 . D. Khong co gia tri cua m . 

Cau 8. Vdi gia tri nao cua m thi dircmg thang y = Sx+m la tiep tuyen cua do thi ham so 
y = -x 4 -2x 2 +3 

A. /72 = 8. B. m = -%. c. w = 18. D. w = - 18 . 
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Y^ }}1Y~ 

Cau 9. Cho ( C m )\y = —-— +1. Goi A la diem tren (C m ) co hoanh do la -1. Tim m de tiep 

tuyenvo-i (C m ) tai A song song vdi dircrag thang d:y = 5x+2016. 

A. m — 4. B. m = —5. C. m —— 4. D. m — — 1. 

1 2 

Cau 10. Tim m de tren diromg cong(C m ):y = -x 3 -ntx 2 +6(m-l)x + - co hai diem phan biet 

A(x 1 ;y 1 ) va B(x 2 ;y 2 ) sao cho tiep tuyen tai moi diem do vuong goc veri diromg thang 
x + 3y — 6 = 0 va Jx^ + Jx^ < 2^3. 

3 3 3 3 

A. — < m <3. B. m> — . C. m < — hoac m> 3. D. — < m < 3 . 

2 2 2 ' 2 


1C 

2B 

3A 

4A 

5D 

6C 

7B 

8A 

9A 

10A 
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Tircmg giao 

Vi du 1: Tim m de phirong trinh -J7 4 +4x 3 -2x~ -3x~m +x 2 -1 = 0 co nghiem thyc. 
A. m <0 B. m> —2 C. — 2<m<0 D. m>0 


Huang dan 


Bu'6'C 1 : Nhap phirong trinh vao may 

Boi m = Y 

B Math A 

eX 2 -3X-Y +X 2 -1 

Biror 2: Cac em chon 1 gia tri dai dien or tung dap an, vi 

B Math A 

Y? 

du muon kiem tra xem A co kha nang dung khong thi lay 

m = — 100 

Cac em nhap vao may tinh thay m bang Y nhe 

fSHiFTl ICALCl 

0 

0 Math 

Can't Solve 

CAC1 sCancel 
:*]:►]:Goto 

00®®(ii 

Vay loai A, tuemg tir xet B 

B Math A 

<:x 2 -3X-y+x 2 -ii 

<§> 


fSHiFTl (CALCl (Tl f0l (~0l f=1 f=l 

B Math 

Can’t Solve 

Vay Loai B va D , cuoi cung chon C 

cac: :Cancel 
c hi : c ►: : Goto 

Bu’O’C 3 : Khoanh dap an 



Vi du 2: Tim day du cac gia tri thuc cua tham so m de phuong trinh 
x 3 -3x 2 +2(l-m)x+l6+2m = 0 co nghiem nam trong doan [2;4] ? 


A. m >— B.— <m< 8 C. m < 8 D„— <?n<8 

2 3 2 

Huang dan 

*Cach 1: Dua theo huan tu duy tu luan co lap m xet ham 

x 3 -3x 2 + 2(l-rn)x + l6 + 2m = 0m(2x-2) = x 3 - 3x 2 +2x+16 
^ _ . x 3 -3x 2 +2x + 16 

xe[2,4j->2x-2>0->/w =---—-> Min f(x) <m< Max f(x) 
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Cac em dung Table de tim nhanh: Start 2 =, End 4=, Step 0.1= 


13 Math 


1 

2 
3 


0 Math 

K 

2 

2. I 
2.2 

8 


i.Bni 

E.BBEE 


ID 
I I 
12 


0 Math 

K F(K) I 

a.a 

3 

3.1 5.5IM5I 

11 j2 



Vay chon D 

*Cach 2: su dung tinh nang giai phirang trinh bac 3 cua may tinh 


Chon gia tri dac trung cua tirng dap an, vf du A la m=100 dcrgc 3 nghiem 


0 MathT 

X£= 

0 MathTA 

X3= 

0 Math A 

-13.21708151 

15.13747701 

1.0796045 


Vay loai A do m=100 khong co nghiem nao thuoc 
Tiep tuc xet C vo'i m=-100 

0 MathT 0 MathVA 0 Math A 

Xl= X2= Xs= 

1 1+14.106735981 1-14.106735981 

Vay loai C do m=-100 khong co nghiem nao thuoc 

Tiro-ng tir xem B va D khac nhau o’ gia tri m=6 thuoc D khong thuoc B 

0 MathT 0 MathTA 0 Math A 

Xl= X£= X3= 


-3.110092071 3.629813272 2.480278799 

Vay m=6 thoa man nen chon D 

Vi du 3:[Trich de thu nghiem 2017] Tim tap hap tat ca cac gia tri cua tham so thirc m 
de phuang trinh 6 X +(3-m)2 x -m = Q co nghiem thuoc khoang (0;1). 

A. [3;4], B. [2;4]. C. (2:4). D. (3;4). 
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Huang dan: 


Tirorng Giao 


Cac em co the dung each co lap m roi xet max, min nhir bai tren nhirng 6” vi du nay anh 
se hirdng dan each so 2 dira vao 1 djnh If SGK lop 11 

Cach 2: dira vao dinh lisachgiao khoa lop 11: /(a)/(Z>) < 0 3c e [a,&] de /(c) = 0 


Xet dap an A,B: m=4, start 0=, end 1=, step 0,1= 


f(X)=6 x -2 x -4 



K 

fck:« 

9 

ID 

D.B 

D.9 

i m 

1 1 

1 

□ 


■0.8503131706 


Loai do toan bo khoang (0;1) ham am 


Xet dap an C,D : m=2.1 


E Math 

fOO=<9x2 x -2.1 

1 

K 

□ 

E 

Mk. 


rum 

□. 1 
D.E 

D.DEDB 

D.9EM1 


Cac em de y co khuc chuyen tir am sang diro-ng (hoac ngirgc lai) la co nghiem vay chon C 
loai D 
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Bai tap ren luyen 


2x ~f~ 1 


Cau 1. Cho ham so y = - co do thi (C). Tim tat ca gia tri cua m de dircrng thang 

x + 1 ' 

d :y = x + m — 1 cat (C) tai 2 diem phan biet A, B sao cho AB = 2^3. 

A. m = 4 + a/3 . B. m — 4±^/lQ. C. m = 2 + \f3. D. m =2 + VTo . 


Cau 2. Do thi hinh ben la cua ham so y = -x 3 + 3x 2 -4. Tim 


tat ca gia tri cua m de phuong trinh x 3 -3x 2 = co hai 

nghiem phan biet? Chon mot khang dinh DUNG. 

y ‘ 

\ 


A. m = 4 hoac m = 0. 

-1\ o 

1 


A 

X 

B. m — 4 . 

\ 

/ 

/ \ 


C. 0<m<4. 

\ 

/ 

} 

\ 

o 

II 

S 

Q 

V 

J 

-4 


\ 

\ 

i 


Cau 3. Do thi cua ham so y = x 4 -2x 2 + 2 va do thi cua ham so y = -x 2 +4 co tat ca bao nhieu 
diem chung? 

A. 0. B. 4. C. 1. D. 2. 

Cau 4. Cho ham so y = f (x) xac dinh tren M \{0}, lien tuc tren moi khoang xac dinh va co bang 
bien thien nhu sau 



Tim tap hop tat ca cac gia tri cua tham so thirc in sao cho phirorng trinh /(x) = m co ba nghiem 
thirc phan biet. 

A. [-1;2]. B.(-l;2). C. (-1;2]. D. (— 00 ;2]. 
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Cau 5. Cho ham so y = x 3 -3x + 2 co do thi (C).Goidla ducmg thang di qua A( 3;20) va co he 
so goc m . Gia tri cua m de ducmg thang d cat (C) tai 3 diem phan biet 

A. m<— ,m^24. B. m> — . C. 24. D. m< —. 

4 4 4 4 

Cau 6. Vui gia tri nao cua m thi phircmg trinh x 3 -3x-m = 0 co ba nghiem phan biet. 


A. -2 < m < 2. B. -1 < m < 3. C. m < -2. D. -2 < m < 2 

Cau 7. Cho ham so y = x 3 + 3x 2 -9x + 5 co do thj (C). Goi A, B la giao diem cua (C) va true 

hoanh. So diem M e (C) sao cho AMB = 90° la: 

A. 1. B. 2. CO. D. 3. 


Cau 8. Cho do thi (C): y =— X + ^ va A (-2; 3), C(4; l). Tim m de dircmg thang d : y = 3x -1 cat 

2 x-m 

do thi (C) tai 2 diem phan biet B, D sao cho tu giac ABCD la hinh thoi. 


A. m = — . 
3 


B. m—l. C. m — 2. D. m = 0 hoac m = —1 . 


Cau 9. Vdi gia tri nao cua m thi do thi ham so: y = x 4 -2x 2 +m cat true hoanh tai 4 diem phan 
biet 

A. m = 0. B. m >\hoac /??<0.C. m<\. D. 0<m<\. 

Cau 10. Cho ham so y = /(x) co do thi nhu hinh ben. Tim tat ca cac gia tri cua tham so m de 
phuo'ng trinh f(x) = m-2 co bon nghiem phan biet. 



A.—3<m<—2. B.—4<m<—3. C.-3<m<-2. D. -4<w<-3. 


Cau 11. Tim tat ca cac gia tri thuc cua tham so m de do thi ham so y - x 4 - (m + l)x 2 + m cat 
true hoanh tai bon diem phan biet co tong binh phuo'ng cac hoanh do bang 10. 


Bikiptheiuc.com 


Bf kip CASIO cong pha TrSc Nghiem Toan 


Hotline: 0977.543.462 


Tuotig Giao 


CASIO EXPERT : Nguyen The Lu*c - fb: Ad.theluc-Youtube :MrTheLuc95 

A.m = —l + yf5. B. m = 3. C. m = 2. D. m-A. 

Cau 12. Cho ham so /(x) = x 3 -3x +1. So nghiem cua phuong trinh/(/ (x)) = 0 la? 

A. 6. B. 7. C.9. D.3. 

Cau 13. Tim cac gia tri thuc cua tham so m de phuong trinh -Jl-x + VTkx = \Jm + x-x 2 co hai 
nghiem phan biet. 

- L 23] r r- ^ ( r- 23 V ( _ . T /- 23 \ } 


A. m e 5; 


f 23 ) 23 ] 

B. me[5;6]. C.7 ne 5;— u{6}. D .we 5;— u{6}. 


Cau 14. Cho ham so y = f ( x ) lien tuc tren tirng khoang xac dinh va co bang bien thien sau: 



Tim m de phuo'ng trinh f(x) + m = 0 co nhieu nghiem thuc nhat. 


m < -1 

m > 1 

m < -1 


m > 1 

A. 

B. 

C. 

D. 


m > 15 

m <-15 

m > 15 


m< — 15 


Cau 15. Cho ham so y = f (x) xac dinh tren K \ {3}, lien tuc 
tren moi khoang xac dinh va co bang bien thien nhu ben. 
Phuo’ng trinh / (x) -me 6 dung hai nghiem thuc phan biet 

khi va chi khi 

A. m >1 hoac m = —2. B. m>l. 


x I —<*> -. 1 


+CO 

m \ 


C. m > — 2. 


D. m>—2. 


. 2 / 


Cau 16. Biet rang ham so y = x 4 -4x 2 + 3 co bang bien thien nhir sau: 

x -°o -V2 _ 0 _ -Jl 

v' - 0+ 0- 0 + 
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Tim m de phirang trinh |x 4 -4x 2 +3| -m co dung 4 nghiem thirc phan biet. 

A. \<m<3. B. m>3. C. m = 0. D. zw e (l;3)u{0}. 


Cau 17. Tim tat ca cac gia tri thirc cua tham so m de phirang trinh x 2 - 4 x + m = 2^5 + 4x-x 2 + 5 co 
nghiem. 

A. -\<m<2^3. B. 0<ra<15. C. m>-\. D. m>0. 

3x — 2 77? 

Cau 18. Cho ham so y = -, vdi m la tham so. Biet rang do thi ham so cat dirang thang 

mx +1 

d:y = 3x-3m tai hai diem phan biet A, B va cat cac true Ox, Oy lan lirot tai C, D. Gia tri cua 
m de dien tich tarn giac OAB bang 2 lan dien tfch tarn giac OCD la 


A. m = ±—. 
3 


B. m - 


C. m = — . 
3 


D. m = ±—. 
2 


^ , A , I—8 +4a — 2Z) + c >0 , , 

Cau 19. Cho cac so thuc a, b , c thoa man < . So giao diem cua do thi ham so 

[8 + 4a + 2Z> + c<0 

y = x 3 +ax 2 +bx + c vatruc Ox la 

A. 0. B. 1. C. 2. D. 3. 

Cau 20. Vdi gia tri nao cua m thi phirong trinh ^x-2+^A-x=2m co nghiem 

A. %/2 <m<2. B. <m<\. C. —s/2 <m<2. D. <m<\. 

2 2 


Cau 21. Khi phirorng trinh |sinx-cosx| + sin2x = m co nghiem thirc khi va chi khi 

5 _ 5 


A. ^2— B. V2 — 1 < m <—. C. l<m<—. 

4 4 


D. m = 1 hoac m = —. 

4 


Cau 22. Phiro'ng trinh x 3 +x(x + l) = m(x 2 +1^ co nghiem thirc khi va chi khi 


A. -6 < m < —. B. -1 < m < 3 . 
2 


C. m> 3. 


^ 1 3 

D. — < m < —. 
4 4 


Cau 23. Cho ham so y = /(x) xac dinh va lien tuc 
tren m6i nua khoang (- 00 ;-2] va [2;+oo) ; co bang 

bien thien nhu hinh ben. Tim tap hap cac gia tri cua 
m de phirang trinh f(x) = m co hai nghiem phan 

biet. 


i 

8 

8 

f(t) 

- 


- 0 + 

f(>) 

+oo 

22 

w 

+00 

^ / 

7/4 
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A. 



u[22;+oo). 


B. [22; W). 




x + 3 


Cau 24. Cho ham so y = - co do thi (C). Birorng thang d:y = 2x + m cat (C) tai hai diem 


x +1 

phan bietM va N sao cho MN nho nhat khi 
A. jn = \. B. t?2 = 3. 


C. 772 = 2. 


D. 772 = —1 . 


Cau 25. Bircmg thang d : y = x + 4 cat do thi ham so y = x 3 +2nzx 2 + (?72 + 3)x + 4 tai 3 diem phan 
biet J(0;4),5 va C sao cho dien tfch tarn giac MBC bang 4, vdi M(l;3). Tim tat ca cac gia tri 
cua 722 thoa man yen cau bai toan. 

A. 772 = 2 hoac 772 = 3. B. m = —2 hoac 772 = 3. C. 772 = 3. D. m = —2 hoac 772 = — 3. 

Cau 26. Tim tat ca cac gia tri thirc cua tham so m de phncmg trinh 772^2 + tan 2 x = m + tanx co it 
nhat mot nghiem thirc. 


A. -72 < 772 < 72. B. -1 < 772 < 1. C. -72 < 772 < 72. D. —1 < 772 < 1 . 

Bang Dap An 


1.B 

2.A 

3.D 

4.B 

5.C 

6.A 

7.B 

8.A 

9.D 

10.A 

ll.D 

12.B 

13.B 

14.C 

15.A 

16.D 

17.B 

18.A 

19.D 

20. B 

21.B 

22.D 

23.D 

24.B 

25.C 

26.C 
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Ham So Mu - Logarit 

Ve ca ban thi cac em cung lam nhir nhung gi dirge dugc hudng dan cr chuomg ham so, phan 
nay chu yeu cac em tir thirc hanh va on lai cac kT nang 

Dang 1: Tap xac dinh 

Vi du 1: Tap xac djnh cua ham so y = (l-x)“ 2 +logx la: 

A. (0;+co) B. (~oo;l) C. (0;l)u(l;+oo) D. (0;l) 

Hircrng dan 


Cung giong nhir cr cac phan triroc, de cho nhanh chung ta se dira vao cac dap an bang tim 
ra sir khac biet roi CALC 


Birox 1: Nhap bieu thirc 

mrnHHiTifTiHHrii^i+iHHmm 

a Math 

Cl-JO" 2 +logOOI 

Buot 2: CALC cac dap an 

Dap an A,C chon x=100 
tCALCl fl~l f0~l fOl [=1 

Vay A, C thoa man lai tim sir khac biet 2 dap an nay 

crgiatrix=l 

icAicimi=n 

Vay loai A do chua gia tri nay 

a Math A 

(HO- 2 +logm 

2.00010203 

a Math 

Math ERROR 

CAC] :Cancel 
[*]C*]:Goto 

Bircrc 3: Khoanh dap an dung 



Dang 2: Dao ham mu - logarit 

Vi du 1: Tinh dao ham cua ham so sau: f(x) = x x 

A. f'(x) = x x ~ 1 (x+lax) B. /’(x) = V(lnx + 1) C. f'(x) = x x D. /’(x) = xlnx 

Huong dan 

*Tir luan : y = x x —>Lny = xlnx-> — = lnx + l—»y , = x I (l + li)x) 

y 

* Casio : khong phu thuoc bai de hay kho 
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Buo’c 1: Nhap bieu thirc tinh dao ham tai mot gia tri lam 
ham xac djnh 

0 Math A 

Buo'c 2: Xet hieu cac dap an 

Dap an A 

! ®B®©(S0m®m®ffiG3®H)[I]li) 

0 Math A 

<-2 2-1 (2+ln(2))l 

Buo'c 3: Chon dap an dung 

j *Luu y: nhieu tnrdng hop ket qua chi xap xi 0 nen cac em bam 
j (PJ 

i Be kiem tra nhe. 

0 Math A 

0 


Vi du 2: [Logarit + Lining giac] Bao ham cua ham so f(x) = sin 2x. hr(l — x) la: 

. ... . _ „ , . 2sin 2x. ln(l — x) „ ... , . _ . - 2 /i \ 2sin2x 

A. f (x) = 2oos2a;.ln"(l — x) -B. f (x) = 2cos2i.In (1 —a:)--- 

w v ' 1 — x l-x 

C. f'(x) = 2cos2:r.ln 2 (l — x) — 2sin2x.ln(l — x) D. f'(x) = 2oos2.t + 21n(l — x) 

Huong dan: 

Ve ca ban cac em cung lam tirong tu nhung luu y la phai de don vi goc a Radian : 
[sirrl ImodeI [4~1 

Cach nhap ln 2 (l -x) la (Ini PH PI Iaipha) ID ID fD 

0 Math A 

ln(l-X) £ l 


Dang 3: Max-Min 

Vi du l[D'eThu’ Nghiem 2017]: Xet cac so thirc a,b thoa man a>b> 1. Tim gia tri nho 
nhat P [mn cuabieuthu-cP = log^(a 2 )+31og s ^j 

A.P rin =19 =13 C. P mm =14 D. P mm =15 

Huong dan 

*Tu* luan: 
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P = lo£(a>) + 3log b (^y 


+31 °g* [ f 1 = 77 t' M 2 + 3(tog„a-l) 

log.- (1_log “ b) 

“ b J 


Oat t = log a b < 1 do a>b>l. Khao sat ham /(t)= 4 +3(--l),f(t)=0o< = j 

Cac em tir dao ham, giai /'(x) = 0 roi lap bang bien thien, kha la lau (anh dung luon casio) 

a Math 

K FCH> 

l 8:1 

5 D.M 15.Ell 

15.16326531 

*Casio : 

Cach 1: Dung CACL cho tien d he Comp 
Nhap bieu thux vao may tlnh 

® (aM)0 


log a (fl z ) 2 +31og 1 > <A 2 ) 2 +31og B (g) 


Theo dieu kien a>b> 1 nen ban dau chon a = 1.2 ,b = 1.1 

mmRrnfEimrnmi^i 

13 Math A 

l09ft t i+ 3l09|^ 


20.30118885 

Tiep theo gift nguyen B, thay doi A tang len 1.3 —>1.4 —>1.5 

DQ]0(I]ii IcalcI rn FI f4l 1=1 f=i 


□ Hdlii 


a Math A 


a Math A 


109fttA z J ^+3l09|> 109^^^^+3109^ log^t"+3109^ 

6 15.12454284 E 15.37732736 E 16.5986098 

Dvra vao day ta thay do thi co dang pheu nen Min «15 cac em Calc mot vai gia tri ntra 
xung quanh 
a = 1.3 -»1.4 cho chac 
fcALcl m RITl R [=1 f=1 
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Math A 


logfttA z J"+31og L > 

B 15.03566838 

Vay khong con nghi ngcr gi nira 


Cach 2: Table : thay b = 1.1 hoac lira 1.1 vao b, thay a=X cho a thay doi, 
start 1.2=, end 4-, step 0.1= 


Math 

2. 


f(X)=* x (X 2 )^ 


1.1 


K 


i.a anjlU 
1.3 ffiMft! 

15.311 


1 H M 


15*12454284 
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Bai tap ren luyen 


Cau 1. Tim tap xac dinh cua ham so y = log 2 (x 2 -x-6) 

A. [-2;3] . B. (-qo;-2]u[3;+oo). C. (-oo;-2)u(3;+oo). D. (-2;3). 

Cau 2. Cho hai so thirc a, b vai 1 <a<b. Khang dinh nao sau day la dung: 

A - I°g 20 i 6 2017< l B ' <lOx>0. C. <1ojc>0. D. log 2017 2016<l. 


Cau 3. Biet log a b = 2, log^ c = 3; a,b,c > 0; a ^ 1. Khi do gia tri cua log a 


a 2 yjb 


bang 



B. 5. 


C. 6. 



Cau 4. Cho ham so /(x) = xlnx.£)ao ham cap hai /"(e) bang: 

A. 2. B.-. C. 3. 

e 


D. e. 


Cau 5. Tap xac dinh cua ham so y = -. la: 

4e A -e x 

A. (—oo;4]. B. M\{4} . C. (-oo;4) . D. (-oo;ln4). 

Cau 6. Bao ham cua ham so y = (2x 2 -5x+2)e x la: 

A. xe x . B. (2x 2 -x-3)e x . C. 2xV. D. (4x-5)e x . 

Cau 7. Cho ham so /(x) = 3*\4*. Khang dinh nao sau day la sai 

A. /(x)>9<^>x 2 +2xlog 3 2 >2. B. /(x)>9o2xlog3+xlog4>log9 . 

C. /(x) > 9 <^>x 2 log 2 3+2x > 21og 2 3. D. /(x)>9<^>x 2 ln3+xln4>21n3. 


Cau 8. Tmh dao ham cua ham so y = e x sin2x. 

A. e x (sin2x-cos2x). B. e x (sin2x+2cos2x). C. e*(sin2x + cos2x). D. e x cos2x. 

Cau 9. Tfnh dao ham cua ham so y = 3 6x+1 . 

A. y' = 3 6x+2 .2. B. y = (6 x+ 1).3 6x . C. / = 3 6x+2 .21n3. D. / = 3 6x+1 .ln3. 


Cau 10. Ham so y = In 


cosx + sinx 
cos x-sin x 


co y bang 
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A. 


B. 


C. cos2x. 


cos2x sin 2x 

Cau 11. Tim tap hop tat ca cac gia tri cua tham so thirc m de ham so y = 


D. sin2x. 


tap xac dinh M ? 

A. 


2 

—;+oo L 
3 


B. — ;+oo . 
3 




D. 


y log 3 ^x 2 - 2x + 3/?i^ 


: ;io 


co 


Cau 12. Cho ham so /(x) = ln(4x-x 2 ). Chon khang dinh dung. 

A. /'(3) = -1,5. B. /'(2) = 0. C. /'(5) = 1,2. 

Cau 13. Cho ham so y = x 2 e x . Nghiem cua bat phirong trinh y < 0 la: 
A. xe(0;2). B.xe (-qo;0)u(2;+oo) . C. xe(-oo;-2)u(0;+oo). 

Cau 14. Ham so _y = log 2 (4 x -2 x +/w) co tap xac dinh D = R khi 


A. m> — 

4 


B. in > 0. 


C. m> — ‘ 
4 


D. /'(-l) = —1,2. 
D. xe(-2;0). 


D. m < — ■ 
4 


Cau 15. Ham so y = e x ' 41+4 dong bien tren nhirng khoang nao sau day? 

A. E. B. (^o; 2)u(2; +oo). C. (2; +oo). D. (— 00 ; 2)va (2; + 00 ). 


Cau 16. Tim gia tri Inn nhat cua ham so y = tren doan [l; e 3 J 

4 


A • 4- B. 21. 

e e 


Cau 17. Cho ham so y = log ;t2 4. Tinh y'(2 ) 

1 


C. 0. 


D. x = l. 


A. log 2 4. 


B. 


In 4 


C. — 


In 2 


D. — 


In 4 


Jx + 5 

Cau 18. Tap xac dinh cua ham so y - -— 7 - -- la 


A.[-5;9], 


log(9-x) 

B.(-5;9)\{8}. C.[-5;9)\{1}. 


D. [—5;9)\ {3}. 


Cau 19. Ti'nh dao ham cua ham so y = 


x+1 
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A. y' = - 


B. / = —. 

x+1 


n f x + e 

c - y = 7-r 


x — e 

D. ? = 


A' X “1“ 1 

Cau 2 0. Dao ham cua ham so v = In-la 

x-2 


(x + l)ln 


x -x-2 


(x-2) 2 


a x —3 

Cau 21. Tap xac dinh D cua ham so y = log-la 

x + 1 


A. Z) = R\{—l}. 


B. D-(-oo;-l)u(3;+oo). 


C. D = [ 3;+oo). 


D. D = (-l;3). 


Cau 22. Ham so nao trong cac * 
ham so sau co do thi phu ho*p *■ 
vai hinh ve ben ? 1 

r~* 7jrTr'"iT""t3. 

A ->’ = log 0>5 *• B ' Y = log^ x. / 

C. >- = e\ D. y = e - \ **' . 

Cau 23. Gia tri Ian nhat va gia tri nho nhat cua ham so v = 2xe x -2x-x 2 tren doan ;2 la 

2 


[maxy = 4e +1 


min y - 0 


max v = 0 

B :2 j 


min v = —pr — 

l+f 4 


maxy = 4e 2 + 8 I max v = 4e 2 - 8 


min v = 0 

r ■. a J 


min v = 0 

r i. a -Y 


Cau 24. Cho <2 >0, 6>0, 6^1. Do thi cac ham so y = a x va 
y = logj x dirge cho nhir hinh ve ben. Menh de nao sau day 
la dung? 

A. <2>1;0<Z><1. B. 1><2>0;Z>>1. 


C. 0<tf<l;0<Z><l. D. a>l;b>l. 


-1 0 \ 1 \ 2 


X = log^ x 
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Cau 25. Goi M va m Ian lirnt la gia tri Inn nhat va gia tri nho nhat cua ham so y = ln(2x 2 +e 2 ) 
tren [0;e] . Menh de nao sau day dung? 

A. M+m = 5. B. M+7w = 4+ln3. 

C. M+m = 4 + ln2. D. M+m = 2 + ln3. 


Cau 26. Cho ham so y = x*. Tmh y"(l). 

a. y'(i)=in 2 ^. b. y'(i)=#in;r. c. y'(i)-o. d. y r (i) = 7i^7z-\y 

Cau 27. Tim tat ca cac gia tri cua tham so m de ham so y = ln(l6x 2 + l)-(w-fl)x+m+2 nghich 
bien tren khoang (-oo;oo). 

A. tji g. (— oo;— 3]. B. m e [3; + 00 ). C. me(- 00 ;-3). D. me[-3;3]. 

Cau 28. Cho ham so y = jx 2 +3-xlnx. Goi M;N lan lirnt la gia tri Inn nhat va gia tri nho nhat 
cua ham so tren doan [l; 2]. Khi do tich M.N la: 

A. 2^7 + 41n5. B. 2>/7-41n2. C. 2V7-41n5. D. 2 % /7+41n2. 


Cau 29. Tim tat ca cac gia tri cua tham so m de ham so y = ---xac dinh tren 

m log 2 x-41og 3 x + /72 + 3 

khoang (0;+oo). 

A. 777e(-^o;-4)u(l;+oo). B. me[l;+oo). C. D. 7we(l;+oo). 


Cau 30. Xet cac so thirc a , b thoa man a>b> 1. Tim gia tri nho nhat P min cua bieu thnc 
J P = l°g^(a 2 ) + 31og^|j. 

A. P„„ = 19 . B. P. =13. C. P- = 14 . D. P mi „ = 15. 


Cau 31. Gia tri cua M = (3! 20161o V 2017 (o < a * 1) bang 

A. 1008 2017 . B. 2017 2016 . C. 2016 2017 . D. 2017 1008 . 

Cau 32. Trong cac nghiem (x;y) thoa man bat phuxmg trinh log iJ+ ,^(2x+_v)>l. Gia tri lo-n nhat 

cua bieu there T = 2x+y bang: 

9 9 9 

A.-. B.-. C.-. D.9. 

4 2 8 
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mx +1 

Cau 33. Tim tat ca cac gia tri cua tham so m de ham so y = 2 x+m nghich bien tren khoang 


A. me — ;1 

12 


B. me(- l;l). C. me — ;1 

v 7 2 


D. me —;1 
2 


Cau 34. Cho ham so f(x) = tfx^Jx va ham so g(x) = yjx.^Jx . Menh de nao sao day dung? 

A. /( 2 2017 )<^( 2 2017 ). B. /( 2 2017 )>^( 2 2017 ). 

C. /(2 2017 j = 2g-(2 2017 ). D. /(2 2017 ) = ^(2 2017 ). 

Cau 35. Xet cac so thuc x,y thoa x>l,y>l va —-—+log 81 = 4-log 3 y. Tim gia tri nho nhat 

1 ry X) 


cua bieu thuc F = x 2 +6y. 

A. wiaF = 27 m b. mmF = l2^9. 


C. min F = 9 m minF = 6^2 > 


Cau 36. Goi M, m lan luot la cac gia tri lan nhat, nho nhat cua ham so y = x+21nx tren [l;e\. 
Tinh gia tri cua T = M+m. 


A. T = e+ 3. 


B. T = e+l. 


C. T = e + ~. 

e 


D. 7 = 4 + -. 

e 


Cau 37. Tim tat ca cac gia tri thuc cua tham so m sao cho ham so y = ln(x 2 -2mx+4) co tap xac 


dinh D = R. 

A. m<2. 

C. —2 <m <2. 


B. m < —2 hoac m> 2. 


D. -2<m<2. 


Cau 38. Cho hai so thuc duang x,y thoa man 2 x +2 y =4. Tim gia tri lan nhat 7 max cua bieu thuc 
P = (2x 2 + y ) (2y 2 + x)+9xy. 


A. 7 =- 


B.i > nwx = 18 . 


C. 7 =27. 


D. 7= 12. 


Cau 39. Cho ham so y = , == Tim tat ca cac gia tri cua m de ham so xac dinh vai 

jlog 3 (x 2 -2x-\-3m) 


moi xeR. 


A. m < - 


jy 2 

B. m> — . 


C. m> — . 
2 


D. m < —. 
2 


Cau 40. Gia tri nho nhat va gia tri lan nhat cua ham so /(x) = 2 sin2 * +2 cos2 * lan lugt la 
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A. 2 va 2-72 


B. 2 va 3. 


C. -72 va 3. 


D. 2^2 va 3. 


Cau 41. Trong cac ham so sau, ham so nao dong bien tren R ? 


A.y = 


B.y = 


C. 7 = 


A+iJ' 




£+1 


Cau 42. Cho x , y la cac so dtrong thoa man xy < 4y - 1 . Gia tri nho nhat cua P = + j n £ _ t . ?Z 

x y 

la < 2 +ln 6 . Gia tri cua tich ab la 

A. 45. B. 81. C. 108. D. 115. 


Cau43.Tapxac dinh cua ham so y = (x+ 3)2 -ijs-x la 

A. Z) = (-3;+oo). B. D = (—3;5). C. D = (-3;+oo)\{5} . D. £> = (-3;5] 

Cau 44. Cho ham so f(x) = log 3 (x 2 -2x). Tap nghiem S cua phircmg trinh /"(x) = 0 la 
A. 5 = 0. B. 5={l±V2j. C. S = {0;2}. D. 5 = {l}. 

9 X 

Cau 45. Cho ham so /(x) = -—— , xeR. Neu a+b = 3 thl f(a)+f(b-2 ) co gia tri bang 

A. 1. B. 2. C.-. D.-. 

4 4 

Cau 46. Cho x, y la so there diro-ng thoa man lnx + Inj > ln(x 2 Tim gia tri nho nhat cua 

P = x + y. 

A. P = 6. B.P = 2-Jl+3. C.P = 2 + 3'j2. D .P = jv7+j3. 


t r g x _J72_ 2 , 

Cau 47. Tim tat ca gia tri thuc cua tham so m sao cho ham so y =— : -— dong bien tren 


e — m 


khoang J^ln-; 0 J. 

A. 7??e[-1;2]. B. me( 1;2) C. me 


2 ’ 2 


u[l;2). D. me 


l .I 

' 2 * 2 


Cau 48. Cho a la so thuc dirorng khac 1 va b > 0 thoa log a b = j 3. Tmh A = lo g ab2 



4A-13 B 13-4^3 c A D _j_ 

11 ’ll' 12 ' ' 12' 
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Cau 49. Cho hai so thirc a,b thoa man a>0, 0 <b <2. Tim gia tri nho nhat P min cua bieu thuc 

r M . 2‘+2b‘ 


( T-b a ) 


1 T “ 

2 2 b a 


A-P w ,=- 


Cau 50. Cho ae 


B. P =-. 

mm 4 


C. P, fM 


13 


D. P, =4 


;3 


va M, m Ian lirot la gia tri Ian nhat va nho nhat cua bieu thuc 


9 log* ifa + log] a- log 1 a 3 +1. Khi <36 gia tri cua A = 5?n+2M la 

3 3 3 

A. 4. B. 5. C. 8. D. 6. 

Cau 51. Bo thi ham so y = ^-co toa do diem circ dai la (a;b). Khi do ab bang 

x 

A. e. B. 2c. C. 1. D. -1. 

Cau 52. Cho /(x) = a]n(x+\)x 2 +1 j + Z?sinx + 6 vo'i a,b el. Biet rang /(log(logc)) = 2. Tfnh gia tri 
cua /(log(lnlO)) 

A. 10. B. 2. C. 4. D. 8. 

Cau 53. Xet cac so thirc a , b thoa man a > b > 1. Biet rang bieu thirc P = — -r 

' ^ log ai a 

tri Ian nhat khi b = a k . Khang dinh nao sau day dung? 


log - datgia 


B. ke -;2 C. *e(-l;0). D. Ice 0;- . 


A. &<=(2;3) . 

Cau 54. Chobasothuc a, b, c e T; l j . Tim gia tri nho nhat P mh cua bieu thuc 


1 


P = log I b— + log 6 c — +log I a-- . 


A. P ; „ = 3. 


B. P mm = 6. 


C. P. =3^3. 

nun v 


D. P. =1 


Bang Dap An 


l.C 

2.C 

3.A 

4.B 

5.C 

6.B 

7.B 

8.B 

9.C 

10.A 

11.B 

12.B 

13.D 

14.A 

15.C 

16.A 

17.D 

18.B 

19.A 

20.C 

21.B 

22.B 

23.D 

24.A 

25.B 

26.D 

27.B 

28.B 

29.A 

30.D 

31.D 

32.B 

33.C 

34.A 

35.A 

36.A 

37.D 

38.B 

39.B 

40.D 

41.D 

42.B 

43.D 

44.A 

45.A 

46.B 

47.C 

48.A 

49. C 

50.D 

51.C 

52.A 

53.D 

54.B 
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Chuyen de Mu - Loagrit 

Casio Expert: Nguyen The Lire 


Dang 1: Tinh gia tri cua bieu thirc: 
Mot so chu-c nang can biet 


Phep Mu 

2 3 dDf^g 11] 

Phep mu co- so e 
e x fsHiFrl fTril [ALPiiAl |T1 

Phep gan vao bien nher 

mill® @e 

0 Math 

2 3 

[3 Math 

e* 

0 Math ▲ 

10* A 

10 


Logait co" so bat ki 

Log, 3 raf2l(R)f3| 

Logarit Nepe cua X 

in(x) rnniAiAimm 

Logarit co- so 10 

fioji rn foim 

0 Math 

log £ (3» 

0 Math 

InOOl 

0 Math A 

109(10)1 


Logait co so mu 

Log; 3 

ra(nc^f3ic^)f^if2i[^i 

Logarit Nepe co so mu 

In 2 x Qn] H CD DD ® (=1 

khac lnx 2 Qn] |ALPHA| fTl Ir 2 ! fTl f=l 

0 Math A 

log 2 (3) 2 

2.512106129 

0 Math A 0 Math A 

InCX) 2 ln(X 2 ) 

5.30189811 4.605170186 


Vi du 1: Neu <z = log 15 3 thi: 


AA °*» 15 = 5 ( L ) B ' ,0S » 15 = 3 <!-.> C l08 “ 15 = 2 (. L ) 

D. log 2S 15 — 

5(1 — a) 

Hiro’ng dan 


| Biroc 1: Lira gia tri Logarit vao A de tien so sanh 
|CTmi5l(^fT||iiF?l[RCL|F)l 

0 Math A 

109i 5 (3)*A 

1 

0.4056838711 
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Bu'6'c 2: Thu’ tirng dap an 

CD 

Neu khong thay bang 0 thi tiep tuc ther dap an khac 

Sir dung mui ten ® de sera bieu there cho nhanh 

0 Math A 

10925(15) suV 
-0.1682606194 

Birffc 3: Chon dap an dung 

0 Math A 

io9 25 a5) 2I1 ^ > 
0 


Vi du 2: (Trich de mau so 2 - 2017) Vdi cac so thirc durmg a,b bat ki. Menh de nao ducri 
day dung ? 


A. log 2 


^2a 3 ^ 


V b j 


= l + 31og 2 a-\og 2 b 


B.log 2 




V b , 


= l + -log 2 a-log 2 Z> 


C.log 2 


''la 3 ^ 


= l + 31og 2 a + log 2 Z> 


D. log. 




= 1 + ^ l0 g2 a +l0g2^ 


Hu'6'ng dan: 


Buoc 1: Lu u gia tri 100 vao A, 10 vao B (tuy y) 

mroiroifimiiRcjF)i 
pT) fo~l fsHinl IrclI 

, _ _ . 0 MithTA a M«h A 

100*A 10*B 

100 10 

Bircrc 2: Thur tirng dap an 

® ED CD d) EE (3 (§2) ID O d§ O <S> El 
|~2l CR> [AiMl F^l m r=l 

0 Math A 

109 2 ( 2 f )-(l+3> 

0 

Bercrc 3: Chon dap an dung 



Vi du 3: (Trich de mau so 2 - 2017) Cho bieu there P = , vdi x>0. Menh de nao 


derai day dung? 


1 

A.jc 2 


JI3 

B.x 24 



2 

D.x J 


Hiring ddn 
Cach 1: 


214 
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Bu'6'c 1: Liru mot so dirong khac 1 vao X 
(2] ® (H (T| 

0 Math A 

2*X 

2 

Bu’O’c 2: Xet hieu bieu thirc vod cac dap an 

faiiFTl f4l C^) liiptiAl fTI (aflFfl F^l PuMI [Tl fvsl IaEphaI fTl fsHiFfl 

< 0 Math A 

Jx ix 2 /x 3 -X 2 
0.04143962047 

| Bu’dc 3: Chon dap an dung 

1 Be sua bieu thiic bam (^) 

0 Math A 

4r-.y.=.— 13 

lx"Jx 2 Jx 3 -X 24 

0 


Cach 2: 


i Birdc 1: Liru 10 vao X 

0 Math A 

10+X 

j |T| fo~| [sHirrl (rcP m 


10 

Bu’O’c 2: Bam 

0 Math A 


Jxlx 2 J>F -X 2 
0.04143962047 

fiifl f^1 (►)(►)(►) m [=1 

j Bitot 3: Chon dap an dung 

0 Math A 

Ans 

13 

24 


VI du 4: Cho a, b > 0, rut gon bieu thu-c P = log! a+41og 4 b 

2 

A. P = log, [—j B. P = log 2 (A 2 -a) C. P = \og 2 [ab 2 ^ 
Huong dan 


D. P = log 2 




Bu’O’c 1: Gan cac so vao A,B 

2^A,3^B 

0 MithTA a Mkth A 

3*B 

2 3 

Bu’O’c 2: Xet hieu gia tri bieu thuc vod cac 
dap an 

Xet dap an A 

S(l]Q[I]Cg)@((3CBE][l]§2) 
itic^wi^c^r ram (^>^1(21 

0 Math A | 

109 0 .5CA)+41og 4 i> 

0.5849625007 
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(alpha) 0 (▼) (m) 0 (=] 


Birdc 3: Chon dap an dung 

a Math A 

^ 4 CB)-log 2 (^) 


Vf du 5: Cho cac so thirc dirong a, b thoa man log 9 a = log 12 b = log ]6 («+/>). Tfnh ti so T = 


A. T = - B = c.r = i±^ D. r = - 

3 2 2 5 

Hiro-ng dSn 

Cac em bam may giai phiro-ng trinh thoi, em nao nhanh thi nhap luon, khong nhap 
1 chut 

log 9 a = log, 2 b-+b = \2' og9 “ ->• log 9 a = \og l6 (a+\2'° s,,a ). 


(§1 GO <& H CD eg) B §1E GO ® H CD EE El (U © 1§1 GD ® H D] 


fsiifl [CALCl f=l 


a Math A 

log g (X)--l 0 g 16 lXt> 
X= ' 39.4622117 

L-R= 0 


0 Math A 

X 

12 lo3g(X) 

0-6180339887 


Vay dime: Dap an C 


Vidu6: Cho /(x) = 


2016* 


S = f( 


2017 


2016* W2016 

, 2 , 2016. 
)+f (—-) + ••+/(——) 


2017 


2017 


. Tinh gia tri bieu thuc 


A. 5 = 2016 B. 5 = 2017 C. S=1008 D. 5 = 72016 

Cach 1: Tir duy ra dieu dac biet xem tong so dau va cuoi hoc tir lap 6 


Ta co: /( 


1 


2017 


) + /(^) = l 
' JV 2017 


a MathV a MathTA a Math A 

£Qi6^ £Qi6* Ans+PreAns 

£016^+^2016 2016X+J2016 

0.02186703678 0.9781329132 1 


Tirong tu- voi cac capkhac f(x)+f(l-x) = l ma chung ta co 2016:2 = 1008 cap nhirvay 
nen S co tong la S=1008 
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Cach 2 : U'ng dung tfch phan tinh gia tri trung binh cua ham trong 1 doan 

Cong thu-c: /(x 0 ) = -^-J/(x)cbe 

a 

_H_ _ _Ma.th_ A 

2^T5~ X J Ih-2017 * 

2017 

0.5 

Tir gia tri trung binh nhan vdi 2016 so hang cua tong la xong AA dirge S=1008 
Vl du 7: Cho /(l) = l,/(m+n) = /(m)+/(n)+mn,Vm,neN* . Gia tri bieu thu'C 
r _l 0£ /(96)-f(69)-241 

Huang ddn 

Ta co : 

/(X) = /[(x-1) +1] = /(x-1) + f(l) + (x-1) = fix- l) + x 
/(x-1) = /(x- 2) + x-1 


-+f(x) = x+x- 1 + ...2 + 1= x(X 2 +1 - > 

Tu- do ta CO : /(96) = 4656, f (69) = 2415 -» T = 3 
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Bai tap ren luyen 

Cau 1. Trong cac khang dinh sail, khang dinh nao sai? 

A. log 3 5>0. B. log 2 ^2016<log 2 ^2017. C. log 03 0,8>0. D. log^ +2 2016 < log^ 2+2 2017 


Cau 2. Cho a , b la cac so thirc dircmg va ab^l thoa man lo g ab a =3 thi gia tri cua log a 


bang: 


B. —. 

2 


c.T 

3 


D.l. 

3 


Cau 3. Gia tri cua bieu thirc A = 8 log23 +9 log23 bang 

A. 31. B. 5. C. 11. 


D. 17. 


Cau 4. Bat log 2 6 = m. Hay bieu dien log 9 6 theo m. 
A- log 9 6 = , v . B. log 9 6 = ™ 


2(/m + 1) 


2(m-\) 


n , s m rv i ^ m 

C. log 9 6 =-. D. log 9 6 =-. 

m +1 m — 1 


Cau 5. Rut gon bieu thu-c T ■ 
2 


yfa+2 *Ja-2^1 -Ja + l 


i + 2-s Jq +1 a — 1 J ^ 


, vdi a la so thirc diro'ng khac 1. 


A. T = - 


a-1 


B. T - 


a-1 


C. T = 2^. 


D. T = ^+ 1. 


Cau 6 . Cho a la so thirc diro'ng, a ^ 1. Khang dinh nao sau day SAI? 


A. log, 4= = “■ B. 9 log3 “ = 2 a. 


C. log a —= —1. D. (0,125) 1o8o - sI =1 


, 2 3 2~ x + 5~ 3 5 4 

Cau 7. Gia tri cua bieu thux P =- : - ; — la 


A. 9. 


10- 3 :10- 2 -(0,l)° 

B.-9. C.-10. 


D. 10. 


Cau 8. Cho bieu thirc P = ~ 2 ,\[xF, vbi x > 0. Menh de nao dercri day dung? 


A. P = x 2 . 


11 

B. P = x 24 . 


C . P = x 4 


D. P = x 3 


Cau 9. Vdi cac so thirc diro’ng a, b bat ki. Menh de nao dircri day dung? 


A. log. 


( 2 a 3 ^ 


V b , 


■ l+31og 2 a-log 2 £. 


B. log, 




V b j 


A + -\og 2 a-\og 2 b. 
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C. log 2 




V b y 


= l + 3\og 2 a + log 2 b. 


D. log 2 


f 2 a 3 ^ 


V b j 


= 1+- l°g 2 a + l°g 2 b ■ 


Cau 10. Cho log 2 3 = a; log 3 5 = b . Khi do log 12 90 tmh theo a, b bang: 


ab + 2a +1 
a — 2 


B. 


ab-2a + \ 
a + 2 


C. 


ab — 2a +1 
a A 2 


D. 


ab + 2a +1 
a + 2 


1 2 3 71 

Cau 11. Bat a- ln2 va b = ln3. Bieu dien S = In— + In— + In —+....+ In— theo a va b: 

2 3 4 72 

A. S = -3a-2b. B. S = -3a + 2b. C. S = 3a + 2b. D. S = 3a-2b. 

Cau 12. Cho hai so thuc a , b thoa man e<a<b . Khang dinh nao dudi day la sai ? 


A. \&ab >2. 


B - |o § a e + log 6 e<2.C. In—> 0. D. lnZ>>lna. 

b 


Cau 13. Cho log 2 Z> = 4,log 2 c = -4. Hay tmh log, (Zrc). 

A. 4. B. 7. C. 6. 


D. 8. 


Cau 14. Tfnh gia tri cua bieu thuc sau logj a 2 + log fl2 a 2 ; 1 ^ a > 0. 


17 


B. 


13 


C. 

4 


D. - 


15 


Cau 15. Cho a,b la cac so thirc dirong. Viet bieu thirc '<jaC du'6'i dang luy thira vai so mu him 
ti. 


3 J_ 

A. a 4 b 2 . 


I 1 
B. a 4 b 9 . 


_i 

C. a 4 b 4 . 


D. a 4 b 4 . 


1 2 

2 3/^ ^ ^2^3/ 

Cau 16. Cho a,b la hai so thirc duo*ng. Rut gon bieu thuc 


1 2 
A. a 3 b 3 . 


2 2 
B. a 3 b 3 . 


2 1 

C. Ifab. D. a 3 b 3 . 


Cau 17. Tmh gia tri cua bieu thuc P = ln(tanl°) + ln(tan2°) + ln(tan3°) + ...+ Ln(tan89°). 


A. P = 1. 


B. P = —. 
2 


C. P = 0. 


D. P =2. 
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Cau 18. Cho so thirc x thoa man: logx = — log3a-2logb + 3log*Jc (a, b, c la cac so thuc 
dirong]. Hay bieu di§n x theo a, b, c. 


A. x = 


C. x = - 


D. x = - 


Cau 19. Rut gon bieu thuc: \jx\]x\lx^ :x 16 ,(x > 0) ta dirge 
A. </x. B. \[x. C. %/x. 


D. -Jx. 


Cau 20. Cho a = log 2 20. Tmh log 20 5 theo a. 


I i 

Cau 21. Voi a , b> 0 bat ky. Cho bieu thuc P = —Tim menli de dung. 


A. P = \fab. 


B. P = 4Jab . 


C. P = 


D. P = ab. 


Cau 22. Cho x = log 6 5, y = log 2 3, z = log 4 10, / = log 7 5. Chon thu tu dung. 

A. z> x>t > y. B . z> y>t> x. C. y > z > x> t. D . z >y >x>t. 


Cau 23. Cho log3 = a va log5 -b. Bieu diSn log 6 1125 theo a va 6 bang 


3a + 2b 
a-l + b 


2a + 3b 
a + l-b 


3a + 2b 
a + l-b 


3a-2b 
a + l + b 


Cau 24. Cho log3 = m, ln3 = n. Hay bieu dien ln30 theo m va n 

A. In30 = —+ 1. B. In30 = — + n. c. In30 = -^-^. 


D. In30 =— \-n. 


Cau 25. Cho <ze 0;- . Bieu thu-c 2 sm 2 cos “4 s ” “ OTS “blng 
v 2) 


Cau 26. Gia tri bieu thuc P = - 


a' l7+l .a 2 -' J7 


V 2 - 2 ) 


( a> °) & 


A. a\ 


Cau 27. Neu log 12 6 = a\ log 12 7 = 6 thi 
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A. log 2 7 = —— ■ B. log 2 7 = -~r ■ C. log 2 7 = ■ D. log 2 7 =-A_. 

a -1 1 — b l + o 1 -a 

Cau 28. Cho a , b la cac so thirc dirorng va khac 1. Menh de nao dirdi day la dung? 

i i i i 

A. a’ 08 *" 2 =b 2 . B.A=A C. a'° ua2 =b-Ja. D. =-Jb. 


Cau 29. Cho a, b la cac so thirc dirorng khac 1 va thoa man log a b = 3. Tfnh gia tri cua bieu thuc 

A 


T = log 


a. 7 = 1 . 


B. 7 = 4. 


c. 7 =-- 


D. 7 = -4. 


Cau 30. Cho a,b la cac so thirc dirang va a khac 1. Neu log a b = p thi log a a 2 b A bang 
A. Ap + 2. B. Ap + 2a. C. a 2 p 4 . D. p 4 +2a. 

Cau 31. Cho a, b la cac so thirc dirang khac 1, thoa log . b + log,, a = 1 . Menh de nao dirdi day 
la dung? 

A. a = —. B. a = b. C .a = \. D.a = b 2 . 

b b 2 


Cau 32. Cho a la so thirc diromg, khac 1 va thoa man 


^{a a + a a ) = \.T\m 


a. 


A. a = —l. B.a = 1. C. aeW. D.a = 0. 

Cau 33. Cho P = log TO 16m va a- log 9 m vai m la so diromg khac 1. Menh de nao duai day dung 
? 

A. P = 3-a 2 . B. 7 = Tt£ C. P = D. P = 3 + a.Ja. 

a a 

Cau 34. Cho bieu thirc 7 = (lna+log a e) 2 + ln 2 a-log+,v6’i a la so dirang khac 1. Menh de nao 
dirai day dung ? 

A. 7 = 21n 2 a+l. B. 7 = 21n 2 a+2. C. 7 = 21n 2 a. D. 7 = ln 2 a + 2. 


Cau 35. Cho a, b la hai so thirc dirang khac 1 va thoa man log 2 6-81og 4 (alfb^ 
tri bieu thirc P = log a {alfab^ + 2017. 


—. Tinh gia 
3 


A. P = 2019. B. P = 2020. C. P = 2017. D. P = 2016. 
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Cau 36. Cho hai so there dirorng a va b thoa man log 4 a = log 6 b = log 9 (a + b). Tmh ti so —. 

b 


-1 + 75 


B. 


-1-75 


c. 


1 + 75 


D. 


Cau 37. Cho n> 1 la mot so nguyen. Gia trj cua bieu there -—1—- + -— -—- + ...+- —- —- bang 


A. 0. 


B. n. 


log 2 n\ log 3 n! log„«! 
C. n\. D. 1. 


Cau 38. Cho log 9 x = log 12 y = log 16 (x + y). Gia trj cua tl so — la 


A. 


3-75 


B. 


3 + 75 


75-1 


D. 


-1-75 


Cau 39. Cho i^ = i^ = i^ = l O gx*0; —= x J '.Tinh y theo p,q,r. 
par ac 


A. y = q 2 -pr. B. y = 


p + r 

2 q 


C. y = 2q-p-r. D. y — 2q-pr . 


Cau 40. Cho x 9 y 9 z la ba so thirc khac 0 thoa man 2 X = 5 y = 10 z . Gia tri cua bieu thuc A = xy +yz +zx 
bang? 

A. 3. B. 0. C.l. D. 2. 

L3_+_J [ — m 

Cau 41. Cho f(x) = e^ * ^ . Biet rang /(l)./(2)./(3).../(2017) = e" vai m,n la cac so tu 

nhien va — toigian.Tmh m-n 2 . 
n 

A. m—n 2 =2018. B. m — n 2 =-2018. C. m — n 2 =1. D, m — n 2 =-l. 

a 3 llfa-y[a*\ 

Cau 42. Cho ham so /(#) = -^ ' - - vvi a>0, a ^1. Tinh gia tri M = /(2017 2016 ). 

a 5 ( 7?-^F) 

A. M = 2017 1008 -l. B. M = -2017 1008 -1.C. M = 2017 201S -1. D. M = l-2017 2016 . 


Cau 43. Cho cac so there x, y, z, t, a, b, c thoa man = l£Z = ]5£ = i n ^ V a xy = z 2 t 2 . Tinh 

a b c 

gia tri P = a + b-2c. 
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A. 4. 


B. 


C. -2. 


D. 2. 


Cau 44. Cho a,b,c > 0 ,c =£ 1 va dat log c a = m, log c b = n, T = log^ 


^ a 3 ' 




.Tfnh T theo m,n. 


3 3 

A. T = — m — n. 
2 8 


3 3 3 3 

B. T = 6n — m. C. T = — m + — n. D. T =6m - n. 

2 2 8 2 


Cau45. Cho ham so /(x) = In2017-In 
4035 


x + 1 


.Tfnhtong S = /'(l) + /'(2) + - + /'(2017). 


A. S=- 


2018 


B. £ = 2017. 


C. £ = 


2016 

2017' 


D. S = 


Cau 46. Cho ham so / (x) = ———. Tfnh tong T = f | | + / 


A. T = 2016. 


4 X + 2 

B. 7 = 2017. 


2017 


C. T -- 


2016 

2017' 


2017 
2018' 

J 2016 

+ ... + / - 

U017 

D. r = 1008. 


Cau 47. Gia six ham so f(x) = (ax 2 + bx+c}e x la mot nguyen ham cua ham so 

g(x) = x{l-x)e~ x . Tfnh S = a+2b + 20\5c. 

A. £ = 2015. B. £ = 2018. C. £ = -2017. D. £ = 2017. 


Cau 48. K1 hieu / (x) = 
A. 2000. 


5 ^ 


2,o g4 , +8 3log j3 2 +1 


B. 1500. 


-1. Gia tri cua /(/(2017)) bang 
C. 2017. D.1017. 


Bang Dap Dap 


l.B 

2.D 

3.A 

4.B 

5.A 

6.B 

7.C 

8.B 

9.A 

10.D 

ll.A 

12.C 

13.A 

14.A 

15.C 

16.C 

17. C 

18.A 

19.A 

20.C 

21.B 

22.D 

23.B 

24.D 

25.D 

26.C 

27.D 

28.D 

29.A 

30.A 

31.A 

32.D 

33.B 

34.B 

35.A 

36.A 

37.D 

38.C 

39.C 

40.B 

41.D 

42.B 

43.D 

44.D 

45.D 

46.D 

47.B 

48.C 
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Phirang Trinh, Bat Phirang Trinh Mu - Logarit 
I. Phirang trinh mu 

x 

Vf du 1. Nghiem cua phuang trinh : 8 1+2 = 4.3 4 ~* la ? 


A, 


x = 4 

x = -log 3 2-2 


B. 


x = 4 

X = 1 


c. 


X = 1 

x = - log 3 2 


D. 


x = 4 
x — —2 


Cach 1: Dua vao dap an: CALC 


Budc 1: Nhap phirong trinh vao may tinh 

[8i^niim(r)iiimmf2i^(g)R[4i^f3i 
□^1 El B (alpha) [T] 

M ^ 0 Math 

8 k+2 -4x3 4 -^ 

Budc 2: Tinh gia tri bieu thuc tai X = 4 (Xet dap an A) 
lM[c1f4ll^1 

Vay X=4 la mot nghiem cua phuang trinh, tircrng tir cac em 
CALC vdi x=-log 3 2-2 

(ac| R (3] ® (T) Cg) 0 [2] (srn) (rcl) CD ® (=} 

M 0 Math A 

X 

gK+2 _4 x 34-X 

0 

Birdc 3: Khoanh dap an dung 



Cach 2: Do nghiem cua phuang trinh bang SOLVE 


Bitot 1: nhir trude 

Nhd an (=) de luu ngay cai bieu thuc lai 


Birdc 2: 

Goi chuang trinh Solve 
fsHlFTl (CALCl f=l 

Xem cai nghiem le la bieu thuc nao 

M 0 Math A 

8* +£ -4x3 4 -* 

X= -2.630929754 
L-R= 0 | 

M 0 Math A 

-log 3 (2)-2-X 

0 

Birac 3: 

De tim tiep nghiem khac, cac em luu nghiem le vao A 
[ac] [rcl! m fsHinl [r 5J [?->l 

Day len cho tai khi thay phuang trinh da luu d bude 1 

M 0 Math A 

Ans*A 

-2.630929754 
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X 


r.X+2 


-4x3 


0 MathTA 

4-K 


0 Math A 


0 


+4x3 4_,< )+(X- 


(01 


Xet phirang trinh moi la /(x) :(x- A) 

®(3(B(I]®®E][I]ll§(TIE)HOIIII 

Goi lenh Solve tiep 
IsiiTl pxl [=1 f=1 

Cac em cir lap lai nhir vay cho toi khi may bao Can’t Solve 
la het nghiem 


0 Math A 


l8* +2 -4x3 4 -*J-H> 
X= 4 
L-R= 0 


Vi du 2. Phirong trinh: 2 x '~ lx 3 x = ~ co may nghiem ? 


A. Vo nghiem 
Lffi giai: 

*Tir Luan: 


B. 1 


C. 2 


D. 3 


2 x 2 - 2 x . 3 x = - o 2 (i_ 1)2 .3 x “ 1 = 1 o log 2 


Cach 1: Solve 


2( x-1 ) 2 3*'- 1 

= 0 <=> 




X = 1 

x = l- log 2 3 


Math A 


1 2 X"-2Kx3M.5> 
X= -0.5849625 
0 L-R= 0 


M 0 Math AM 0 Math A M 

2 x2-2x x3 x_ 1 ^ 2* i-2 *x3M.5 

J 1,J X= 1 X= -0.5849625 

L-R= 

Vay chon C 

Cach 2: Table 

Cho start -14=, end 14= , step 1 = 

K 


Math 

f(X)=^" 2X x3 X -| j4 

IE 


f 

IFilnHr 


0 Math 


- 0.5 

□ I 

1.166666667 


15 

15 

II 


F (K) 

mM 

1.5 
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Co 2 cho no doi dau am sang dirong len phtrong trinh co 2 nghiem, phircmg phap nay 
chu yeu ap dung cho nghiem do-n, qua nghiem kep thi dau lai khong doi, da phan cac bai 
nay deu la nghiem dcm, slove thi to ra yeu duoi trudc mu-logarit 

Vi du 3. Cho phtrong trinh: x 3 3* +21x = x.3 x+1 + 9x 3 tim tong cac nghiem cua phtrong trinh 
A. 1 B. 2 C. 3 D.4 

Lo-i giai: 

Tijr luan 


X 3 .3* + 21 X = *.3 X+1 + 9x 3 o (3 X - 9) (x 3 - 3x) = 0 <=> 


Trac nghiem: 


3*-9 = 0 

< 

x 3 -3x-0 


x = 2 
x = 0 


: = ±J3 


Math A M 


13 Math A M 


13 Math A 


X 3 x3* +27X- C Xx-3^- «x3 x+1 +9X 3 )) C X s x3* +27X-( X*£ > 


X= 
L-R= 


X= -1.732050808 
L~R= 0 


(3 Math ▲ M 


13 Math A 


Math A M 


Ans+A t+9X 3 ))-XCX-fD 

-1.732050808 

M 13 Math A M 

Ans+B P-X(X-h)(X-B) 

1.732050808 

Vay cac em chon B nhe. 

x-flO x+5 

Vi du 4. Trung binh cong cua nghiem phtrong trinh: 16 110 = 0, 125.8 Jf_I5 la: 

A.0 B.20 C.10 D.15 


13 Math A 


IX j x3 x +27X-(X<i> 
X= 1.732050808 
L-R= 0 


(3 Math A 


lX-x3 rt +27X-lXX> 

X= 2 

L-R= 0 


Leri giai: 
Tir luan 


226 
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x+10 x+5 4 x+10 | x+5 4x+40 3x+15 

16 x_1 ° = 0,125.8 X - 15 o 2 *- 10 - —.2 x ~ 15 <=> 2 x ~ 10 = 2 x ~ 15 

2 3 

4x 4- 40 3 jc + 15 

<=>-=-3 <=> (4x + 40)(x -15) = 60(x -10)<=>x = 0vx = 20=>C 

jc—10 jc-15 

Trac nghiem: Solve chiu! Do thuat toan cua no 


Day la 570VN Plus 


l 6 ^-io 

X= 

L-R= 


S Math ▲ 

-0.125x8+ 
0 
0 


m a 

X+5 


O.125x8 x ~ ls 


Math A 



m 

L16 

x= 

L-R= 


x-io 


0 Math A 

-0.125xJl> 

lxfiso 

0 


Day la vinacal 


16 X-1 ° 

x= 

L-R- 


0 Math 

0.125x0 + 
0 
0 


0 Math 

Continue:[=] 

X= 10.64726565 
L-R=2.416814xin 37 


Liru y quan trong: Solve chi manh trong giai phiro-ng trinh vo ti chd doi vdi mu va logarit 
no to ra yeu duoi han 

Meo: Ta thay cac dap an deu nguyen nen rat co the nghiem cung se nguyen do do cac em 
se dung Table de kiem tra nghiem td 0 tdi 29 

Lira y la 6- bai nay phai sd sung tdi TABLE md rong gia tri len tdi 40 gia tri thay vi mac 
dinh la 20 bang each sau xet G(Y) co Y=X+20 

x+10 x+-5 (x+20)+10 (x+20)+5 

F(x) = l6 x ~ 10 -0,125.8*- 15 ;G(x) = 16 ( * +2 ° H ° -0,125.8 (Ar+2OH5 


Cac em vao Mode 7 


M 0 Math 

X+5 


f(X)M25x8*- 15 


g(X)=U6 


0 

X+3Q 

X+10 


Math 

-o.> 
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M S Math 

Start? 


End? 


0 

Ta dirge ket qua 


M 0 Math 


II 

F CM) 

i] CM) 


□ 

□ 

1 

-□.on 

IM5D.I 

E 

-0.DE5 

1EM5 


0 


Vay la co nghiem x=0, x=20 


0 Math M 0 Math 

Step? 

19 1 


VI du 5: Neu log a x = 2 log a b- log ( , c +1 thi x bang 
A. b 2 -c +1 B. — 

C 

Hirdng dan 


C. ab 2 


D. P + 1 


Ngoai each truyen thong la cac em bien doi 21og a b-\og a c+ 1 = log a — thi cac em con co 

c 

each la chon b=2,c=3 roi tien hanh Solve giai phirang trinh roi doi chieu vdi cac dap an 

II. Bat phirang trinh 

Vi du 1: Tim nghiem cua bat phirang trinh : log, (4 X +4) > log, (2 lx+l -3.2 X ) 


A.x>2 

Lai giai: 


B.x<2 


C. 


x> 2 
x<-\ 


D. -l<x<2 


Tir Luan 

Bat phirang trinh tirang dirang vai: 


r 2 Ix+ 1 -3.2 x >0 
[4 1 +4 < 2 2l+1 -3.2 1 


0 < 4 X +4 < 2.4 X -3.2 X o 4 X -3.2 X -4 = 0 O 


2 X 


<—1 (loai) 
2 X >4 


O x>2 


Trac nghiem cac em lam nhir sau: Cac em se thir dap an 
Birac 1: Nhap bieu thirc: 

log,(4 i +4)-log,(2 2 ” 1 -3.2 I ) 

2 2 


M 0 Math A 

< 5 (2 2 * +1 -3x 2 k ) 
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Birac 2: CALC gia tri dac trimg 
Dau tien ta thu voi x>2 thi 

chon x = 100 

Vay A hoac C dung thu' tiep vdi 

x = -100 

Vay loai C nen chon A. 

M _ 0 Math AM 0 Math A 

X? log 0 .5(4 K +4)-lci> 

100 1 

M 0 Math AM 0 Math 

Solve for X Math ERR0R 

, cac: :Cancel 

-1U0 miicio: Goto 

Bu’O'c 3: Khoanh dap an dung 



Vi du 2:Nghiem cua bat phircmg trinh: log, log 2 |xW2x 2 -xj 
A.-4<x<l B. 


x < -3 
x> 1 


C. 


x<-4 
x > 2 


Lai giai: 


Tir luan 

Bat phircmg trinh tirang dircmg voi: 

| x + yjlx 2 -x > 0 Jx + V^x 2 -x >0 

I log 2 (x +V^x 2 -x) > 1 |x + V^x 2 -x >2 


Ox + 




-x >2 


<0 la 

D. 


x<-4 

x>l 


> 7 ^ 


-x > 2 — x <=> 


f 2 “ 

-x<0 

f 2 —x> 0 

f x>2 

f x < 2 

x<-4 

1 7 

v< 

2 7 <=>‘ 

v< 

<=> 


[2x“ 

-x>0 

[2x -x>x -4x + 4 

[x < 0 v x > 2 

[x < -4 v x > 1 

X>1 


Trac nghiem : Vi du nay cac em cung lam tircmg tir 


Xet dap an co pham vi rong truo-c: B,C,D => Loai A 


M 

X? 

0 Math A 

M 0 Math A 

log n UGg 2 lX+-i , 2Xt=- 


100 

4 -8.563113181 

M 

X? 

0 Math A 

M 0 Math A 

lQgnUog 2 lX+t2^ 


-100 

4 -6.969293235 


Roi tdi dap an pham vi hep de loai dan 

M 0 Math AM 0 Math A 

X? log 2E [log 2 lX+72J!i> 

1.5 4 -2.178205674 
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Do do loai C 


E Math A M 


B Math A 


-3.5 

Loai tiep B.Vay chon D 


109^1.10921 X+J'2)!t> 

4 0.7160047623 
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Bai tap ren luyen 

Cau 1. Phircmg trinh log 3 (3x-2) = 3 co nghiem la 

29 25 11 

A.—. B. 87. C. —. D. —. 

3 3 3 

Cau 2. Tap nghiem cua bat phirong trinh 3 < log 2 x < 4 la 

A. (8;16) . B. (0;16) . C. (8;+oo) . D. R. 

Cau 3. Phircmg trinh 5 x_l +5.(0,2) x ~ 2 =26 co tongcac nghiem la 

A. 1. B. 4. C. 2. D. 3. 


Cau 4. Tim tat ca gia tri cua m de phircmg trinh log 3 x-(m + 2).log 3 x + 3m-l = 0 co 2 nghiem 

jc 15 x 2 sao cho x 1 jc 2 =27. 


A. m = 1. 


B. m = —. 

3 


C. m = 25. 


D. m = 


28 


Cau 5. Tap nghiem cua bat phu’O'ng trinh log 08 (x 2 +xj < log 08 (-2x+4) la: 
A. (1;2). B. (-<»;-4)u(l;2). C. (-oo;-4)u(l;-w) . D. (.-4;l). 


f i V x ' 2 3x 10 (i Y 2 

Cau 6. So nghiem nguyen cua bat phuo’ng trinh I - I >1 — 1 la 


A. 1. 


B. 0. 


C. 9. 


D. 11. 


Cau 7. Nghiem cua phuang trinh | -2- | = 125 v la 


B. 4. 


C. 

8 


D. 1. 


Cau 8. Tap nghiem cua bat phircmg trinh 2 X+2 <1 — 1 la 


A. -oo;- 


B. (0;+oo)\{l}. C. (-oo;0) 


D. |- ;+oo I. 

3 


Cau 9. Tap nghiem cua bat phircmg trinh log 08 (x 2 +x) < log 08 (-2x + 4) la: 

A. (1;2). B. (-oo;-4)u(l;2). C. (-c»;-4)u(l;+c») . D. (-4;l). 

Cau 10. Tim tap nghiem S cua bat phirorng trinh log l (x+l)<log, (2x-l) 
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A. iS = (2;+oo). B. S = (- co;2). C. A = ^;2J. D. X = (-l;2). 

Cau 11. Tim tap hap cac gia tri cua tham so th uc m de phuang trinh 6 X +(3-m)2 x -m = Q co 
nghiem thuoc khoang (0;l). 

A.[3;4]. B.[2;4], C. (2;4). D. (3; 4). 

Cau 12. Phuangtrinh log 2 x-5log 2 x+4 = 0 co 2 nghiem x t ,x 2 khi do tich x v x 2 bang: 

A. 16. B. 36. C. 22. D. 32. 

Cau 13. Phuang trinh 9 X -2.6 x +m 2 4 x = 0 co hai nghiem trai dau khi: 

A. m< 1. B. m<— 1 hoac m> 1. C. «e(-l;0)u (0;l). D . m>— 1. 


X + 2 

Cau 14. Tap nghiem cua bat phuang trinh log l -> 0 la: 

~ 3 - 2x 


A. 7 = 


-;+oo 


B. 7 = 


-4 


C. T = | -2;- 
3 


D. 7 = No;- 
1 3 


Cau 15. Tim so nghiem nguyen cua bat phuang trinh - 

^ 3 


7 2 -3x-1( 


1 

oar pnuang irinn ^ 

A. 1. B. 0. C. 9. D. 11. 

Cau 16. Tim tap nghiem cua bat phuang trinh logj (x 2 -3x+2) >-l. 

2 

A. (-oo; l). B. [0;l)u(2;3], C. [0; 2)u(3; 7]. D. [0; 2). 

Cau 17. Tim tap nghiem cua bat phuang trinh 0,3 li+x > 0,09. 

A. (^o;-2). B. (-oo;-2)u(l;+oo). C. (-2;l). D. (l;+oo). 

Cau 18. Tim tich cac nghiem cua phuang trinh (^2-1^ +(^+lj -2-j2=0. 

A. 2. B.-1. C. 0. D. 1. 


Cau 19. Tim nghiem cua phuang trinh log 2 (3x - 2) = 3. 


A 10 

A. x =—. 
3 


B, x = 


16 


C. x = 


11 


D. x = —. 
3 


Cau 20. Tim nghiem cua phuang trinh log 3 x + 


log 9 x 
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A. {1;2}. 






D. {3; 9}. 


Cau21. Tap nghiem cua bat phirang trinh 21og 3 (4x-3)+log, (2x+3)<2 la: 


A. S - 


-;3 


B.5 = C^;3[. C. S = (-<x>; 3). 


D. 5 


Cau 22. Phirang trinh log 4 (x+ 1) 2 + 2 = log^^4 - x + log 8 (4+x) 3 co hai nghiem x,, x 2 , khi do 
|xj -x 2 | la? 

A.S+2J6. B. 8. C. 2V6. D. 4-J6. 


Cau 23. Tap nghiem cua bat phirang trinh : log_(x+2) <log_ (5-x) 


A. -2 < x < -. 

2 


B. — < x < 5. 
2 


C. x<-. 
2 


D. x>-. 
2 


Cau 24. Tong binh phirang cac nghiem cua phirang trinh log 2 x = log 2 - + 4, (xeR)la: 


A. A 

4 


B. 0. 


C. 4. 


D. —. 
4 


Cau 25. Cho phirang trinh 4.5 los<100x2) +25.4 los(10x) =29.10 1+log)t . Goi a va b lan lirgt la 2 nghiem cua 
phirang trinh. Khi do tich ab bang: 


A. 0. 


B. 1. 


C. —. 

100 


D. —. 
10 


Cau 26. Bat phirang trinh 31og 3 (x-l)+log^(2x-l)<3 co tap nghiem la : 

A. (l; 2]. B. [l;2]. C. 


r-i 

1 1 

—;2 

D. — ;2 

L 2 J 

U J 


Cau 27. So nghiem cua phirang trinh |x-3|* * =(x-3) 12 la: 
A. 4. B. 1. C. 2. 


D. 3 3. 


Cau 28. Tat ca cac gia tri cua m de bat plurang trinh (3 tm+ 1)12* +(2—w)6* -i-3‘ <0 co nghiem 
dung Vx > 0 la: 


A. (-2; 4«o). 


B. 2]. 


C. - 00 ;- 




Cau 29. Tong tat ca cac nghiem cua phirang trinh 21og 4 (x-3) + log 4 (x-5) 2 =0 bang 
A. 8. B. 8+V2. C. 8 -yjl. D. 4 + V2. 
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Cau 30. Tap nghiem cua bat phuomg trinh x - 31 Q g 2 :r < Q 


log x + 3 log X +1 


A.(0;l)U(^;+oo) B. 


U (1; H-oo) C. 




U 


1; T 2 D. 


A 1 


U +00 


4x—1 2-2x 


Cau 31. Giai bat phuorng trinh 2 2x+l <2 2x+1 +1. 


A. 


x<— 

2 - 

X>1 


B. — <x<l. 
2 


C. x>l 


D. x<--. 
2 


Cau 32. Goi x 15 x 2 (x 1 <x 2 ) la hai nghiem cua phu'O'ng trinh 8 x+1 +8.(0,5) 3i ‘+3.2 x+3 = 125-24.(0,5)*. Tfnh 
gia tri P=3x l + 4x 2 . 

A. 1 B. -2 C. 0 D. 2 

Cau 33. Tap tat cacac gia tri cua m de phucmg trinh 2 (x_1)2 ./og 2 (x 2 - 2x+3) = 4 x ~ m \log 2 (2 |x - +2) 

co dung ba nghiem phan biet la: 




B. 


2 2 




1 2 2 ‘ 


Cau 34. Tim tat ca cac gia tri thuc cua tham so m de phucrng trinh sau co hai nghiem thuc phan 
biet: log 3 (l-x 2 ) + log 1 (x + m-4) = 0. 


_ -1 

A. — <m< 0. 
4 


B. 5 <m< 


21 


C. 5 <m< 


21 


D. — <m< 2 
4 


Cau 35. Hoi phu'O'ng trinh 3.2* +4.3* +5.4 X =6.5 X co tat ca bao nhieu nghiem thuc? 

A. 2. B. 4. C. 1. D. 3. 

Cau 36. Tim tap hup tat ca cac gia tri cua tham so thuc m de phuomg trinh 
1 ^ 

9 


-2| - I +m-l = 0 co nghiem thuoc nua khoang (0;1]? 


14 


;2 . 


B. 


14 


;2 


14 


;2 . 


d.|M ;2 


Cau 37. He bat phuomg trinh: 
A. [2;4], 


Iog 2 (2x - 4) < log 2 (x +1) 
logo 5 (3x - 2 ) < log 0l>5 (2x + 2 ) 
B. (4;+ 00 ). C. [4;5], 


co tap nghiem la 

D. 0. 
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Cau 38. Tap nghiem cua bat phuomg trinh log 3 J^log, xj < 1 la 

A. (0;l). B. Q;lj. C. (l;8). 

Cau 39. Tim m de phuorig trinh m\n(l-x)-\nx = m co nghiem xe(0;l) 

A./72e(0;+oo). B. me(l;ey C. oo;0). D. m e(-oo;—l). 

Cau 40. Tim tap nghiem cua bat phuomg trinh 3 ^ +1 -3* +1 <x 2 —2x la: 

A. [0;+oo). B. [0;2], C. [2;+oo). D. [2;+oo)u{0}. 

Cau 41. Biet rang phuorig trinh 2^~ l = 3* +l co 2 nghiem la a,b. Khi <36 a+b+ab co gia tri bang 
A. -l+21og 2 3. B. l+log 2 3. C.-1. D. l + 21og,3. 

Cau 42. So nghiem cua phirang trinh log. |x 2 ~^2x | = log 5 {x 2 -j2x+2} la 

A. 3. B. 2. C. 1. D. 4. 



(x + 2y = -l 

Cau 43. He phuomg trinh j ^ x+y i _ co bao nhieu nghiem. Ket qua la 

A. 2. B. 1. C. 3. D. 0. 


Cau 44. Tim tap hop tat ca cac gia tri thuc cua tham so m de phuomg trinh 
4 X +(l-3/w)2 x +2/?r -m = 0 co nghiem. 


A. (-oo;+oo). B. (-oo;l)u(l;+oo). C. (0;+oo) 



Cau 45. Phuomg trinh 3 1+x +3 1 x = 10 co 2 nghiem x x ;x 2 Khi do gia tri bieu thuc P = x 3 +x 2 +2x l x 2 

A. 0 . B. 2. C. -2. D. -6. 

Cau 46. Tim tap hup tat ca gia tri cua tham so thuc m de phuomg trinh log 2 x+ 41 og 2 x- 7 w = 0 co 
nghiem thuoc khoang (0;l) 

A. (-4;W). B. [-4;+oo). C. [-4;0). D. [—2; 0]. 

Cau 47. Tim tat ca cac gia tri cua tham so thuc m de phuomg trinh sau co dung 3 nghiem thuc 
phan biet 9 X ' -2.3 x2+1 +3???-l = 0. 

A. m = — . B. 2<m< —. C. m = 2. D.m< 2. 

3 3 
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Cau 48. Goi S x ; S 2 ; S 3 Ian lirot la tap nghiem cua cac bat phuang trinh sau: 2 X +2.3 X -5 X +3 > 0; 

( i Y 

log 2 (x + 2) < -2; -j=— > 1. Tim khang dinh dung. 

\y5-lj 

A. S 1 <z.S 3 aS 2 . B. S 2 czS l czS 3 . C. S l czS 2 czS 3 . D. S 2 aS 3 aS v 


Cau 49. Biet phuang trinh 9 X -2 X+2 =2 +2 -3 2x 1 co nghiem la a. Tinh gia tri bieu thuc 
p = a+ -log Q 2. 


A. P = ~. 
2 


B. P = l-log 9 2. C. P = l. D. P = l--log 9 2. 


Cau 50. Tim gia tri m de phuang trinh 2^ x ^ +1 +2* x + m = 0 co nghiem duy nhat. 


A. m = 3. 


B. m = —. 
8 


C. m = —3. 


D. m = 1. 


Cau 51. Tim cac gia tri thuc cua m de phuang trinh 2 X+1 = m.2 X+1 -2 X+3 luon thoa man Vx e 1 


A. m = 3. 


B. m = ~. 
2 


C. m = -. 

2 


D. m — 2. 


Cau 52. Vai m la tham so thuc duang khac l. Hay tim tap nghiem S cua bat phuang trinh 
log /M (2x 2 +x+3) < log ;M (3x 2 -x). Biet rang x = 1 la mot nghiem cua bat phuang trinh. 


(] 

A. S = (- 2;0)u 3 

v3 


. B. 5 = (-l;0)ufi;2 


C. 


5 = [-l,0)u 



D. S = (-l;0)u(l; 3]. 


Cau 53. Phirang trinh log 2 xlog 4 x.log 6 x = log 2 xlog 4 x+log 2 x.log 6 x+log 4 x.log 6 x co tap nghiem la 
A. {1}. B. {2;4;6}. C. {l;12}. D. {l; 48}. 

Cau 54. Neu log 2 (log 8 x) = log 8 (log 2 x) thi (log 2 x) 2 bang 

A. 3. B. 3-J3. C. 27. D. 

3 


Cau 55. Neu log 8 a +log 4 b 2 =5 va log 4 a 2 +log 8 b = l thi gia tri cua ab bang 

A. 2 9 . B. 2 18 . C. 8. D. 2. 


Cau 56. Phu'O'ng trinh 2Iog 9 x+log 3 (l0-x) = log 2 9.1og 3 2 co hai nghiem. Tich cua hai nghiem do 
bang 

A. 10. B. 4. C. 9. D. 3. 

Cau 57. Tim so nghiem there cua phuang trinh log I+1 ( 2 .x 3 +2x 2 -3x+l) = 3. 
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A. 0. 


B. 1. 


C. 2 . 


D. 3. 


Cau 58. Co bao nhieu gia tri thuc cua tham so m de phuomg trinh m3?~ 3xAr2 +3^ = 3 6_3x +m co 
dung 3 nghiem thuc phan biet. 

A. 1. B. 2 . C. 3. D. 4. 

Cau 59. Tim m de phuong trinh 2 20l6x+1 +m 2 - m = 0 co nghiem. 

A. m>\. B. m<0 hoac m> 1. C. 0</w<l. D. m< 0. 

2 i r 5 

Cau60.Tim w dephirongtrinh ( 7 w-l)log^ (x- 2 ) +4(?w-5)log 1 —- + Am -4 = 0 co nghiem tren -;4 

A. -3 < m < —. B. met. C. m e 0. D. —3 <m< — . 

3 3 

Cau 61. Tim m de phucmg trinh A x -m.2 xn +2m = 0 co hai nghiem phan biet x 15 x 2 thoa man 


A. m> 0. 


B. m g 0. 


C. l</w<3. 


D. m = 4 . 


Cau 62. Gia su he phucmg trinh 
bang 


flog 7 (3y-2) = 2 

! x 2 co nghiem duy nhat la ( x;y) = (a;b ) thi 2b-a 


A. 2+log 2 3. 


B. 4. 


C. 4-log 2 3. 


D. 2. 


Cau 63. Gia tri nao cua m de phucmg trinh log 2 x + ^/log 2 x+l- 2 ra-l =0 co it nhat mot nghiem 
thuoc doan ^1,3^J. 

A. 1<aw<16. B. 4<77?<8. C. 0<m<2. D. 3<m<%. 

Cau 64. Tim tat ca cac gia tri thuc cua tham so m de bat phucmg trinh 4 s1 " 2x +5 cos2 * < m .l <x&2x co 
nghiem. 


A. m>- 


B. m>-. 
1 


C. m < —. 
7 


D. m < — —. 
7 


Cau 65. So nghiem cua phuemg trinh (x 2 -4)(log 2 x+log 3 x+log 4 x+...log 19 x-log 20 x) = 0 la: 

A. 1. B. 2. C. 3. D. 4. 

Cau 66. Trong tat ca cac cap so (x;y) thoa man log^ 2 + 2 (4x+4y-4)>l. Gia tri thuc cua m de 
tontai duy nhat cap (x;y) sao cho x 2 +y 2 +2x-2y+2-m = 0 la 

A. ( . B. JlO-y/2 va -JlO+Jl. C. (n/Io —Jlj va ( , -Jio+*j2 )\ D. -Jio—Jl. 
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Cau 67. Tim tat ca cac gia tri cua tham so m de phircmg trinh x - - - - = m co hai nghiem 

log 3 (x + l) 

phan biet. 

A. B. m>-l. C. Khong ton tai m . D. 

Cau 68. Tim tap hop tat ca cac tham so m sao cho phircmg trinh 4 x2 ~ 2x+1 -m.2 x2 ~ 2x+2 +3tw- 2 = 0 co 
bon nghiem phan biet. 

A.(-oo;l). B. (— 00 ; l) u ( 2 ; + 00 ). C. [ 2 ;+ 00 ). D.(2;+oo). 

Cau 69. Tim tap hap cac gia tri thirc cua tham so thirc m de phirortg trinh 
mSf~ 2x -(lm+\)6 xl - 2x + mA x2 - lx = 0 co nghiem thuoc khoang ( 0 ; 2 ). 

A. [^65 +qo). B. ^—oo* 6 j. C. 00 * oj. D. j^O* + 00 ^ 


x 2 — 2x + l 

Cau 70. Cho phircmg trinh log 3 -+x 2 + 1 = 3x co tong tat ca cac nghiem bang 


A. 5. 


B. 3. 


c. A. 


D.2. 


Cau 71. Tim tap ho-p cac gia tri cua m de phirong trinh 3* +3 = m.^9 x +1 co dung 1 nghiem 
A. [1;3). B. (3;Vl0). C. {^}. D. (l;3]u{7Io}. 

X 

Cau 72. Tim tat ca cac gia tri thirc cua tham so m de phuemg trinh m + e 2 = tje 2x +1 co nghiem 
thirc. 

2 1 

A. 0 < m < — . B. - < m < 1. C. 0 < m < 1. D. -1 < m < 0 . 

e e 


1.A 

2.A 

3.B 

4.A 

5.B 

6.C 

7.A 

8.A 

9.B 

10.C 

ll.C 

12.D 

13.C 

14.C 

15.C 

16.B 

17.C 

18.B 

19.A 

20.D 

21.D 

22.C 

23.A 

24.D 

25.B 

26.A 

27.A 

28.B 

29.B 

30.C 

31.B 

32.A 

33.D 

34.C 

35.C 

36.C 

37.C 

38.B 

39.A 

40.D 

41.C 

42.B 

43.A 

44.C 

45. C 

46.B 

47.C 

48. D 

49.B 

50.C 

51.C 

52.C 

53.D 

54.C 

55.A 

56.C 

57.B 

58.A 

59. C 

60.A 

61.D 

62.C 

63.C 

64.B 

65.D 

66.C 

67.B 

68.D 

69.A 

70.B 

71.D 

72.C 
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Nguyen ham 

Vf du 1: Tim nguyen ham cua ham so j(x 2 +--2 ~Jx 


A. — H- 3 In I jc I ——%/T + C 
3 3 

C. — + 31nlxl+-^ + C 
3 3 


r 3 4 /— 

B. : —i-31nx— vjc 3 
3 3 

D. —-31n|jcl -~\[7+C 
3 3 


Hiro’ng din 

Cach 1: Sir dung dao ham 


Birox 1: Khrn dong d/dx va nhap bieu thuc 

@(J§ 

(M) (alp§ (T) ® ® ® (D (g) (+) dD QrT| (shift) @ (alpha) CD 
®mEi(i]®(i]®©a[i]@[3]®®® 

m 

Ta lira chon 1 gia tri lam ham xac dinh vi du x=2 

0 Math A 

Bu'6'c 2: Xet hieu bieu there dao ham cac dap an va gia tri 
cua ham 

Luu y la thay luon gia tri x= gia tri da thay de tinh dao ham 
An Q xem ket qua ra 0 chtra neu chua ta lai dao ham dap 
an khac tai khi dung thi thoi 

Xet dap an A 

0 Math A 

lx. 2-(4 + §-2i2) 

0 Math A 

^(^+31nCIXI) t> 
0 °0’0” 

Bu’O'c 3: Khoanh dap an dung 



Vf du 2: Nguyen ham [— -f-dx bang : 


A. tan 3 x + C 


cos x 

B. I tan x + C 
3 


C.3tan 1 x + C 


D.-tan 3 x + C 
3 


Hu'6'ng dan 

I Bu'6'c 1: Chon he radian nhe, cir lirong giac la chon 
| radian 
| (shift) §od| GD 

| Sau do dao ham tirng dap an 


<tan(X) 3 )| ;t=0 . ll 
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Buo-c 2: Xet hieu vdi gia tri bieu thuc can ti'nh nguyen 
ham tai gia tri x da chon 

Thu het tdi khi bang 0 thi thoi 

Sua bieu thuc bang nut (◄) 

0 Math A 

^ sinCO. 1)2 

1 COSfO.l! 4 

i Buo-c 3: Chon dap an dung 

13 Math A 

af(tan00 3 *3)|,> 
0 *0’0” 


b 

Cach 2 :Sr dung tich phanj/(x)<& = 7^(x) 

a 


b 

a 


Huang din: 


F(b) - F(a) 


Bu o-c 1: Tinh gia tri tich phan luu vao A 

Chon can phu hap va du nho tinh cho nhanh 

(▼) El ® m (sin) © O 

0 Math A 

[,X 2 +f-2./Xdx-»A 

1.974872042 

Buo-c 2: Su- dung CACL de tinh gia tri bieu thuc 

Xet dap an A 

*Boi vo-i may 570 vn plus, vinacal su- dung Ans va pressAns 

ICftLCl m [=1 [CALCl [211^1 

*f)oi vai cac may con lai ta luu vao A va B 

I [caEc! |T| [=| fiiiFTl [rcl! F”1 

fCALCl [2“) f=l (shIftI (RCp (hyp| 

0 Math A 

OlndKD-fix 5 ! 

Buo-c 3: 

Xet hieu A-(Ans-preAns) 

HOQCDSBHSCDd] 

Hoac Xet hieu A - (C- B) 

Neu khong bang khong ta tai xet dap an khac lap lai nhu 
tren 

Nhin chung each 1 van nhanh han each 2 

0 Math A 

A-(Ans-PreAns) 

0 

0 Math A 

A-(C-B) 

0 


Vidu3:Neu / (x) = (ax 2 +bx+c)*j2x -1 la motnguyenham cuaham so 
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g(x) = —j j 7 x+2 khoang ^;+o°j thi a+b+c co gia tri la 

A. 3 B. 0 C. 4 

Hiro-ng din 
Trau bo tir luan 


(ax + bx + c)J 2x -1) = 


' 5ax 2 +(-2a + 3b)x-b + c 10x 2 -lx + 2 


<=><b = -l=>a + b + c- 2 


1 \ C^V I l/A I t/ IA/ I I i- - |- W LX X < U I LX 1C- Z- 

V ’ V2x-1 n/2x-1 

c- 1 

Casio: Tu duy minh nghi nhu sau: 

flOx 2 — lx + 2 

I- 1 ' = F( b)-F(a) 

J a n/ 2 x -1 

Neu Gio* ta se chon x sao cho F(a) = 0-»x = 0.5 nhimgcac em nhin gia tri dao ham 
khong xac dinh tai x=0.5 nen ta se lay gia tri lan can 0.5 
Chuy la f(\) = (a+b+c)-> Chonb=l 

rp.iv f 10x 2 -lx + 2 J - 

1 ill - . ■■■■—: —cbc « a + b + c 

J n/ 2 x -1 


0 Math A 


0 Math A 


I 1 J,> ^ lQ^2- 7 ^ + 2 ... 

Jo. 50000000001 001 j'ZX-l 

1.999995529 

Chon dap an D. 

Neu ma de hoi 4a+2b+c thi cac em tmh tich phan tu* 0.5 +Ax -+2 

Vi du 4: Xac dinh a, b, c sao cho g(x) = (ax 2 +Z?x+c)x/2x-3 la mot nguyen ham cua ham 

a- _ . 20x 2 -30x + 7 . T i 7 (3 ^ 

so f(x) = - =====— trong khoang -;+oo 

V 2x-3 \2 


A. a = 4,b = 2,c = 2 
C. a = -2, b = \,c = 4 

Hirong dan 
Trau bo tur luan: 

[(ax 2 + bx + c)V 2x-3 j 


B. <2 = 1,6 = -2+* = 4 
D. u = 4,6 = -2, c = 1 


' 5ax 2 -\-(-6a + 3b)x-3b + c 20x 2 -30x + 7 


<^\b = -2 


Casio: 
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Tirang tir nhir trurac nhirng minh can xac dinh a ? b ? c thi phai xac dinh dugc gia tri cua 
ax 2 +bx + c tai x = 100 


bieu thiic 


20x -30x + 7 


dx « g(l 00) - g(l .5) « g(l 00) 


► ax 2 +bc + c = - 


/2*I00-3 


1 J 10 ° 20*2, 


mT97 J 1.51 fz 

39800.84479 

Vay <ax 2 +ftx+c = 39801 = 4.100 2 -2.100+1 = 4 jc 2 -2x + 1 dap an D 

Vi du 5: Cho f --^ .- = a(x+2)^fx+2+b(x+Y)y/x + l+C khi do 3 a+b bang? 

•Jx + 2 + -yX +1 


Huong dan 

Tac6: \l= 


x + 2 + *Jx 


= A(0)- F(- 1) = (a + b )- a = (^8-1) a+ b 


Cac em ti'nh gia tri tich phan roi luu vao A 

S Math A 

■I -1 ^ 

0.5522847494 

Taco he: f -l)a+b = //?.A 
' [3 a + b = {A,B,C,D) 

Vao giai he iMODEl f~5~1 fTI 

®(H[I)B[El(=](I](l]HOI=] 

Thu dap an A 

d] (D Q] (D CD B (3] (=) (D 

2-2 ' 

Dugc a =—,b = — vay dap an A dung luon neu ra so vo ti thi cac em xet tiep B,C,D 
3 3 

B MathT 0 Math A 

X= Y= 


0.666666667 


-0.6666666677 
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Vi du 6 : Ham so /(x) = (3 x+ 2f co mot nguyen ham la F(x) = ax 3 + bx 2 + cx+d thoa man 
T’(-I) = 5 khi do a+b+c+d bang ? 

A.5 B.13 C.19 D.20 

Huong dan 

1 1 

Ta de y mot chut: T(l) = a+b+c+d va J /(x)dx = F(l)~ F(-\) -» F(\) = J /(x)dx + T(-1) 

-i -i 

Bam may ta dugc 

*0 Math A 

|‘ 1 (3X+2) 2 dX+5 


Vi du 7: Tmh tich phan so mu cao 

0 MathTA 

1+10~ 9 ->Y l 3 * 


0 MathVA 0 Math A 0 Math ▲ 

f 571 v3 A ,-j. n-, f ■ k V s 1 -1 


1 iU r Jo X J Y^dxxlnC> r ^ - 1 

1.000000001 ' 1.972541874x,i 1 s 1.972541873x,i 1 & 

Vf du 8: Gia sir ham so /(x) = (ax 2 + bx + e). e“* la mot nguyen ham cua ham so 
g(x) = x(l - x) e" T tlnh tfing S = a + 2b +3c 

A. 6 B.3 C.9 D.4 

Huong dan 

Chung ta dl y : /( 0 ) = (c). e“° = c 

Be tim c thi ta de y tiep /( 100 ) = (ax 2 + 6 x+c).e~ 100 « 0 nen 


| x(l -x)e x dx = /(100) - /(0) * -c 



0 Math ▲ 

1 ■ 1 V ,v | . 

Jo 



-l 

II 

>> 

<ctj* 

> 

, tiep tuc tim a,b 1 


Jx(l -x)e * dx = f(2)— /(0) = (4a+26 + l).e 2 -l 


iXCl-X5e -x dx 


0 Math A 

CAns+lHe" 2 


-0.05265301734 7 

Vay 4a+2b + \= 0-^>a = b = c = \ 

Ngoai ra de ket qua chuan xac hon nua thi cac em tmh vai x=10 se thay ro a=b=l 
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0 Math A 


a Math A 

(J‘°X<HOe- x d>i> «r**+lj' e ~ 10 

J J J 

Vay a+2b+3c=6 

Bai tap ren luyen 

Cau 1. Tim nguyen ham cua ham so / (x) = cos2x. 

A. J/(x)dx = — sin 2x + C. B. J/(x)dx = --sin2x + C . 


C. J/(x)dx = 2sin2x + C. 

Cau 2. Nguyen ham cua ham so /(x) = x.e 2x la: 
A. F(x) = 2.e lx (x-2)+C. 


C. F(jc) = I.e 2 Tx-ll + C. 


D. J/(x)dx = -2sin2x + C. 


B. F(x) = -.e 2x (x-2) + C. 


D. F(x) = 2.e 2x (x-^) + C. 


Cau 3. Trong cac menh de sau, menh de nao sai? 

A. J*sinxdx = cosx + C. B. J*2xd x = x 2 +C. C. JVdx = e x + C. D. J—dx = ln|x| + C. 


Cau 4. Ti'nh f (x + x)e A 

A. F(x) = x£ x +l + ln|xe x +l| + C. B. i^(x) = xe x -ln|x£ x +l| + C. 

C. F(x) = xe x +l-ln|xe _x +l| + C. D. F(x) = e x + l + ln|xe x +l| + C. 

Cau 5. Cho f —- = ^(x+2)Vx + 2+Z?(x + l)Vx + l + C. Khi do 3a+b bang: 

>/X + 2 + >/X + 1 


A. 


-2 


B. 


1 


C. 


d.T 


3 3 3 

Cau 6. Nguyen ham cua ham so /(x) = sin(l-3x) la 

A. -^cos(l-3x) + C. B. -3cos(l-3x)+C. C. 3cos(l-3x) + C. D. ^-cos(l-3x) + C. 

Cau 7. Biet 7 7 (x) = (ox+Z))^ x la nguyen ham cua ham so y = (2x+3)e x . Khi do a+b la 
A. 2. B. 3. C. 4. D. 5. 
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Cau 8. Cho F(x) la mot nguyen ham cua / (x) = e 3x thoa ^(0) = 1 . Menh de nao sau day la dung? 
A.F(x) = C 3l +l. B. J F(x) = Ie 3 ". C. ^(jc) = |e 3x +|. D.F(x) = --C 3 *++ 

Cau 9. Tim nguyen ham f s n 2x dx . Ket qua la 

J Vl + sin 2 x 

A. ■ — + C. B. Vl + sin 2 x +C. C. -Vl + sin 2 x +C. D. 2>/l + sin 2 x + C . 

2 


Cau 10. Tim gia tri cua m de ham so F(x) = m 2 x 3 +(3m+2)x 2 -4x+3 la mot nguyen ham cua 
ham so /(x) = 3x 2 +10x-4. 

A. 777 = 2. B. 777 = ±1. C. 777 = —1. D. 777 = 1. 

Cau 11. Cap ham so nao sau day co tinh chat: co mot ham so la nguyen ham cua ham so con lai? 
A. /(x) = tan 2 x, g(x) = —B. /(x) = sin2x ? g(x) = cos 2 x. 

C. / (x) = e x , g(x) = e~ x . D. /(x) = sin2x ? g(x) = sin 2 x. 


Cau 12. Tim nguyen ham cua ham so /(x) 


l-2sin 2 x 
2 sin 2 ^ x + ~j 


A. J/(x)dx = ki|sinx + cosx|+C. 
C. |/(x)dx = ln|l+sin2x|+C. 


B - J/( x) dx = ~ In |sin x 4- cos x| + C . 
D. J/(x)dx = ^ln|l + sin2x| + C. 


Cau 13. Hay xac dinh ham so F(x) = ax 3 +bx 2 +cx+ 1. Biet F(x) la mot nguyen ham cua ham so 
y = /(x) thoa man /(l) = 2, /(2) =3 va /(3) = 4. 

A. F (x^ = x 3 + — x 2 +x +1.B. .F(x) =-x 3 +x 2 +2x + l. C. i P^x^ = —x +x + l. D. E^x^ = —x 3 +—x 2 +x + l. 

Caul4.Giasu /(x) = Jsin2x.cos3xdx = F(x) + C (^(x) khong chira he so tir do) va /(0) = 0.Gia 
tri cua C la 

4 2 2 4 

A.--. B.C.D. 

5 5 5 5 

Cau 15. Gia sir J e 2x (lx 3 + 5x 2 - 2x+4^ dx = (ax 3 + bx 2 + cx+ d) e 2x + C. Khi do a + b + c+d bang 

A.-2. B. 3. C. 2. D. 5. 
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Cau 16. Cho F(x) la nguyen ham cua ham so f(x) = - J - va F(0) = -^ln4. Tap nghiem S cua 
phirongtrinh 3i r (x)+ln(e I +3) = 2 la 


Nguyen Haul 


A. S = {2} . B. 5 = {-2; 2}. C. S = {l;2}. D. 5 = {-2; 1} 


Cau 17. Gia su* fx(l-x)~ 017 dx = ---—- - — +C vai a, b la cac so nguyen dircmg. 

J a b 

Tmh 2a—b. 

A. 2017 . B. 2018 . C. 2019 . D. 2020. 


Cau 18. Cho ham so /(x) = —+ cos 2 x. Tim tat ca cac gia tri cua a de /(x) co mot nguyen ham 
F(x ) thoaman = = 

A. n-2. B. n-\. C. --1. D. --2. 

2 2 

Cau 19. Cho ham so /(x) = (2x-3)e*. Neu F(x) = (mx+n)e‘ (m,ne R) la mot nguyen ham cua 
/(x) thi hieu m-n bang 

A. 7. B. 3. C. 1. D. 6. 


r x 1 

Cau 20. Biet J -—^ = a.ln|x-l| + 6.1n|x-2| + C vdi tf,Z>eZ.Tmh gia tri cua bieu there 


a + Z>. 


A. a+b- 1 . B. a + b = 5. C. a+b = - 1 . D. a + b = —5. 


1.A 

2.C 

3.A 

4.B 

5.C 

6.D 

7.B 

8.C 

9.D 

10.D 

11.D 

12.A 

13.C 

14.C 

15.B 

16.A 

17.D 

18.D 

19.A 

20.C 
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Tich Phan 

Version 2.0 HyperX 

Dang 1: Tich phan xac dinh : Dang nay kha dan gian cac ban chi can nhap tru-c tiep 


tich phan can tinh va bam = de ra KQ 

Vi du l[Ham Da Thuc]: Tinh tich phan sau: f e x ~ dx 

i * 

| Birdc 1: Nhap bieu there can tinh tich phan 

| (3®®®CD®® 

0 Math 

Ji X? a: ‘ 

| Birox 2: Bam (=] de thay ket qua 

0 Math A 

Jf^^dx 

0.1011388899 I 

Biror 3: De tien cho viec so sanh vdi cac dap an thi thay 
i vi a birdc 2 cac em bam (=) thi cac em bam |shift| |rcl| (w) 
i de liru ket qua vao A 

0 Math A 

Ji £ 

0.1011388899 

*r ( 2r S 

Vi du 2 [Ham Liro-ng Giac]: Tinh / = J sin — f - dx 


A. 0 B. 1 C .71 D. -tv 


j Birox 1: Chon he Radian nhe cac che khong sai luon day 

1 Isirr] ImodeI fT] 

1 

0 Math A 

| Bu’O’c 2: Nhap Bieu thu'c 

i fjgn fii^l IWI ril (aEpha! m IaEphaI fTl f+1 (T1 CR)C^> 

! CD (g» 0 (*]] @ ® dan) SIE) 

0 Math A 

f\sinf — 1 dx ^ 

J- Tt Uk^+i ) 

Birffc 3: Liru luon ket qua bang 
fSHiFTl (rcJ F)1 
| Vay chon B 

0 Math ▲ 

<nf-p==ldx->fil 
U^+l J 


Dang 2: Tich phan chira an 6- can hoac bat di tim gia tri tham so 

a x 

Vi du 1: Tim a>0 sao cho : I = J xe 2 dx = 4 

0 

A. 1 B. 2 C. 3 D. 4 
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Cach 1: 

Thong thuerng a nguyen, ta thay Ian lirot a=l, a=2 .... Vao xem 

a Math A a Math A 

X 


JoXe 2 dx P)(e 2 dx 

0.7025574566 J0 


Vay ta duor a =2 

Cach 2: 

Be do phai sua nhi'eu Ian thi cac ban sua thanh: 
Bau tien gan 1 vao Y bang each: 


1 


m 


Sau do sua tich phan thanh: 

0 M&thTA 

|nXe £ dx 

Ju o 

Roi bam "=" xem KQla bao nhieu, sau do cac ban lai gan 2 roi 3... cho den khi dung ket 


qua nhu yeu cau: 

sIft! El IS»j)l ® 1=1 


2+Y 


0 Math A 


5 


Math A 


Nhir vay da phai day con tro nhi'eu l'an de sir a lai can cua tich phan. 

a x 

Vi du 1 nang cao: Tim a>0 sao cho : / = J xe 1 dx = b . Biet beN, tinh tong a+b 

o ' 

A. 2 B. 4 C. 6 D. 8 

Huong dan: 

Nhung dang nay chung ta thuong phai do nhung trong Table thi khong dung tich phan 
va dao ham true tiep duqc nen ta phai dung "vong lap” o ngoai COMP 


Bitot 1: Cac em thiet lap chuong trinh 

(alpha) O @ @ @ O ffl CS H @ (alpha) CD @ (¥) 


0 Math A 

X 


fl=fl+i:J$<e 2 dx 
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Bitot 2: An CALC roi may hoi A? thi bam 0=, may hoi X? thi 
bam 0= 

! Sau do cu an = tai khi thay b nguyen 

■« 

a Math A 

"Xe 2 dx 

0 4 

| Bitot 3: An RCL A de thay gia trj cua tham so A 

0 Math ▲ 

A 

2 

j Vay chon C.6 


Vi du 2: Biettfch phan: J^jc1 h—J^ = ^ + ^In2 . Tinha+b 

A.- B.-- C.- D.-- 

2 2 2 2 

Huang dan: 

| Bitot 1: Lim ket qua rich phan vao A 

| 


| Bitot 2: Do a,b bang Table theo tu duy nhu sau: 

| + Dira vao ket qua thay le tai 0.5 nen se de step 0.5 
i Start 4= End 4= va Step 0.5= 

i Bitot 3: Quan sat xem co cap nao ra tong nhir dap an 
i khong 

I Vay la a = 0,5 b — —2 — ^ u-vb — 

Vi du 3. Cho 7 = J sje x -\dx = a~-~. Khi do 

n & 


A. a>b B. a<b C ,a=b D.<zZ> = l 

Huang dan 


Bitot 1: Luu ket qua rich phan vao A 

a Math A 

0.4292036732 

Birdc 2: Do a,b bang Table theo tu duy nhu sau: 

+ Dua vao ket qua thay a, b nguyen va a = A + — thay b = X 
[ b 

| cho no chay de tim a nguyen. Start -9= End 9= va 

i Step 1= 

a Math 

T'00=fi+§ 


j 


ro 


Math A 


-i(x + i + x?r)dx-i> 

0.8862943611 




Math 


a 

ID] 
11 



FCKJ 

a 

a.5 


i 

-H. 121 


-2 
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Birac 3: Quan sat xem co cap nao ra so dep khong 
VaylaZ> = 2 a = 2-+a = b 


11 
IE 

K 

1 

E 

0 

FCH5 

jy||] 

Math 

I 13 

3 

1 ■MTEM 

y 


2 _ 

Vf du4: Biettfch phan: /= fVl-x 2 dx = — +— (a,beZ) .khi do gia tri lfa+2b bang? 

0 a b 

A.26 B. 28 C. 24 D. 20 


Birox 1: Liru ket qua tich phan vao A 

0 Math A 

0.4783057387 

Birox 2: Do a,b bang Table theo tir duy nhir sau: 

, JR 

+ Dira vao ket qua thay a, b nguyen va a = v thay b = X 

1 ' A-— 

b 

| cho no chay de tim a nguyen. Start -14= End 14= va 
Step 1= 

j (Nho 1 tat G(X) di de tinh len 29 thay vi 20 gia tri ] 

0 Math 

Birdc 3: Quan sat xem co cap nao ra so dep khong 

Vay la 6 = 12 a = 8->4 

0 Math 

K FCHJ 

EE II B,3BB 

El IE riHH: 

EB 13 1.3I9E 

8 i 


Cach 2: SOLVE 

+ Thu- tirng dap an xem dap an nao a ra nguyen: b = ^A,B,C,D-l[a} 

1 /T 

XetdapanA: b = -(26-i[a ) ta co phiro-ng trinh : A =—+--—-nhapvaomay 

2 X ^{ 26 -lfX) 

HO(li§l(M)©(I]®HCI)CBE](g)@S13®®Cri(3)[l]®CIl(I] 

[6] B [sHiFTl [V^l (A[PHAl m m fsHiFTl fCALCl f^1 

0 Math 

X= “ 8 

L-R= 0 

Dirge luon ket qua dep, cac dap an khac em chi viec sira so 26. 

n 

Vl du 4: Cho / = J(2x+ 2)cosxdx = — + —— —- . Khi do 2 a-b+c = ? 

0 c 

A. 0 B. 8 C.12 D. 24 
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Biro'C 1: Liru ket qua tich phan vao A 

a M&th a 

lo" 6 C2X+2)cos()it 

1.255649583 

Bu'6'c 2: Do a,b bang Table theo tir duy nhir sau: 

+ Dira vao ket qua thay a, b, c nguyen dirong va 

a = - j= —tha y b = X va thay c = 1,2,3,4,5,6,7.... cho no 

V3 

i chay de tim a nguyen. Start -9= End = va Step 1= 

a Math 

+- / 1XA—JT+X 

Kj °" V3 

i Birdc 3: Quan sat xem co cap nao ra so dep khong 

jVayla a = b=c = 6 ->C 

0 Math 

K F CK> 

is s s-uggG 

IE E HHHF 

in n E.5m3 

6 

i ...~~.. a . .M&th.. 

f(x> 6X^S±S| 


Vl du 5: Cho /= f cos3x + 2cosx ( j x = a \ n 2 + b\a'i+c (a,b,ceZ) Tinh a+b+c 
• 2 + 3sinx-cos2x 

A. -3 B. -2 C. 2 D. 1 

(Dang bai ma cac giao vien khac cho la chong Casio) 

Hiro’ng dan 


Birac 1: Liru ket qua tich phan vao A 

0 MathT 

A 

0.8903717579 ! 

Biro’C 2: Do a,b bang Table theo tir duy nhu- sau: 

+ Dira vao ket qua thay a, b, c co the am hoac dircrng va 

a = j 4— c ~bk lJ thay b = X va thay c = ±l,±2,±3,... cho no 

chay de tim a nguyen. 

! Start -9= End = va Step 1 = 

0 Math 

^^VS_A-1-Kln(31 
TU..I- in (2) 

j Biro'C 3: Quan sat xem co cap nao ra so dep khong 

Vayla 6 = 2,a = i,c = -2-> D 

0 Math 

+- W \ +2—X1 n ( 3 ) 

TL ,, ...i=l lm -23 
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o 

Vfdu6: Cho / = ^e*“'*.sm2xdx = a+b4e-,a,beZ Khangdinhnao dung? 


A.2 a=b B. a = -2b C. a = b 

Hiro’ng dan 

} Biro’c 1: Luu ket qua tfch phan vao A 


D. a - 


A 



K 

a 

F(K> 

Math 

11 
IE 

1 

a 

|yg|g 


13 

3 

-D.5BM 

.1. 


0 Math A 


Birdc 2: Do a,b bang Table theo tu duy nhu sau: 

, _ A-a __ A-X 

£ ~ fe 

Start -9= End 9= va Step 1= 

Birox 3: Quan sat xem co cap nao ra so dep khong 
Vayla a = 2,b = -l->£ 


f(X)= 


0. 35127872 93 

a Math 

A-K 





H 

FCJtt 

1 1 

i 

- 0 , 

ia 

a 

HHflfin 

13 

3 

-I.EDE 


-l 


2 Z? b 

Vfdu7: Cho |(x 2 +x)lnxdx = -ln2--;a,6,ce^,-- la phan so toi gian. Tfnh S = ab±c 
A.806 B.818 C.1024 1). 512 


Bu’O’c 1: Luu ket qua tfch phan vao A 

s 

1 

a Math A 

,CX 2 +X)ln«)d>i> 

1.706909065 

i Bu'6'C 2: Do bang Table theo tu duy nhu sau: 

1 — = —ln2-^4 
j c 3 

: Start -14= End 14= va Step 1= 

a Math 

roo=§ln(2)-A 

j Bu'6'c 3: Quan sat xem co cap nao ra so dep khong 

Vay la a = 14. b = 55. c - 36 > A 

K 

EB 13 

E9 IM 

3D 

a 

F(XJ 

j-aasi 

Math 

55j 36j 

in-T4rih 
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Dang 2: lTng dung tinh dien tich hinh phang (Cach tinh tich phan chda gia tri tuyet 
doi) 

^ } |/(x) - g(x)| dx. 

a 

Vi du 1: Tinh dien tich hinh phang dirge gio-i han bdi do thi ham so co phircmg trinh: 

y = -x 2 + 2x+l,y=2x 2 —4x +1 


Huang dan: 


Birdc 1: Tim hoanh do giao diem 

(Bac 2 va 3 thi cd dung EQN cho nhanh con khong 

thi cac em dung Solve) 

Q Math 

£ b c 

IMF -E D] 

3 

a a mmita 

Xl= X2= 

2 0 

| Birdc 2: nhap bieu thde 

©@@B@[II(l!lS]C2]H(T)(±)[I)S 

I [D(a)[2](=] 

0 Math A 

[ 2 l-X 2 +2X+l-(2>t> 

4 

i Birdc 3: Chon dap an dung 



Dang 3: ITng dung tinh the tich khoi tron xoay v = ^J/ 2 (x)dx 

a 

Vi du 1: Cho (H) la mien kin gidi han bdi cac dirdng: y = x-Jln(l + x 3 ) (L), true Ox va x = 

1 . 

Tinh the tich cua vat the tron xoay tao ra khi cho ( H) quay quanh true Ox. 

A. j (ln2 B.i(ln2 + 1 ~]n C. ^(21n2 - l}n D. i(21n2 + l)n 

Dau tien thi cac em cung phai tim giao diem sau do tinh theo cong thde 

Cac em tinh thong thirdng nhir la d dang dau tien chu yeu nhap dung cong there 
thoi 

01 Mirth A 0 Math A 13 Math A 

JJx 2 ln(H-X 3 )* Ans+ft A-i(21n(2)-l) 

0.128764787 0.128764787 0 
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Casio xu* dep tich phan han che casio 

Nhir o phan triroc thi anh da hircmg dan mot so vi du kho bam casio theo hinh thuc 
co- ban thi 6- phan nay chung ta se tap trung dao sau ho-n cac dang toan nay. 


J€ 

4 

Vi du 1: Cho 7 = j sin 4 xdx = ax+b,(a,b e Q) Tinh gia tri bieu thuc S = a+b 


A— B.— C.4 D.l 

32 32 

Huong dan 

Lim gia tri tich phan vao A nhir trircrc 

0 Math A 

f2 +4 sinCX) 4 dx*fl 

0.04452431127 

Tien hanh giai he phirong trinh 

@©( 1 ] 

0 MathT 0 Math A 

X= ¥= 

0.09375 -0.25 

Vay dap an A dung 

e 3e a "I - 1 

Vi du 2: Khang dinh nao sau day dung ve ket qua IV In xdx =- ; 

J h 


A. a.b = 64 B. a.b=46 

Huang dan 


0 Math A 

fiX 3 lna)dx-ifl 

10.29965313 


C. a —6 = 12 D. a-b = 4 


254 
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3e a +1 j 3& a +1 * a+- 'i 4 - ' u 3e*+l ^ 

A =-> b =- xet aap an A ta co phirang tnnh : -= 64 

b A A 


fiiifl IcalcI f=| (=1 

0 Math ▲ 0 Math A 

Xx^-641 

L-R= 0 


Vf du 3: Cho tich phan J- 


-dx = a + b^3(a,beQ) . Tlnh gia tri cua bieu thuc 


A = a + b 


Hiring dan: 


B. -- 

3 


Dung Table : start -3=, end 3=, step 1/3 = 


fn-3-co;<2X',, f00=6=£ 

Jjt-7-4coS(X) 2 XSin '* 3 

-0.3094010768 


H Math 

K F (KJ 

11 E.3333 -I.5H5 

-1.333333333 


s c cos 2x b b / / 

Vidu4: Cho /= fsinx(sinxH— . )dx = a;r — ;a,b,ceQ,- la phan so toi gian. Tfnh 

5 Vl + 3cosx c c 

giatrj bieuthuc S = a+b+c 


A. 153,5 


B. 523,25 


C. 320.75 


D. 223.25 


Huang dan 


0 Math A 


| 0 '"sin(X)[sin(i> 

0.4940401387 
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Be y vao dap an B,C thi le toi 0.25 thong thuemg - toi gian thi b,c nguyen dirong 


nen ro rang a la so le toi 0.25 nen a co the la 0.25,1.25 .... Tu do ta se dung SOLVE 
de giai phumig trinh tim b,c xem sao 


XetdapanB: a+b+c = 523.5^c = 523.25-a-b voi a=0.25 co phurmg trinh 

A=0.25fl- 


Math 4 

X. 


0 Math 4 

- -► fj=U.2b]t- 523. 25 A 

523.^5- v = 118 


L-R= 0 

Neu khong dirge cac em lai xet a=1.25,2.25 khong dirge ta chuyen sang dap an D. 
Ngoai ra neu em dang dung may Vinacal thi dung Table do cung kha la nhanh 
Start -2=, End 2=, step 0.25= 

0 Math 


0.5 


FCK.V 

.JH 


I.D1ETI 

11S j 405 


Vf du 5: Cho tich phan 1 = J 


2 +3sinx-cos2x 


dx = a]n2 + bin3 + c(a,b,ceZ). Tlnh giatri 


cuabieuthuc A = a+b+c 

A.-3 B.-2 C. 2 D. l 

Hiring dan 

Cac em cu- thay doi gia tri c roi do nhu 2 bien anh da hiremg din 


Math 

1**2 CQS(3XJ+£C k frX) = A ~ Xlnt _^ +2 

Jo 2+3sinCK)-J* " ' in(3) 

0.8903717579 


K 


□ 


E 

1 - 3B9 
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Ren luyen Tfch Phan 

e 

Cau 1. Tfch phan 7 = jxlnxdx bang: 


A. / = -. 

2 


Cau 2. Tfnh tfch phan 7 = Jx 2 lnxdx 


. 8, „ 7 
A. -In2 —. 
3 9 


B. — In 2 — —. 
3 3 


C. 241n2-7. 


D. 81n2- 


Cau 3. Biet f ——— = In T. Gia tri cua T la 
• 2x -1 

A. T = S- B.T = 9. 


C. T = 3. 


D. T = 81. 


r dx 

Cau 4. Xet tfch phan A = - - . Gia tri cua e A bang? 

J V- -L v 


Cau 5. Biet F(x) la motnguyenham cua /(x) =-- va F(l) - 1. Tinh F(3). 

A. F(3) = ln2-1. B. F(3) = ln2 + 1. C. F(3) = |. D. F(3) = A 

4 2 

Cau 6. Cho J/(x)dx = 16. Tinh ti'ch phan / = J/(2x)dx. 


A. 7 = 32. 


B. 7 = 8. 


C. 7 = 16. 


D. 7 = 4. 


r dx 

Cau 7. Biet 7 = — - = aln2 + Mn3 + cln5,vo , i a, 7, c lacac so nguyen. Tfnh 5 , = <3 + 7 + c 

J V 2 -1- V 


A. S'= 6. 


B. S — 2. C.S = -2. D. S' = 0. 


Cau 8. Biet F(x) la nguyen ham cua / (x) =- j- va F(2) = 1 . Tfnh F(3). 


A. In2 + 1. 


D. In2. 
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5 5 4 4 

Cau 9. Cho J f(x)dx = 5 , J f(t)dt = —2 va j g(u)du = —. Tfnh J (/(x) + g(x))dx bang: 


B. 


10 


22 


D. 


-20 


4 

Cau 10. Cho biet J 


cosx , a 

-dx = an + b In 2 vai a va b la cac so him ti. Khi do — bang: 

sinx + cosx b 


B. -. 
8 


C.I 

2 


D. 


jL ^ 

Cau 11. Cho J/(x)dx = l, \ f(t)dt = -4. Tfnh / = f f(y)dy. 


A. / = -5. 


B. 1 = -3. 


C. 1 = 3. 


D. 1 = 5. 


Cau 12. Biet f e*(2x + e x )dx = a.e 4 + b.e 2 +c voi a, b, c la cac so hiru ty. Tfnh S = a + b + c. 


A. S = 2. 


B. 5 = -4. 


C. S = -2. 


D. S = 4. 


Cau 13. Biet F(x) la mot nguyen ham cua cua ham so /(x) = 2x-3cosx va — 

V 2 y 

F{tt ) la 

A. F{n) = 7r 2 -3. B. F(7r) = n 2 +3. Q. F{7r) = 7r + 3. D. F(tt) = x-3. 
r dx 

Cau 14. Tinh tichphan: 1= — . duacketpua 7 = aln3 + Z>ln5. Tong a + b la 

•j xv3x+l 


= —. Gia tri 
4 


A. 2. 


dx 

hx- 

B. 3. 


C. -1. 


D. 1. 


2 4 _ 

Cau 15. Biet /(x)lahamsolientuctren R va J/(x)dx = 4.Khi do J[/(2x)-sinx]dx bang 

0 0 

A. 2 +—. B. 3-—. C. 1 +—. D. 2-—. 

2 2 2 2 

6 6 2 

Cau 16. Biet f(x) la ham so lien tuc tren R va J/(x)dx = 4, J/(t)dt = -3. Khi do j[/(v)-3]dv 

0 2 0 

bang 


A. 1. 


B. 2. 


C. 4. 


D. 3. 
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Cau 17. Cho ham so /(x) co dao ham lien tuc tren doan [l;4], /(l)=l va |/'(x)dx = 2. Gia tri 

i 

/(4) la 


r A In X -f-1 

Cau 18. Gia su -dx = a In 2 2 + b In 2, vai a , b la cac so huai ty. Khi do, tong Aa + b bang: 


z 

Cau 19. Trong cac tfch phan sau, tich phan nao khong co cung gia tri vai / = J x 3 ^jx 2 -IdxA 

i 

i 2 i 4 \/3 >/3 

A. -jty/TAdt. B. -\t4t-i&t. C. J(? 2 + l)? 2 dt. D. J(x 2 +l)x 2 dx. 


Cau 20. Co bao nhieu so nguyen dircrng n sao cho nlnrc-Jlnxdx co gia tri khong virot qua 


2017? 


A. 2017. 


B. 2018. 


C. 4034. 


D. 4036. 


Cau 21. Cho ham so /(x) lien tuc tren E va J /(x)dx = 2. Menh de nao sau day la sai? 

-2 

2 3 2 6 -j 

A. J/(2x)dx = 2. B. J/(x + l)dx = 2. C. J/(2x)dx = l. D. J-/(x-2)dx = l. 

-1 -3 -1 0 2 

Cau 22. Cho ham so /(x) co dao ham cap 2 tren [2; 4], Biet /'(2) = 1, /'(4) = 5. Tinh 

4 

I = J/"(x)dx, ket qua la 


Cau 23. Biet f-= — 

*3x-l a 


_ 1 1., L .2 


=—ln& thi a +b la : 


A. 12. 


B. 10. 


D. 14. 


Cau 24. Biet f-dx =—ln|5sinx-9| + C. Gia tri 2a-b la 

• 5sinx-9 b 


A. 10. 


B. -4. 


D. -3. 
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Cau 25. Biet .F(x) la mot nguyen ham cua ham so /(x) = -J\n 2 x +1.— va i^(l) = —. Tinh 




A.[F( e )] 2 =|. B.[F( C )] 2 =|. C.[f( e )] 2 = i. D.[F( e )] 2 =‘ 


Cau 26. Biet j 


j (x + l)(2x + l) 


A. 5 = 1. 


:<2ln2 + Z>ln3 + cln5. Tinh S = a + b + c. 


B. 5 = 0. 


D. 5 = 2. 


Cau 27. Chohamso y= f(x) thoaman /'(x) = ——-,/(l) = l.Tinh /(5). 

A. /(5) = t]n3. B./(5) = ln2. C./(5) = ln3 + l. D. /(5) = 21n3 + l. 

■Ji _ 2 

Cau 28. Biet J x\Jx 2 + ldx =— [a-4b j, vdi a, b la cac so nguyen dirang. Menh de nao sau day 


dung? 


A. a = 2b 


B. a <b. 


C. a = b. 


D. a = 3b. 


I 

Cau 29. Tim m de jV r (j c + m)dx = e. 


A. m — 0. 


B. m — e. 


C. m- 1. 


D. m — \[e . 


4 

Cau 30. Cho biet 1= f— 

J ci 


—-- dx = cm + blnl, vdi a va b la cac so hum ti. Khi do ti so — 

sinx + cosx b 


Cau 31. Biet / = j 


2M1+1 


; = 4 + aln2 + &ln5, vai a, b la cac so nguyen. Tinh S = a-b. 


A. 5 = 9. 


B. 5 = 11. 


C. 5 = 5. 


D. S = —3. 


"r x 2 dx 1 

Cau 32. Tim tat ca cac so thuc m dirang thoa man -= In2—: 

J „x + 1 2 


A. 777=3. 


B. 777 = 2. 


C. 777 = 1. 


D. 777 >3. 
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Cau 33. Ket qua tich phan / = j(2x + 3)e*dx dime viet diroi dang I = ae + b vdi a, b la cac so 


him ti. Tim khang dinh dung. 

A. a 3 +b 3 =28. B. a+2b = l. 


C. a-b = 2. 


D. ab = 3. 


Cau 34. 


, Xet tich phan / = [ . . Neu dat t--Jl + cos x, ta dirge: 

oVl + cosx 

A. /= J — — dt. B. / = —4 J (l 2 -l)dl. C. /= J 7 4 ( . tf/ dx. D. / = 4 J(x 2 -l)dx. 

R t i R t . 


Cau 35. Biet ham so /(x) co dao ham /'(x) lien tuc tren M, /(0) = — va J/'(x)dx = 2#. Tinh 

2 0 

/(*)■ 


A./(^) = y. B./g) = 2n. C ./(*) — . 


/g)=3^. 

Cau 36. Biet [ —r---dx = — + ln— voi a,b la cac so nguyen duong va — la phan so toi gian. 

iX(x + l) 2 b b 


Ti'nh a + b. 

A. a + b = 7. 


B. a + b = 5. C. a + b= 9. 


D. a + b = 4. 


Cau 


„„ r sinx , n 2 V^T 2 1 FZ , , A , A m f . 

37. Biet . dx = 1- ven + dd^ voa a,b,c,d la cac so nguyen. Tinh 

_Wl + * 6 +x 3 a b 


a + b + c + d. 

A. of + b + c + e/ = 28. B. ct-\-b~\~c~\rd — 16. C. ci J rb-^rC~\~d~\A. D. Q-\-b~\~c~^d~ 22. 

In 2 2*+l , 

Cau 38. Tich phan f--—dx = e + — . Tinh tich ah. 

' e x b 


A. 1. 


B. 2. 


C. 6. 


D. 12. 


r x 

Cau 39. Tich phan -dx = a^- + Mn2, vdi a, b la cac so thirc . Tinh I6a-Sb 

{l + cos2x 


A. 4. 


B. 5. 


C. 2. 


D. 3. 
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In 2 


Cau 40. Biet rang: f x + 

{[ 2e* +1 

nguyen. Khi do S=a+b-c bang: 


1 


dx = —ln a 2 + iln2 + clnj. Trong do a,b,c la nhfrng so 


A. 2. 


B. 3. 


C. 4. 


A. 7 = 6. 


a , b 

-< 

3 

B. 7 = 9. 


D. 5. 

b c 


Cau41. Biet rang pe'^dx =—e 2 +—e+c ( a,b,ceZ ). Ti'nh 7 = a+-+^. 

n 5 3 2 J 


C. 7 = 10. 


D. 7 = 5. 


Cau 42. Cho y = f(x ) la ham so chan, co dao ham tren doan [-6;6]. Biet rang J/(x)dx = 8 va 

-i 

3 6 

j"/(-2x)dx = 3. Tinh J/(x)dx. 


A. 7 = 11. 


B. 7 = 5. 


C. 7 = 2. 


D. 7 = 14. 


72 


Cau 43. Gia sir 7 = |sin3xdx = a + b^— (a,b e Q) . Khi do tinh gia tri cua a-b. 


A. 

6 


B. 0. 


C.-A 

10 


D. —. 
5 


r 2x+3 


Cau 44. Biet I = J ——-dx = aln2 + b, Khi do: a + 2b . 


2 —x 

A. 0. 

Cau 45. Cho ti'ch phan / = J 
A. 2. 


B. 2. 

sin xdx 


a 


o Vl-2acosx + 

a 


C. 3. D. 7. 

(vai a > 1) thi gia tri cua / bang: 


B. 


C. 2a. 


D. 


a 


A 4 

Cau 46. Cho /(x) la ham so lien tuc tren R va J /(x)dx = 2017. Tlnh 7 = J / (sin 2x) cos 2xdx. 


B. 


2017 


C. 2017. 


D. - 


2017 


2017 2 2 

r dx 

Cau47. Giasu —- = a]n5 + b\n3 + c\n2.(a,b,ceQ) Tinh gia tri bieu thixc S = —2a + b+3c~. 

J _ V 
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A. S = 3. 


B. S = 6. 


C. S = 0. 


D. S = -2. 


Cau 48. Gia sutich phan Jx.ln(2x + l) 2017 dx = a+— ln3. Vai phan so - toi gian. Luc do 


A. b+c = 6057. 


Cau 49 


B. b + c = 6059. C. Z>+c = 6058. D. b + c = 6056. 
1 


. Gia su tich phan / = f- .- dx = a + Z>.ln3 + c.ln5 (a,b,ce Z). Khi do: 

J ! 1 + V3x + 1 


A. a + Z>+c = —. 

3 


5 7 8 

B. a + b + c = —. C. a + b + c = —. D. a + b + c = —. 

3 3 3 


rn 

Cau 50. So cac so nguyen m e (0;2017) thoa man Jcos2xdx = 0 la 


A.643. 


B.te 


71 _ 71 

T’T 


C.1285. 


D.642. 


Cau 51. Cho f(x) = -~ (2y/x 2 + l + 5 j, biet F(x) la mot nguyen ham cua ham so / (x) thoa 


F(0) = 6.Tinh F 
A. 125 


u. 


B. 


126 


123 


D. 


127 


16 16 16 16 
i j 

Cau 52. Biet rang fxcos2xdx = —(asin2 + Z>cos2+c) vr'n a,b,c e X. Menh tie nao sau day la dung? 

J 4 

o 

A. 2a+b+c = —1. B. a + 2b + c = 0. C.a-b + c = 0. D. a + b + c = 1. 

i 

Cau 53. Be ham so /(x) = asin7rx + b thoa man /(l) = 2 vaj/(x)<ir = 4 thi a,b nhan gia tri: 

0 

A. a = 7i,b = 0. B. a = 7r,b = 2. C. a-2n^b = 2. D. a = 2tz\Z> = 3 . 

2 ^ 

Cau 54. Giai phumig trinh J(r-log 2 x)d/ = 21og 2 — (an x). 

o x 

A. x = l. B. xe{l;4}. C. xe(0;+oo). D. x<e{1;2}. 

Cau 55. Tim tat ca cac gia tri thuc cua tham so a de bat phircmg trinh sau day nghiem dung vdi 

x (i > 

moi gia tri thuc cua x J— / + 2(a + l) 


dt>-l. 
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A. a e 


3 _J_ 

V 2 


B. ae[0;l]. C. ae[-2;-l]. 


D. a< 0. 


u 

Cau 56. Vo-i a,b la cac tham so thuc. Gia tri tich phan J(3x 2 + 2ax + l)dx bang 


A. 3b 2 + 2ab. 


B. b 3 + b 2 a + b . C. b 3 +b. 


D. ct + 2 . 


<f(TA 

Cau 57. Cho ham so y = /(x) lien tuc tren M thoa man | — ~=-^-dx = 4 

i v* 

x! 2 3 

| /(sinx)cosxdx = 2. Tich phan 7 = J/(x)dx bang 

0 0 

A. 7 = 2. B. 7 = 6. C. 7 = 4. D. 7 = 10. 


va 


i 


Cau 58. Cho ham so /(x) lien tuc tren R va /(2) = 16, J/(x)dx = 4. Tfnh 7 = J x./'(2x)dx. 

0 0 

A. 13 . B. 12 . C. 20 . D. 7 . 


Cau 59. Cho ham so /(x) lien tuc tren R va cac tich phan J/(tanx)dx = 4 va J—2t_).dx = 2. 


x 2 +l 


Tinh tich phan 7 = J/(x)dx. 


A. 7 = 6. 


B. 7 = 2. 


C. 7 = 3. 


D. 7 = 1. 


u u / \ 

71 C C X 

Cau 60. Cho 0 < a < — va xtanxdx = m. Tfnh / = - dx theo a va m. 

9 J J cosx 


0 0 N 

A. / = 12 tana-2/77. B. I = -a 2 tana+ m. C. 7 = a 2 tana — 2/72. D. I = a 2 tana — m. 

rx 2 3x + 2 

Cau 61. Biet —f=-dx = aln7 + Mn3 + c vai a, b, ceZ.Tfnh 7 = a + 27 2 +3c 3 . 

\ x -x + 1 

A. 7 = 4. B. 7 = 6. C. 7 = 3. D. 7 = 5. 

2 4 

Cau 62. Cho ham so y = f (x) lien tuc tren E. Biet J / (x 2 ) xdx = 1, hay tfnh / = J / (x) dx. 

0 0 

1 


A. 7 = 2. 


B. 7 = 4. 


C. I - 


D. 7 = 1. 
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Cau 63 


e 1 

Biet = a\n(e 2 +\} + b\ri2 + c, vvi a, b, c la cac so him ti. Tinh S = a + b + c . 


A. S = l. 


C. S = 0. 


D. S = 2. 


r —4x 4 + x 2 — 3 ^/2 / /— \ 

Cau 64. Tinh tfch phan j --— -dx = -^-ya\/3 + Z) + c;rJ + 4. Vai a, b, c la cac so 


nguyen. Khi do bieu thuc a + b 2 + c 4 co gia tri bang 

A. 20. B. 241. C. 196. 


D. 48. 


Cau 65. Cho cac so thirc m,n thoa man j(l-x)d x-m va A trong do B' va C Tmh B. 

a 

. ^ _ 1 + 3/ 


B. D. 


D. z =- 


j _ z 

Cau 66. Cho ham so /(x) lientuctren [-l;+co) va J/(Vx + ljdx = 4. Tinh 7 = Jx./(x)dx. 


A.I = 8. B.7 = 4. C./ = 16. D.I = 2. 


Cau 67. Cho jln(x + l)dx = a + lnb, (a,be Z).Tmh (tf+ 3)* 


A. 25. 


1.C 

2.A 

3.C 

4.B 

5.B 

6.B 

7.B 

8.A 

9.C 

10.C 

ll.A 

12.D 

13.B 

14.D 

15.C 

16.A 

17.B 

18.D 

19.A 

20.B 

21.A 

22. C 

23.D 

24.D 

25.B 

26.B 

27.C 

28.A 

29.C 

30.D 

31.B 

32.C 

33.B 

34.D 

35.C 

36.A 

37.A 

38.B 

39.A 

40.C 

41.C 

42.D 

43.B 

44. C 

45.D 

46.B 

47. B 

48.B 

49.A 

50.B 

51.A 

52.C 

53.B 

54. C 

55.A 

56.B 

57.C 

58.D 

59.A 

60.C 

61.A 

62.A 

63.A 

64.B 

65.D 

66.D 

67. C 
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ITng Dung Tich Phan Tinh Dien Tich - The Tich 

Cau 1. Dien tich hinh phang giai han bbi cac dirbng y = x 2 va y - 2-x 2 la: 

A. 2|' i (l-x 2 )dx. B. 2£‘(l-x 2 )dx. C. 2^ (x 2 -l)dx. D. 2^(x 2 -l)dx. 

Cau 2. Dien tich hinh phang gidi han bdi dirdng cong y = x 2 +x-l va dirdng thang y = 2x + l la 


A. 


B. 4. 


C. 


11 


D. 3. 


Cau 3. Goi S la dien tich hinh phang gidi han bdi cac du-dng y = x 3 , y = 2-xva y = 0 . Menh de 
nao sau day la dung? 

12 2 ,11 

A. S = Jx 3 dx + J(x-2)dx. B. S= |(x 3 +x-2)dx. C. S = — + Jx 3 dx. D. S = J|x 3 -(2-x)|dx. 

0 1 0 2 0 0 

Cau 4. Tinh dien tich hinh phang (//) gio-i han bcci hai do thiy = 3 x ,y = 4-x vatructung. 

7 3 


9 2 

A. S = -+ -. 

2 In 3 


9 3 

B. S=-+—. 
2 In 3 


C. S -- 


2 In 3 


7 2 

D. S = - -. 

2 In 3 


Cau 5. Tinh dien tich hinh phang giai han bdi cac dirbng y = x,y = x+sin 2 x,x = 0,x = n. 


A. S = n. 


B. S = n-—. 

2 


C. S = ji-\. 


D. S = —. 

2 


Cau 6. Tinh the tich cua khoi tron xoay tao thanh khi quay quanh true hoanh hinh phang gidi 
han bdi cac dirdng y = x 2 -2x, y = 0, x = 0 va x = l. * 

8 7T 


A. V = - 


15 


B. V = —. 
8 


C. V - 

7 


D. V = 


15 n_ 
8 


Cau 7. Cho hinh phang (77) gidi han bdi cac du’dng 
y = |x 2 -1| va y = k,0<k<\. Tim k de dien tich cua hinh 
phang (77) gap hai lan dien tich hinh phang dirge ke soc 
trong hinh ve ben. 

A. k = ljA. B. k = yf2-l. 

C .k = ~. D. k = y/4-l. 

2 


\ 

\ 

\ A 

11 

?r 

V 

V : 

/ 0 

1\ 
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Cau 8. Parabol y - chia hinh tron co tarn la goc toa do, ban ki'nh bang 2-Jl thanh hai phan 


co dien tfch la S l va S 2 , trong do S l <S 2 . Tim ti so —. 


A. 


3ft + 2 


B. 


3 ^ + 2 


3 ^ + 2 


D. 


9ft-2 


2lft-2 9ft-2 \2ft 3^ + 2 

Cau 9. The ti'ch khoi tron xoay do hinh phang dirge gidi han bdi cac dirdng y = x 2 va x-y 2 
quay quanh true Ox bang bao nhieu? 

3ft _ _ _ IOtt 


A. 


10 


B. 10;r. 


C. 


D. 3ft. 


Cau 10. Cho parabol (P) :y = x 2 +1 va dirdng thang d:y = mx + 2. Biet rang ton tai m de dien 
ti'ch hinh phang gidi han bdi (P) va d dat gia tri nho nhat, tfnh dien ti'ch nho nhat do. 

A. 5 = 0. B. S = —. C.S = -. D. S = 4. 

3 3 

Cau 11. Cho hinh (if) gidi han bd do thi (C):y = xlnx, true hoanh va cac dirdng thang x = l, 
x = e. Tfnh the tich cua khoi tron xoay dirge tao thanh khi quay (i/) quanh true hoanh. 

A. In. B. --e 3 +]3\6 Att. C. (-4 +to 64)*. D. 

Cau 12. Cho hinh phang (if) gidi han bdi cac dirdng j> = lnx, y = 0, x-k {k> 1 ).Tim k de 
dien tich hinh phang (if) bang 1. 

A. k-2. B. k = e 3 . C .k = e 2 . D. k = e. 


Cau 13. Dien tich hinh phang gidi han bdi do thi ham so y = —, true hoanh va hai dirdng thang 

x 

x = l, x — e la 

A. 0. B. 1. C. & D. 

e 

Cau 14. Dien ti'ch hinh phang gidi han bdi dirdng cong y 2 = 4x va dudng thang x = 1 bang S. 
Gia tri cua S la 

A. 1. B. -. C. -. D. 16. 

8 3 

Cau 15. Dien ti'ch hinh phang gidi han bdi nhanh dudng cong y-x 2 vdi x >0, dirdng thang 
y = 2 - x va true hoanh bang 
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A. 2. 




Cau 16. Tinh dien tich S cua mien h'rnh phang gidi han bdi do thi cua ham so v ■ .v 3 -3x 2 va true 
hoanh. 


A. S = 


13 


29 

B. S = — . 
4 


C. S - 


27 
’ 4 ' 


27 

D. S = — . 
4 


Cau 17. Tinh dien tich hinh phang gidi han bdi do thi cua hai ham so y = x 3 -6x 2 + 17jc- 3 va 
y = x 2 + 3x+5 


A. 3. 


B.H. 

12 




Cau 18. Dien tich hinh phang gio-i han bdi cac drrdng y = \j4-x 2 

A B - i C — 

‘3 6 3 6 '36' 


va y 2 -6-3x bang: 


D. —+ —. 
3 6 


Cau 19. Cho hinh phang ( H ) gidi han bdi cac dirdng y = x 2 ;y = 0;x = 2. Tinh the tich V cua 
khoi tron xoay tao thanh khi quay (//) quanh true Ox. 


A. V = 


32 n 


32 

B. V =—. 
5 


C. V = — . 
3 


D. V = -. 

3 


Cau 20. Cho ham so y = f (x) lien tuc tren doan \cr,b\. Goi D la hinh phang gidi han bdi do thi 
(C):y = f(x), true hoanh, hai du'dng thang x = a, x = b ( nhu- hinh ve ben dual). Gia sd S D la 
dien tich cua hinh phang D. Chon cong thde dung trong cac phuang an A, B, C, D dirdi day? 



Bikiptheiuc.com 


Bf kip CASIO cong pha Trie Nghiem Toan 


Hotline: 0977.543.462 


Tich Phan 


CASIO EXPERT : Nguyen The Lire - fb: Ad.theluc-Youtube :MrTheLuc95 


Cau 21. Goi (iT)la hinh phang gibi han bbi (C): y = x\d : y = -x + 2;Qx. Quay (Tf) xung quanh 
true Ox ta dirge khoi tron xoay co the tfch la: 


A. —. 

7 


B. 


10 ft 
21 ' 


C. 


D. 


~2l 


Cau 22. Cho hinh (//) gibi han bbi dirbng y = -x 2 + 2x va true hoanh. Quay hinh (//) quanh 
true Ox ta dime khoi tron xoay co the tlch la 


. 4ft 

A. —. 


B. 


32ft 


C. 


496tt 


D. 


\6ft 


15 15 15 

Cau 23. Cho hinh phang (/7) gibi han bbi y = 2x-x 2 , y = 0. Tfnh the tich cua khoi tron xoay 

thu dime khi quay (//) xung quanh true Ox ta dime V = ft — +1 voi a,b e M va — la phan so 

\b ) b 

toi gian. Tinh a, b. 

A. a = l,& = 15. B. a = —l, 6 = 15. C. a = 24l, b = 15. D. a = 16, 6 = 15. 

Cau 24. Goi S la dien tich hinh phang gibi han bbi cac dirbng y = x 2 +5,y = 6x, x = 0,x = l. 
Tinh S. 


A. 


B. 


C*. 

3 


D. 


Cau 25. Goi S la dien tfch hinh phang gidi han bdi cac dudng 2 my = x 2 , mx-—y 2 , [in >0). 

Tim gia tri cua m de S = 3. 

3 


A. m-- 


B. m — 2. 


C. m — Z. 


D. m - 


1 


2 2 
Cau 26. Dien tfch hinh phang gibi han bbi do thi cac ham so y = x 3 +llx-6; y = 6x 2 ; x = 0;x = 2 

co ket qua la — trong do a va A la cac so nguyen duomg va — toi gian. Khi do gia tri a-b bang 
b b 

A. 3. B. -3. C. 2. D. 59. 

Cau 27. Dien tfch S cua hinh phang gibi han bbi hai dubng cong y = x 2 va y - x la 


A.i. 

6 


B.I. 

8 


C. 


1 


D. 

12 


Cau 28. Dien tich cua hinh phang gibi han bbi nira dirbng tron x 2 + y 2 = 2,y>0 va parabol 
y = x 2 bang 
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C. 


n 1 
2 + 3 ' 



Cau 29. Co mot vat the la hinh tron xoay co dang giong nhir mot 
cai ly nhu 1 hinh ve du-di dayNgirdi ta do diro-c du-dng kfnh cua 
mieng ly la Acm va chieu cao la 6cm. Biet rang thiet dien cua chiec 
ly cat bdi mat phang doi xdng la mot parabol. Tfnh the tfch V ( cm 3 ) 

cua vat the da cho. 

A. V = 12tt. B. V = 12. 


C. 





Cau 30. Cho hinh phang (if) gidi han bo-i cac du-dng y = yf\nx,y = 0,x = l va x = k (A:>l). Goi 
V k la the tich khoi tron xoay thu dnac khi quay hinh (if) quay true Ox. Biet rang V k = n, hay 
chon khang dinh dung ? 

A. 3 < A: < 4. B.l</t<2. C.2<k<3. D. 4<&<5. 


Cau 31. Biet rang hinh thang cong (if) gio-i han bdi cac du-dng y = 2-x,y = 6,x = k,x = 3 
(k < 2) va co dien tfch bang S k . Xac dinh gia trj cua k de S k = 16. 

A. k = 2--JJl. B.k = 2+yj3l. C.k = 2+Jl5. D.k = 2-Jl5. 


Cau 32. Dien tfch hinh phang gidi han bdi do thi ham so y = ax 3 (a > 0), true hoanh va hai 
dudng thing x = -\, x = k(k> 0) bang ^^.Tim k. 

A. ^ = 1. B. k = —. C. k =—. D. k = 2. 

4 2 


Cau 33. Cho (if) la hinh phang gidi han bdi cac du-dng y = -2-Jx, y = x va x = 5. The tfch V 
cua khoi tron xoay tao thanh khi quay (if) xung quanh true Ox bang bao nhieu? 


A. V ■ 


125^r 


B. V - 


25£ 
3 


C.V = 


39 n 


D. V 


157tt 


Cau 34. Tfnh dien tfch S cua hinh phang gidi han bdi hai du-dng cong y = x 

D. S 


A .S-”. 
37 


37 

B. S = — . 
12 


C. S = ~. 

4 


x va y = x—x 
19 
6 ‘ 
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Cau 35. Ki hieu (77) la hinh phang gioi han bdi do thi ham so y = tmx, hai dirong thing 

7T 

x = 0,x = — va true hoanh. Tfnh the tich vat the tron xoay khi quay (//) xung quanh true hoanh 


A.Jj3+-\. B. 73-- 


C. 73+-. 
3 


D. n 73 


Cau 36. Dien tich hinh phang trong hinh ve sau la: 
A. —. B. 2. C.l^. D. —. 


Bang Bap An 



l.C 

2.A 

3.C 

4.D 

5.D 

6.A 

7.D 

8.B 

9.A 

10.B 

ll.D 

12.D 

13.B 

14.C 

15.D 

16.D 

17.B 

18.A 

19.A 

20.B 

21.B 

22.D 

23.A 

24. B 

25.A 

26.A 

27.D 

28.C 

29.A 

30.C 

31.A 

32.D 

33.D 

34.B 

35.D 

36.D 
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So Phirc Co* Ban 

I.Cong, Tru' Nhan Chia So Phur 


Khoi dong chirorig trinh tinh so phux 

ImodeIITI 

Thanh phan ao (§NG) 

CMPLX ia Hwh 

CMPLX a Mith 

il 

Cong 2 so phux 

| Vi du: (l + 2i)+(^J-5i) 

EfflGD@0®0GD@(=) 

Tircrng tir vai phep trir 

CMPLX 0 Math A 

1 + 21 - 4-51 

- 3-31 

Nhan 2 so phux 

| Vl du: (l+2i)(-4-5i) 

mmffltasmEiQaBiiiiEiciiti] 

CMPLX 0 Math A 

( 1 + 21 )(- 4 - 51 ) 

6-131 1 

| Chia 2 so phuc 

iVidu: 1+2i 
' —4 — 5 i 

1 ®mE)C2]S®S[I]E]lI](H(=] 

j { 

CMPLX 13 Math £ 

l+2i 
—4-5i 

14 3 - ! 

41 41 1 j 


Tinh Module (ham Abs) 

Vi du: |l+2/| 

fsHiFfi fhypi rn r+i (21 [engi r^i 

CMPLX 0 Math A 

1l+2i1 

J5 

Tim so phux lien hap (Conjg) 

Vi du: z = l+2/—>z = ? 

[SHi)[I][2]|T|ffl[I](l)CI](=] 

CMPLX 0 Math A 

Conjg(l+2i) 

1-21 

Doi dang dai so sang dang lu-o-ng giac 

1 Vi du: z-1+/ 
j m (ENGI ISHiFTl l~2l [3l f=1 

CMPLX 0 Math A 

1+1 KlO 

| Doi dang liro-ng giac sang dai so 

1 Vi du: z = 2Z— 
i ‘ 3 

Cach 1: 

f . " . CMPLX . . . 0.Math A .1 

2£§ 

1+J3i 


Bikiptheluc.com Bf kip CASIO edng pha Trie Nghiem Loan Hotline: 0977.543.462 






























So Pliuc 


CASIO EXPERT : Nguyen Thl Lu-c - fb: Ad.theluc-Youtube: MrTheIuc95 


j Cach 2: 

j CD (shift) O (g) (Sft) (*kF) (▼) [3] (g) (sS) [2] (T) 

1 m 


\ Tim Argument (goc) 

| Vf du: z = \+i 

i mirimmi+iiENGimfHi 

CMPLX 0 Math A 

argCl+i) 

0.7853981634 

Vf du ap dung: 

Vf du 1: Tim z biet: (2+ i)z + 1 +3/ = 1+2z 

1 + i 

A 3 11 . D 3 11. r 3 11 . p. 3 11. 

A.- 1 B.- 1 C. — +— i D.-h —i 

10 10 10 10 10 10 10 10 

Bu’O'c 1: Vao CMPLX 
fSHiFT) ImooeI fT| 

CMPLX 0 

1 

0 

Bu’O'c 2: Nhap bieu thirc tfnh z 

(Dd)[I]ffl[Dii®[ElS]|ll(g)E)[IIE)II] 
@ ® CD S) @ (=] 

CMPLX 0 Math A 

1+i " 

2+i 

-JL-U,; 
10 10 1 

Birox 3: Chon dap an 

(Ngoai each nay cac em co the dung CACL tirng 
dap an) 


Vf du 2: Tim \z\ biet z = (2+/)(l-z)+l+3/ 

A-yfi B.2s/5 C.3 D.VlO 

Huong dan 

Cac em nhap ca bieu there vao may luon cho nhanh 


WHmfiii+iHnimrnRami+irnfflrsiBH 

CMPLX 0 Math A 

I (2+iXl-i)+l+3> 

2V5 

Liru y: Be no hien 2-Js nhir anh cac em phai chon che do nhir sau: 
Vf du khi bam %/3 (casio 570 vn plus) 

MthIO - MathO 
® (mote) (T) (T) 

CMPLX 0 Math A 

J3 

J3 


MthIO - LineO 
pir)®|(T) [2] 

CMPLX 0 Math A 


■13 


1.732050808 
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Hoc Toan minh can dang can thi de che do 1, con hoc Hoa minh can quy nhanh so 
mol o' dang thap phan thi de che do 2 nhin cho nhanh. 

Vi du 3: Cho s6 phuc z thoa man dieu kien (l+z)(z-z)+2z = 2/ tinh modul s6 phuc 


w-- 


z - 2z +1 


A.Vl3 B. yfs C.5 

Hu-dng dan 

O E) dOD (+] m CD (331±) HOi QD® □□ (+) S (+] CH (=) 

CMPLX 

Ans £ 


D. Vio 


CMPLX 

2i+i(1+i) 


l+i+2 


CMPLX 0 Math A 

Con-ig (i) -2i + i 


i2 


3.16227766 


10 


Vfdu4: Cho z = (l+i) 2 +(l+i) 3 +...+(l+i) 22 timphanthirccuaz? 

A.2 22 B.-2 11 C.-2 11 -2 D.-2 10 

Huong dan 

Cac em lap dong lenh de tlnh tong nhir sau: 

ITI (5*1 fALPHAl Q 

CMPLX 0 Math 

^+l:B=B+Cl+i) A 


Sau do bam IcalcI may hoi A? bam 1=, may hoi B? bam 0= 

Cir bam = tui A=A+1 la 22 thi bam ra B=B+... la dung, chucrng trinh nay thuc hien 
tinh Ian lirot tung so hang roi cong vcri tong cu 

CMPLX 0 Math" ADisp ’ CMPLX 0 Math A 

A=A+1 B=B+(l+i) A 


22 -2050-20481 


Ta co -2050 = -2 n -2 (anh dung may 570vn plus dirge, 570es va vinacal khong tlnh 
dirge (l + /) 5 ] 

III.Tim can cua so phuc, module 

VI du 1: V-33+56/ 

A. 4 + 7/ B.-4-7/ C. -4 + 7/; -4-7/ D. 4 + 7/; —4-7/ 

Cach 1: Cac ban thu dap an : Tinh meo 


Bikiptheluc.com Bf kip CASIO cong pM Trie Nghiem Toan Hotline: 0977.543.462 


274 



S6 Pliuc 


CASIO EXPERT : Nguyen The Lure - fb: Ad.theluc - Youtube: MrTheIuc95 


M CMPLX 0 Math A M CMPLX 0 Math A 

(4+7i) 2 f-4-71) 2 

-33+56i -33+56i 

Cach 2: Ti'nh khong dira vao dap an 
Cac ban ve COMP tfnh toan thong thiremg: 

Chung ta se chuyen tir dang dai so sang dang lirgng giac de tien hanh khai can 

® m 0 ® cs @ m ta is m id 

M 0 Math A 

Pol(-33,56) 

r=65,8=2.103300► 

Khi do cac gia tri goc va ban ki'nh nay dirge liru a X,Y 

M 0 Math AM '0 Math A 

X Y 


65 2.103300425 

Sau khi chuyen dirge sang lirgng giac roi thi cac ban nho- tai cong khai can dang 
lirgng giac la 


z = r(cos cp + isin cp) —> \fz = -Jr (cos ^ + isin ~) 

Do do minh lai chuyen tu' lugng giac sang dai so bang each bam 

fsHiTi r=i (a!mi m cr> tsHiPfi ni (aephai ts^pi ffi r2i m f=i 


M 


Math A 


RecCJX ,Y*2) 


X=4iY=7 

=> Cach nay mo’ rong ra co the lam veri can bac n bang each an Rec(VT Y-s- n) 
Cach 3: Theo SGK : 


z = 33-56/ = (a+bi) 2 -> 


[a 2 -b 1 =33 2 

\ ~* a 
[ 2ab = ~56 



M 0 Math A 

*M¥) 2 -33 


M 0 Math ▲ 

tf) Z -33Hx-7) 

Vay dap an la D. 


X= 

L-R= 

x= 

L-R= 


0 Math A 

“33 


7 

0 


-33 C > 

' -7 
0 
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Bai tap ren luyen 

Cau 1. Diem M trong hinh ve ben la diem bieu dien cua so 
phuc z. Tim phan thuc va phan ao cua so phuc z. 

A. Phan thuc la -4 va phan ao la 3. 

B. Phan thuc la 3 va phan ao la -4z. 

C. Phan thuc la 3 va phan ao la -4. 

D. Phan thuc la -4 va phan ao la 3 i . 

Cau 2. Tim so phuc lien hup cua so phuc z = i (3/+1). 

A. z =3-z. B. z=-3 + z. C. z=3 + z. 

Cau 3. Tmh modun cua so phuc z thoaman z(2-z) + 13z = 1. 

5-J34 


O 


A. |z| = V34. 


-4 

M 


D. z =—3 —/. 


B. z =34. 


C. \z\ = - 


D. \z\ 


734 


Cau 4. Cho so phuc z — 3 -2z. Tim phan ao cua so phuc lien hup cua z. 

A. 2z. B. -2z. C. 2. D.-2. 

Cau 5. Cho so phuc z x -l + 2z va z 2 = -2-2z. Tim modun cua so phuc z 1 -z 2 . 

A. |zj- z 2 | = 2V2. B. |z 1 -z 2 | = 1. C. ^-z^yfn. D. |z 1 -z 2 | = 5. 

Cau 6. Tren mat phang phuc, cho diem A bieu dien so phuc 3-2z, diem B bieu dien so phuc 
-1 + 6/. Goi M la trung diem cua AB. Khi do diem M bieu dien so phuc nao sau day? 

A. 1 - 21 B. 2 - 4z. C. 2 + 4z. D. 1 + 21 

Cau 7. Diem A trong hinh ve ben bieu dien cho so phuc z. 

Tim phan thuc va phan ao cua so phuc z. 

A. Phan thuc la -3 va phan ao la 2. 

B. Phan thuc la 3 va phan ao la -2. 

C. Phan thuc la 3 va phan ao la -21. 

D. Phan thuc la -3 va phan ao la 2z. 

Cau 8. Cho so phuc z = 1 + V3z. Khi do 


y t 


2 

A 

i 

i 

» 

i 

i 

i 

1 

l 

0 

3 * 


A. - = 

z 2 2 


B. —ci.+—/. 
z 2 2 


r 1 1 

C. — = — + — z. 
z 4 4 


D. — = 

z 4 4 


Cau 9. So phijc lien hap cua so phuc z = 2+3/ la 
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A. z = 2—3/. 


B. z = -2-3/. 


C. z = —2+3/. 


D. z = 2 + 3/. 


Cau 10. Phan ao cua so phirc z = \-i la 
A. 1. B. -1. 

Cau 11. Modun cua so phirc z = 2-Jl-i la 
A. 3. B. 9. 

Cau 12. So phirc z = (l + 2/)(2—3/) blng 
A. 8-i. B. 8. 

Cau 13. So phirc z= ~ + bang 
4+3/ 


. 11 2 . 

A.- 1. 

25 25 


D 11 2 . 

B. —H- 1. 

25 25 


C. 21 


C. 8. 


C. 8 + /. 


r 11 2 - 

C.- 1. 

5 5 


Cau 14. Phan ao va ph'an thirc cua so phirc z = (1 + /) 10 lan lirot la 
A. 0; 32. B. 0; 32/. C. 0;-32. 


D. /. 


D. 1. 


D. -4 + /. 


_ 11 2 . 

D.-1— i. 

5 5 


D. 32:0. 


Cau 15. Cho hai so phirc Zj=5-2/ va z 2 =3-4/. Tim so phuc lien ho-p cua sc 

w = Zj +z 2 + 2z, ,z 2 . 

A. w = 54 + 26/ . B. w = -54-26i. C. w = 54-26/. D. w = 54—30/. 


Cau 16. Tim so phuc lien hap cua so phcrc z = (2 + /)(-3/) 

A. z = —3 — 6/. B. z=—3 + 6/. C. z = 3 + 6/. 

Cau 17. Tlnh modun cua so phcrc z thoa man 5/ + (/-3)z = 4 . 
410 


A. z = - 


10 


B. z = 


410 
10 ‘ 


C. z = 


410 

100 ' 


D. z =3—6/. 


D. z 


410 

VTo' 


Cau 18. Neu so phuc z ^ 1 thoa |z| = 1 thi phan thirc cua -— bang 


A. —. 

2 


B. —. 

2 


C. 2. 


D. mot gia trj 


Cau 19. Cho P(z) la mot da thirc voi he so thirc. Neu so phuc z thoa man P(z) = 0 thi 


A-flHM- 


B. P\ - | = 0. 

z, 


C. P 


= 0. D. .P(z) = 0. 


) phuc 
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Cau 20. Cho z 1? z 25 z 3 la cac so phuc thoa = |z 2 | = \z 3 \ = 1. Khang dinh nao dudi day la dung? 

A. \z { +z 2 +z 3 j = |zjZ 2 + z 2 z 3 + z 3 z\. B. \z l +z 2 +z 3 \>\z l z 2 +z 2 z 3 +z 3 z l \. 

C. \z l +z 2 +z 3 \<\z l z 2 + z 2 z 3 +z 3 4 D. |z, + z 2 + z 3 1 * |z,z 2 + z 2 z 3 + z 3 z { \. 

Cau 21. Cho z 19 z 2 , z 3 la cac so phuc thoa man z l +z 2 + z 3 =0 va = |^ 2 | = |^ 3 | = 1. Khang dinh 
nao dudi day la sai ? 

A. |zf+z^+^| = |2f| + |^| + |z||. B. |zf+2^+^|<|zf| + |z^| + |^|. 

C. | z 3 +z 3 + z||>|z 3 | + |z 3 | + |z 3 3 |. D. |zf +z 3 +z||^|z 1 3 | + |z 3 | + |z 3 |. 

Cau 22. Tim modun cua so phuc z = (2-z)(3 + 2z)-2z. 

A.\z\ = yf65. B. \z\ = j66. C. |z| = 8. D. |z| = ^/67 . 


Cau 23. Cho so phuc z = a + bi(a,be R) thoa man (3 + 2l)z + (2-l)z = 2 + 21. Khi do a + b bang 

A. 2. B. 4. 


Cau 24. So phu-c z = a + bi thoa man 2z + z - 5 +1 = 0. Tlnh 3a + 2b7 
A. 3. B.-7. C. 6. 


D. -3. 


Cau 25. Cho cac so phu-c z v z 2 khac nhau thoa man: z, = z 2 . Chon phuo-ng an dung: 


A.^ = 0. 

Zi — z 0 


B. 


Zi +z 0 


la so phuc vdi phan thuc va phan ao deu khac 0. 


C. la so thuc. D. Z * + Z ^ la so thuan ao. 

Z \ ~ Z 2 Z \~ Z 2 

Cau 26. Cho so phuc z thoa man z =--—.Tim modun cua z+zz. 

1-z 

A. 8. B. 8V2. C.4-J2. D.4. 

Cau 27. Ti'nh S’ = 1009+i+21 2 +3! 3 +...+20171 2017 . 

A. S = 2017-1009i. B. 1009+20171. C. 2017 + 10091. D. 1008+10091. 

Cau 28. Cho so phu-c z = (l +!)", n e N va thoa man log 4 (n -3) + log 4 (n + 9) = 3. Tim phan thuc 
cua so phu-c z 

A. <3 = 0. B. a = 8. C.a = -8. D. a = 7. 
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Cau 29. Cho so phuc z = 2-3/. Tim modun cua so phirc w = (l + i)z-z . 

A. |w| = 3. B.|w| = 5. C.|w| = -4. D.|w| = A- 

Cau 30. Sophiiclien hop z cua so phuc z = 3(2+3/)-4(2/-l) la 

A. z =10—i. B. z =10 + /. C. z=10+3i. D. z =2-i. 


l + i 


2017 


1 — 1 


.Tinh z 5 + z 6 + z 7 + z 8 . 


Cau 31. Cho so phuc z = 

A. 4. B. 0. C. 4/. D. 2. 

Cau 32. Cho hai so phuc z { , z 2 thoa man |z,| = |z 2 | = |z,-z 2 | = l. Ti'nh gia tri cua bieu thuc 

P = [ 


f \ 

2 

f \ 




_ 1 _ 

+ 

_£_ 

K Z 2; 


K Z \ y 


A. P = l-i. 


Cau 33. Bieu thuc P - 


l + i 2 


2 + i 


B. P = -l-i. 


- co gia tri la 


. 3 1 . 

A. —i— i . 
5 5 


B. ---i. 
5 5 


Cau 34. Cho so phuc z = l + /.Khido |z 3 | bang 
A. A- B. 2V2 . 


C. P = - 1. 


5 5 


C. 4. 


D. e = l + z. 


d.2-1/. 
5 5 


D. 1. 


Cau 35. Cho so phuc z thoa man z(l + z)+~— : = \f\4 + 2/. Tim modun cua so phuc vr = z + l 


A. |w| = 3. B. \w\ = n/8-714. C. |w| = + -2^14. D. |w| = 3 A 

Cau 36. Cho hai so phuc z,, z 2 thoa |z,| = |z 2 | = l,|z, +z 2 | = A. Tinh|z,-z 2 |. 

A. 2. B. 1. C. 3. D. 4. 

Cau 37. Gia tr| cua bieu thuc z = |l + i\fh- 4 A j bang 


(2+A) 12 " 


B. 


C. 


(2-A) (2-A)' 


D. 


(2+A) 12 " 
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Phirorig Trinh So Phnc 

Vf du 1: Tim so phrre z biet z+(2+i)z = 3+5/' 

A. 2+3/ B. 2-3/ C. -2+3/ D. -2-3/ 

Cach 1: Thir dap an 


Bitot 1: Vao CMPLX (Mode 2) roi Nhap phiro'ng trinh 
ImodeI (T) 

@ d] H (T| (±) CD (T| ffl @ (T) ® [D [D H (T) 

DD B E) CID (+] CHI ii [D 

CMPLX 0 Math 

«njg(X)-C3+5i )I 

; 

Bitot 2: Bam IcalcI roi nhap tirng dap an 

A. X = 2+3/ tu'o’ngtu'vo'i B,C,D 

cupiz a cmplk a (tort a 

X? X+(2+i)Conjg(X)> j 

9 6-61 j 

i Bitot 3: Bam |CALC| tiep cho tdi khi thay ket qua bang 0 

1 X = 2-3/ 

CMPLX a Math A 

X+(2+i)Conjg(X)t> | 

0 i 


Cach 2: Tim tryc tiep ra so phirc khong thong qua dap an (Pro Skill) 


Bitot 1: Vao CMPLX (Mode 2) roi Nhap phiro'ng trinh 
ImodeI (T) 

!Hmmmf2i[+iHmH[2imiwimmR 

E CD BE) ID @ CD 

CMPLX a Math 

<njg(X)-(3+5i )l 

Bitot 2: Bam |CALC| roi nhap X = 10000 + 100/ 

O’daychinhla X = a+bi;a = 10000,6 = 100 tirdotatimra 

quy luat chung cua bieu thur 

30097+9895/= (3 a+b-3)+(a-b-5) i 

No hoan toan giong nhir cac em dat z = a+bi roi rut gon 
j giai he nhirng d day dung Casio nhanh horn nhieu bang 
| viec the hien quy luat du'cci con so va nhin ra bieu thur 
j vao giai he bac nhat la xong 

CMPLX a Math A 

X+C2+i)Conjg(X)i> [ 

30097+98951 

Butt 3: Giai he bac nhat : \^ a+b 3 -> a = 2.,b = -3 
’ • \a-b=5 

Liru y: cac em phai lay so dau gan nhat tdc la: 

2198 = 2a+26-2; 2795 =3a-2b-5 

a Math ! 

r J b C , 

If 3 1 31 

sL i -i momC-l 

5 


8S| 
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Vi du 2: Cho 2z+3(l-z)z = 1-9 i . Tim modun cua z. 

A.Vb B. -J5 C.5 D. V10 

Huong dan: 0 vf du nay cac em bat buoc phai dung phuong an giai true tiep 


Bu'6'c 1: Vao CMPLX (Mode 2) roi Nhap phiro'ng trinh 
ImodeI (H 

C 2 ] ^lpha) (T) |+] dD CD Oil El S Q] dHis) CH CHI (aS DU 
UIBElBHtElB] 

CMPLX 0 Math 

Onjg(X)-(l-9i) 

Bu'6'C 2: Bam |CALC| roi nhap J6 = 10000+100/ 

49699-30091/ =(5a-3a-l)-(3a+b-9)i 

CMPLX 0 Math A 

2X+3Cl-i)ComgO> 

49699-300911 1 

! Bu’6’c3: Giai he bac nhat: f 3<3_ Aa = 2,3 = 3^-|z| = 7i3 
‘ ’ [3/./-W> = 9 11 

ImodeI fsl IT] 

0 Math 

<1^ -3 ‘ ,1 j 

aL a i gJ 

5 


Vi du 3: Tfnh module cua z 9 biet: — A 2 = TjA 

z + 2i 2 

A. 72 B.272 C. 4^2 D. 16^2 

Cac ban quy dong Ien va nhap vao may tfnh: 2(z-l)(2-i) = (3+/)(z+2z) 

CALC z = 10000 + 100/ 

CMPLX 0 Math CMPLX 0 Math A CMPLX 

<3+i)(ConjgO®+* X? 2(X-l)(2-i)-(3+i> 

10000 

+1001 10098-293041 

Tasuyraduoche : 2 , °^<»a = 6 = l->-z = l+7'->|z| = 72->|z 9 | = l672 


0 Math A 


[3a-lb + 4 = 0 

Vi du 3: Cho so phuc z thoa man dieu kien (iz - z)(l + /j -5z = 8; - 1 tim |z| 


A.-Jl3 

Huong dan 

CMPLX 0 Math ▲ 

C3X-Conjg(X))CH> 


B. V? 


C.5 


D. VCO 




x= 


-30399+198921 

0 MathT 


Y= 


0 Math 

b C 

m n 

-I bJ 


0 Math ▲ 


-2 
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Vi du 5. Cho so phuc z thoa man 5 ( z+ ^ =2-i . Tmh modul so phuc w = 1 

Z +1 


— 1 + z + z 


A,-Ju 

Huong dan 

Quy dong Ien roi moi Calc nhe em 

CMPLX 0 Math A 

5CCon..igCX)+i)-0> 


B. Js 


D. VlO 




29398+9306i 


0 MathY 


0 Math JL 


CMPLX 0 Math ▲ 


l+(l+i)+(l+i) z 


1 1 2+3i 

Vi du 6: Cho so phuc z = 1+V3z viet dang lupng giac cua so phuc va tim phan thuc va phan 
ao cua so phuc w= (1+i) z 5 


Vf du 5[Chuyen KHTN lan 1]: Goi z, va z 2 la hai nghiem phuc cua phuong trinh 

z 2 + 2z +2 = 0. 

Ti'nh gia tri cua bidu thiic P = z 2016 +z 2016 

A. p = 2 lom B. P = 0 C.P = 2 2017 D. p = 2' m 

Huong dan 

Vao giai phuong trinh bac 2 de tim nghiem phuc 

KDllltDiBiiii 


C. P = 2 2 ' 


D. P = 2“ 


0 MathT 


0 MithTi 


-1+i -1-i 

De dang ta thay may chang the nao tinh dupe so mu to nhu the P = zf u +zf 16 
nen phai dung meo: tuc la no dung vdi so to nhu the thi se dung vdi mot so nho hon vi du la 
16 

Vao lai he CMPLX: 


m a m Ei m m m tn © <& si m s m a s m m m © m 

CMPLX 0 Math A 

(-l+i) ls +C-l-i)t> 


Ta dupe: P(l6) = z\ 6 +z\ 6 =2 9 -+P( 2016) = 2“ 
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Bai Tap Ren Luyen 

Caul. Tim so phuc z thoaman z=- (l—2/^ -z 


A. -2z. 
4 


B. -~+2i. 
4 


C. 2+ -/. 


D. 2--/. 
4 


Cau 2. Nghiem phuc cua phuomg trinh - +j. = ~ - +3/ ‘ la 

z z |z| 


A. — +3/. 
3 


B. --3i. 
3 


C. 1-2/. 
3 


D. — + 2/. 
3 


Cau 3. Ki hieu z 0 la nghiem phuc co phan ao duomg cua phuomg trinh 4z 2 -16z+17 = 0 . Tren 
mat phang toa do, diem nao dubi day la diem bieu dien cua so phuc w = iz 0 ? 


B. MA ~—:2 I. 


C. M, . 


D. MA T;11. 


A.M,|-;2 


Cau 4. Cho so phuc z = a+bi (a,b& K) thoaman (l+/)z+2z=3+2z. Tfnh P = a+b. 


A. P = -. 
2 


B. P= 1. 


C. P = -l. 


D. P = 


Vio 


Cau 5. Xet so phuc z thoa man (l+2/)|z| = -- 2+i. Menh de nao duo-i day dung ? 


A. — < |z| < 2. 


B. z > 2. 


C. z <-. 
1 1 2 


D. — < |z| < —■. 
2 1 1 2 


Cau 6. Goi z 1# z 2 la hai nghiem phuc cua phuomg trinh 2z 2 -3z + 7 = 0. Tmh gia tri cua bieu thuc 


A. -2. 


B. 2. 


C. 5. 


D. -5. 


Cau 7. Tren tap so phuc, tim nghiem cua phuomg trinh zz+2-z = 0. 

A. z = 1 -2/. B. z = 2+z. C. z = l+2z. D. z = 4-3z. 

Cau 8. Cho so phuc z = a+biv&i a , b la hai so thuc khac 0. Mot phuomg trinh bac hai vdi he so 
thuc nhan z lam nghiem vdi moi a , b la: 

A. z 2 =a 2 —b 2 +2abi. B. z 2 —a 2 +b 2 . C. z 2 — 2az+a 2 +b 2 =0. D. z 2 +2az + a 2 — b 2 =0. 


Cau 9. Cho z la so phuc thoa man z+- = 1 . Tmh gia tri cua z 2017 +—J- 


A. -2. 


B. -1. 


C. 1. 


D. 2. 
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Cau 10. Goi z v z 2 la cac nghiem cua phuemg trinh z 2 +4z+5 = 0. Bat w = (l+z l ) m +(l+z 2 ) m . Khi 
do 

A. w = 2 50 l B.w = —2 51 . C. w = 2 51 . D. w = -2 50 i. 

Cau 11. Cho so phuc z thoa man 2z = z(z+3). Modun cua z la 

A. \z\ = A B. |z| = 5. CH4 D. W = f. 

Cau 12. Goi z 1? z 2 lahai nghiem cua phuerngtrinh V3z 2 -z+6 = 0. Tinh A = z\+z\ 

A. -5,8075. B. -^ 54 . C.^1. D. ^1. 

9 -9 9 

Cau 13. Cho so phuc z = a+bi veri a,beR thoa man (l+3/)z+(2 + /)z =-2+4/. Tinh P = ab: 

A. P = 8. B. P = -4. C. P = -8. D. P = 4. 


Cau 14. Cho so phu*c z thoa man dieu kien 2z+z = 3+z . Tinh Xf = |zz+2z+l| 

A. A. B. n/2. C. 1 D. 3. 

Cau 15. Cho so phuc z = a+bi(a, , 6el) thoa man (2-z)z-3z = -l+3z . Tinh gia tri bieu thuc 
P = a-b. 

A. P = 5. B. P = -2. C. P = 3. D. P = l. 


Cau 16. Cho a, Z>, c la cac so thuc va z = 
A. tf + 6 + C. 

C. a 2 +Z) 2 +c 2 +tfZ>+Z>c + c<x 



Gia tri cua (< 2 +Z>z+cz 2 )(a+Z>z 2 +cz) bang 
B. a 2 +b 2 +c 2 -ab-bc—ca. 

D. 0. 


Cau 17. Tim so phuc z, biet z thoa man : (z+3-z) 2 -6(z+3-z) + 13 = 0 

A. z-2i, z = -2z. B. z-i, z = —3i. C. z-—i, z-3i. D. z = 3+2/, z = 3-2z. 

Cau 18. Cho so phuc z thoa man dieu kien (l+z)(z-z)+2z = 2z. Modun cua so phuc 

z-2z + l 
w = --— la 

z 

A. VIo. B. ->/8. C. a/8. D. -VTO. 

Cau 19. Co bao nhieu so phuc z thoa man z 2 =|z| 2 + z. 

A. 3. B. 2. C. 1. D. 4. 


Bikiptheiuc.com 


Bi kfp CASIO cong pha Trac Nghiem Toan 


Hotline: 0977.543.462 


Phuong Trinh So Phuc 


CASIO EXPERT : Nguyen The Luc - fb: Ad.theluc — Youtube :MrTheLuc95 


Cau 20. Cho so phuc z thoa man-+ z=2 Phan thuc cua so phuc w = z 2 -z la 

1 - 2 / 

A. 3. B. -5. C. 1. D. 2. 

Cau 21. K1 hieu z, la nghiem phuc co ph'an ao am cua phuong trinh 6z 2 -12z+7 = 0 .Tren mat 

phang toa do, diem bieu dien cua so phuc w = zz, —^ co toa do la. 

V6 

A- (0;-l). B.(l;l). C.(0;1). D. (1;0). 

Cau 22. Cho so phuc z thoa man (l-3z)z+(l+z) 2 z = 5-z. Tinh modun cua z. 


A. 


•J20 




C.|z| = - 


D.l 


-Jl9 


3 1 1 ' 1-1 \J3’ 1 1 3 

(5 + j3i) 

Cau 23. Cho so phuc z co ph'an thirc ductng va thoa z-- ---1 = 0. Khi do 

D. |z| = V7. 


A. z =2. 


B. z = 3. 


Z 

C. Izl = 4. 


1 12 

Cau24. Cho hai so phuc z 1( z 2 thoa man z,,z 2 *0; z l +z 1 * 0 va-= —+—.Tfnh 

Zl + Z 2 Z \ Z 2 


A. 




B. 




C. 2^3. 


D. * 

>/3 


Cau25.Goi z,,z 2 la 2 nghiem cua phuongtrinh z 2 +z+l = 0.Tlnh giatri P = z I 2017 +z 2 2017 . 

A. P = 1. B.P = -1. C. P = 0. D. P = 2. 

Cau 26. Goi z,,z 2 la hai nghiem cua phuong trinh 2z 2 -3z+2 = 0 tren tap so phuc. Tfnh gia tri 
bieu thuc P = ^/z^+z^+z 2 . 


A. P 


B. P = 4-- C.P = ^. D. P = —. 
2 V2 4 4 


Cau 27. Cho so phuc z = l+z + z 2 +z 3 +...+z 9 . Khi do 

A. z = i. B. z = \-i. C. z = l+i. 


D. z = 1. 


Cau 28. Cho hai so phuc z A , z 2 thoa man |^| = |^ 2 | = 1. Khi do \z x +z 2 f + \z Y -z 2 f bang 
A. 2. B. 4. C. 1. D. 0. 

Cau 29. Cho hai so phuc z 1 =2-3i, z 2 =l+2i. Tmh modun cua so phuc z = (z L +2)z 2 . 

A. Izl = 15 . B. |z|=5>/5. C. |z| = V65. D. |z| = Vl37. 
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Cau 30. Chohai sophuc z 1? z 2 thoa man |zj| = |z 2 | = l, \z x +z 2 \ = V3. Tmh \z x -z 2 \. 

A. 1. B. 2. C. 3. D. 4. 


Cau 31. Cho sophuc z thoa man (z)[(3+4z)|z|-4+3z]-5\/2 =0. Giatricua |z| la 
A. 2. B. V2. C. 2^2. D. 1. 

Cau 32. Cho so phuc z = a+bi (a ? Z>eM) thoa man z(2z-3)-8z.z = — 16-15/. Tmh S — a+3b 
A. S = 4. B.S = 3. C. S = 6 . D. S = 5. 


Cau 33. Tim tat ca cac gia tri thuc cua a sao cho phuong trinh z 2 -az+2a-a 2 = 0 co hai nghiem 
phuc co mo-dun bang 1 . 

A. a = 1. B. a = l;a = -l. C. a = ^~ ^ . D. a = -L 

2 

Cau 34. Cho so phu*c z = a+bi , (a,kl) thoa man 3z-(4+5/)z = 17+ll/. Tmh ab . 

A. ab-3. B. ab = -6. C. ab = —3. D. ab-6. 

Cau 35. Cho so phii'c w va hai so thuc a, b. Biet z x =w+2i va z 2 = 2w-3 la hai nghiem phuc 
cua phuong trinh z 2 +az + b = 0. Tmh J = |z 1 | + |z 2 |. 

A. T = 2-Jl3. B. 7 ' = h/21, cr-^. D. T = 4^Ji3. 

3 3 


l.A 

2.A 

3.B 

4.C 

5.D 

6 .A 

7.C 

8 .C 

9.C 

10.B 

ll.A 

12.D 

13.A 

14.D 

15.C 

16.B 

17.C 

18.A 

19.A 

20.C 

21.C 

22 .D 

23.D 

24.A 

25.B 

26.A 

27.C 

28.B 

29.B 

30. A 

31.D 

32.D 

33.A 

34.D 

35.B 
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Hinh Hoc So Phiic 

Vi du 1: Cho so phiic z thoa man \z - 2 - 3/| = 1. Gia tri ldn nhat cua |z +1 + zj la: 

A. ^/jL3+2 B. 4 C. 6 D.-Jn+l 

Htrdng dan 

O day cac em sii dung ly thuyet sau: 

|z -z o \ = R thi tap hop cac diem bieu dien z la dudng tron co tarn z o = a o +bi — I( a o ;b o ) va 
flzl = R+|zl 

ban kinh la R, khi do < max . . chung ta se ling dung giai nhanh nhu sau : 

z . = \R- zl 

U Imm I I °l| 

|z + l + zj = (a+l) 2 +(b-l) 2 =|z + l-z|“ 

Dat: w = z+l-i bai toan trd thanh : |n;-3-2z| = 1.Hoi |^ ? | max = ? ap dung luon cong thiic ta 
duoc : \w\ =l+73 2 +2 2 =1+Vl3 

I Imax 

Vf du 2: Tim tap hop z thoa man dang thiic |z + 2+z| = |z-3zj 

A. y = x-l B. y = x+ 1 C. y = -x +1 D. y = -x- 1 

Hu'O'ng dSn: 

z = x+yi, ( x,yeR ) ta se tim moi quan he x,y . Xet dap an A :y = jc— .1 —> chonz = 100+99z 

fSHIFTl fhyp| fALPHAl f>~| [+1 f+1 fENGl R fsHIFTl [h^l fsHIFTl fH f2l lAEPHAj fT~l m C^l f3l [ENG! 

CMPLX a Math 

+ lConjgOO-3ill 

fCALCl m (~0l fol FR fol |~9l fENGl 

CMPLX a Math A 

lX+2+il-lComgO 
0 

Vay dap an A dung 
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Vi du 3. Tap hap cac diem trong mat phang toa do bieu dien so phuc z thoa man dieu kien: 
2\z-i\ = \z-z+2i\ lahinhgi? 

A. Mot dirang thang. B. Mot dirang Parabol. 

C. Mot dirang Elip. D. Mot dirang tron. 

Huang dSn 

Cac em nhap bieu thirc vao may 4|z-z| 2 -|z-z +2z| 2 (hieubinh phirang 2 ve) CALC 100+0.01/ = 

CMPLX 0 Math A 

4lX-i I 2 -1 X-Con.jP 

39999.84 

Thirc chat a day giong nhir tir luan goi z = x+yi thi chung ta dung casio tmh toan nhanh vdi 
z = 100 + 0.01z ta dirge ket qua la 39999.84 = (4.100 2 -l)+(l-0.16) = 4x 2 +16y vay phirang trinh 

-x 2 

cantimla 4x 2 +16y = 0<^>y = —— la mot parabol 

Vf du 4. Xet so phire z thoa man (1 + 2i)\z\ = - 2 + z'.Menh de nao sau day dung? 

z 

A -|<N<2. B. \z\>2. C. |z|<3 D. 3<| z |<|. 

Hirdng dan: Ngoai each anh hircmg dan d video ra cac em co the lam nhir sau : 

(1 + 2 z) |z|j = -^2 — 2 + /.<=> (jz| + 2 ) + (2|z| — l)z = 2^2 

2 2 10 

Lay Module 2 ve ta dirge: (|z| + 2)” + (2|z| -l)” = —^ 


Ra he COMP dung Solve 

E3 M ath 

LA + ^“ + ^A-.U - -l> 

X= 1 

L-R= 0 

Cac em xem them each dung Newton - Raphson giai moi loai phircrng trinh so phiic 1 
an se giai rat nhanh bai nay 


Bikiptheluc.com Bi kip CASIO cong pha Trac Nghiem Toan 


Hotline: 0977.543.462 






Hinh Hoc So Phuc 


CASIO EXPERT : Nguyen The Lye - fb: Ad.theluc-Youtube :MrTheLuc95 


Bai Tap Ren Luyen 

Cau 1. Tap hap cac diem trong mat phang toa do bieu dien so phuc z thoa man dieu kien: 
2\z-i\ = \z-z +2z| la hinh gi? 

A. Mot duang thang. B. Mot duang Parabol. 


C. Mot duang Elip. 


D. Mot duang tron. 


Cau 2. Trong so cac so phuc z thoa man dieu kien |z-4+3/j =3, goi z 0 la so phuc co mo dun ldn 
nhat. Khi do IzJ la: 


Cau 3. Goi M la diem bieu dien cua so phuc z thoa man 3|z+/| = |2z-z+3/|. Tap hap tat ca 
nhung diem M nhu vay la 

A. mot parabol. B. mot duang thang. C. mot duang tron. D. mot elip. 

Cau 4. Cho so phuc z thoa man \z\ = — va diem A trong hinh ve ben 

"2 q. -y 

la diem bieu dien cua z . Biet rang trong hinh ve ben, diem bieu dien \ 

cua so phuc w = — la mot trong bon diem M , N , P , Q. Khi do diem \ 

iz 

bieu di§n cua so phuc w la —j 1 ^ 

A. diem Q . B. diem M. jy J 

C. diem N . D. diem P . / 


Cau 5. Trong cac so phuc z thoa man |z-2+3i| = So phuc co modun nho nhat la 


. 26-3n/13 -78+9n/13 . 

A. z =--— +- - — 1 . 

13 26 


B. z = 


26-3 -Jl3 -78+9^3. 


_ 26-3>/l3 -39 + 9V13. 

L. z =-+-/. 


„ -26 + 37l3 -18+9-JU . 

u. z —-1-/. 

13 26 


Cau 6. Tap hap tat ca cac diem bieu dien so phuc z tren mat phang toa do thoa man |z-/| = 1 la 
mot duang tron. Goi I la tarn cua duang tron nay, toa do I la: 

A. 7(0;-l). B. /(0;l). 
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C. /(1;0). D. /(-1;0). 

Cau 7. Cho |z| = 2VlO- So phirc z dirge bieu dien ben 

diem nao trong hinh ben: 

A. P. B. M. 

C.N. D.Q. 

Cau 8. Trong mat phang phirc tap hgp diem M(z ) thoa man z 0 z+z 0 z+l = 0 vdi z 0 =l-i la 
dircmg thang co phirang trinh 

A. -2x+2y-l=0 . B. -2jt-2y-l = 0. 

C.2x+2y-l=0. D.2x-2y-l = 0. 

Cau 9. Phan gach cheo trong hinh ben la tap hgp cac diem bieu 
dien so phirc z thoa man dieu kien nao? 

A.l<|z|<3. B.|z|<3. 

C.1<|z|<73. D. |z|>1. 

Cau 10. Cho so phuc z thoa man |z-3|+|z+3| = 8. Goi M, m lan 
lugt gia tri lan nhat va nho nhat |z|. Khi do M+m bang 
A. 4 —V7. B. 4 + V7. C. 7. 

Cau 11. Trong cac so phu'c thoa man dieu kien |z+3/| = |z+2-z]. Tim so phuc co modun nho 
nhat? 

A. z = l— 2i. B. z — — —■ +—/. C. z = — /. D. z = —1 + 2/. 

5 5 5 5 

Cau 12. Cho so phuc z thoa man dieu kien |z-3+4/|<2. Trong mat phang Oxy tap hgp diem 
bieu dien so phuc w = 2z+\-i la hinh tron co dien tich: 

A. S = 9tt. B.S = 12tt. C.S = 16tt. D. S = 25tt. 

Cau 13. Cho cac so phuc z thoa man |z-/j = 5. Biet rang tap hgp diem bieu dien so phuc 

w = iz+\-i la dudng tron. Tmh ban kfnh cua dudng tron do. 

A. = 22. B. r = 4. C. r = 20. D. r = 5. 

Cau 14. Tim tap hgp cac diem M bieu dien hinh hoc so phuc z trong mat phang phuc, biet so 
phuc z thoa man dieu kien: |z+4|+|z-4| = 10. 

A. Tap hgp cac diem can tim la dudng tron co tarn 6>(0;0) va co ban kinh R = 4. 



D. 4 + 75. 


N. 

4 

..]M 



: 6 



3 :i ’ ]' 

P ; 


.5 Q 
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2 2 

B. Tap hap cac diem can tim la dudng elip co phuang trinh —+— = 1. 


9 25 


C. Tap hap cac diem can tim la nhung diem M(x;+) trong mat phang Oxy thoa man 
phuang trinh ^(x+4) 2 +y 2 + ^(x-4) 2 +j; 2 =12. 


x 2 / 


D. Tap hap cac diem can tim la dudng elip co phuang trinh —+= 1. 

Cau 15. Tim tap hap nhung diem M bieu dien so phuc z trong mat phang phuc, biet so phuc 
z thoa man dieukien |z-2/| = |z+l|. 

A. Tap hap nhung diem M la dudng thang co phuang trinh 4x+2++3 = 0. 

B. Tap hap nhung diem Mia dudng thang co phuang trinh 4x-2++3 = 0. 

C. Tap hap nhung diem Mia dudng thang co phuang trinh 2x+4+-3 = 0. 

D. Tap hap nhung diem M la dudng thang co phuang trinh 2x+4y;+3 = 0. 

Cau 16. Trong mat phang phuc, goi A,B,C Ian lugt la cac diem bieu dien cua cac so phuc 
z 1 = -l+3/ ? z 2 = 1+5/,z 3 =4+/. Tu* giac ABCD la mot hinh binh hanh thi D la diem bieu dien so 
phuc nao? 

A. 2+/. B. 5+6/. C. 2 —/. D. 3 + 4/. 

Cau 17. Tap hap diem bieu dien so phuc |z-2/| = 3 la dudng tron tarn I . Tat ca gia tri m thoa 
khoangcachtu /den dudngthang d\3x+4y-m = 0 bang i la 


A. m = = 


B. m = 8: m = 9 .. 


C. m = —l\m = 9.. D. m = l;m = 9.. 


Cau 18. Trong cac so phuc thoa man |z| = |z -3+4/1, so phuc nao co mo dun nho nhat 


A. z — - 


-4/. 


B, z = —+ 2/. 
2 


C. z = 3+4/. 


D. z = — 2/. 
2 


Cau 19. Cho cac so phuc z thoa man |z-l| = 2. Biet rang tap hap cac diem bieu dien cac so phuc 
w = (l+ /V3) z+2 la mot dudng tron. Tinh ban kinh r cua dudng tron do. 

A. r = \6. B. r = 4. C. r = 25. D. r = 9. 

Cau 20. Trong cac so phuc zthoa |z+3+4/| = 2,goi z 0 la so phuc co mo dun nho nhat. Khi do: 
A. Khong ton tai so phuc z 0 . B. \z Q \ = 2 . 
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C-Ki = 7. D.|z„| = 3. 

Cau 21. Cho thoa man zeC thoa man (2+/)|z| = ^2+l-2/. Biet tap hgp cac diem bieu dien cho 

so phuc w = (3— 4/)z— 1+2/ la dircrng tron /, ban klnh i?.Khi do 

A. l(-l;-2),R = yf5. B. 7(l;2),i? = A C./(-1;2),# = 5. D. /(l;-2),7? = 5. 


Cau 22. Cho cac so phuc z,w thoa man |z+2-2/| = |z-4/|,w=/z+l. Gia tri nho nhatcua |w| la 


V2 


B. 2 y/2. 


C. 2 . 


D. 


3^2 


Cau 23. V6i cac so phuc zthoa man |z-2+/|=4, tap hgp cac diem bieu dien cac so phuc zla 
mot dudng tron. Tim ban kinh R dudng tron do. 

A. R = 8. B.R = 16. C.R = 2. D.7? = 4. 

Cau 24. Vdi hai so phuc z, va z 2 thoa man z, +z 2 =8+6/ va |z, -z 2 | = 2. Tim gia tri ldn nhat cua 
P = |zi|+|z 2 | 

A.P = 5+3\[5 . B.P = 2sl26. C.P = 4s[6. B.P = 34+3^2. 

Cau 25. Goi A, B la hai diem trong mat phang phuc theo thu tu* bieu dien cac so phuc z lf z 2 
khac 0 thoa man dang thuc zf +z* -z x z 2 = 0 , khi do tarn giac OAB (O la goc toa do) 

A. la tarn giac deu. B. la tarn giac vuong. 

C. la tarn giac can, khong deu. D. la tarn giac tu. 


Cau 26. Trong cac so phuc z thoa man dieu kien |z-2+3/| = — , tim so phuc co modun nho nhat. 


. 26-3^13 78—9n/L3 . 

A. z — - h - z. 


13 


26 


D 25-3^13 78-9V13. 

B. z — --— +- - —z. 


13 


26 


„ 26 + 3 -Jl3 78-9-J13 . 

L. z =-1-z. 


13 


26 


^ 26-3V13 78-9^. 

D. Z —-7. 


13 


26 


Cau 27. Cho so phuc zthoa: 2|z-2+3/j = |2z-l-2z|. Tap hup diem bieu dien cho so phuc z la 

A. Mot dudng thang co phuong trinh: 20x-16j7-47 = 0. 

B. Mot dudng thang co phuorig trinh: 20x+16>>+47 = 0. 

C. Mot dudng co phuong trinh: 3 y 2 + 20x + 2 y -20 = 0. 

D. Mot dudng thang co phuong trinh: -20x+32j>+47 = 0. 
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Cau 28. Cho A,B,C Ian luut la diem bieu dien cua cac so phuc-4,4z' ? z?z+3z. Vui gia tri thuc nao 
cua m thi A,B,C thing hang? 

A. m = 1. B. m = -l. C. m = 2. D. m = —2. 


Cau 29. Goi M,N lan liro't la cac diem bieu dien cua cac so phuc 1+z, 2+3z. So phuc z bieu 
dien bui diem Q sao cho MN+3MQ = 0 la 


_ 2 _ 1 _. 
Z ~ 3 l ' 


B. z — 


2 1 . 

—1—z 
3 3 


r 2 1. 

C. z —-4— z. 

3 3 


D. z — ■ 


1 . 
— z. 

O 

3 


Cau 30. Cho so phuc z thoa man |zz-2z| = |l-2zj. Biet rang trong mat phang toa do Oxy, tap hup 
cac diem bieu dien so phuc z la mot duung tron. Hay xac dinh toa do tarn / cua duung tron do. 
A. 7(0;2). B. 7(0;-2). C. /(-2;0). D. /(2;0). 


Cau 31. Cho so phuc z = /w+(/w-3)/, me R. Tim z?z de diem bieu dien cua so phuc znam tren 

duung phan giac cua goc phan tu thu hai va thu tu. 

A. m — — B. m = — C. m = — D. m = 0 

2 2 3 

Cau 32. Cho so phuc z co so phuc lien hup la z . Goi M va M' tuung ung ; lan luut la diem bieu 
dien hinh hoc cua z va z . Hay chon menh de dung. 

A. M va M' doi xung qua true thuc. B. M va M' trung nhau. 

C. M va M’ doi xung qua goc toa do. D. M va M’ doi xung qua true ao. 

Cau 33. Cho so phuc z thoa man dieu kien |z-2-4zj=|z-2zj. Tim so phuc z co modun nho 
nhat. 

A. z = —1 + z. B. z — —2 + 2z*. C. z = 2+2z. D. z = 3+2z. 

Cau 34. Trong mat phang toa do Oxy, tap hup diem bieu dien cac so phuc z thoa man 
|z-zj = |(l+z)z| la duung tron co phuung trinh. 

A. x 2 + [y +1)" = 2. B. [x — l) 2 + y 2 = 2 . 


C. x 2 +(y-lf=2. 


D. (x + l) 2 +y 2 = 2. 


Cau 35. Goi M la diem bieu dien so phuc z = 3-4z va diem M’ la diem bieu dien so phuc 
. 1+z 


z =-^-z. Tinh dien tich tarn giac OMM ' [O la goc toa do]. 


15 


B. 


25 


25 


D. —. 
4 
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Cau 36. Cho so phnc z thay doi thoa man |z-3+4/'| = 4. Tim gia tri Ion nhat P niax cua bieu thuc 


P = \z\. 


A. P. .= 9. 


B. P= 5. 


C. />_ = 12. 


D. P =3. 

max 


Cau 37. Tap hap diem bieu dien cac so phuc z thoa man dieu kien |z-(l+/)| = |z+2/| la dudng 
nao sau day: 

A. Budng thang. B. Budng tron. C. Elip. D. Parabol. 

Cau 38. Xet so phuc z va so phuc lien hap cua no co diem bieu dien la M, M' . So phuc 
z(4+3z) va so phuc lien hap cua no co diem bieu dien Ian lugt la N , N' . Biet rang AdMN'N la 

mot hinh chu nhat. Tim gia tri nho nhat cua |z+4z-5|. 

A. -jL. B. A. C.1 D. -j= ■ 

V34 V5 72 Vl3 

Cau 39. Cho so phuc z = m-2+(m 2 -l)/ vdi zweR. Goi (C) la tap hap cac diem bieu dien so 
phuc z trong mat phang toa do. Tmh dien ti'ch hinh phang gidi han bdi (C) va Ox . 


Cau 40. Cho so phuc z thoa man /z+2-z = 0. Khoang each tu diem bieu di§n cua ztren mat 
phang toa do Oxy den diem M(3;-4) la 

A. 2^5 B. Vl3 C. 2^10 D. 2^2 

Cau41. Chosophuc z thoa man |z-l| = |z-/|.Timm6 dun nho nhat cua so phu-c w = 2z+2-i. 

A.-A. B. 3^2. C. —. D. 

2V2 2 2 

Cau 42. Cho so phuc z thoa man |z 2 -2z+5| = |(z-l+2/)(z+3z-l)|. 

Tinh min|w|,vdi w = z— 2+2/. 


A. min \w\- — . 

2 


B. min | w |= 2. C. min \w\=l. 


D. min — . 

2 


Cau 43. Cho so phuc z thoa man |z| = 1 . Tim gia tri ldn nhat cua bieu thuc r=|z + l| + 2|z-l| 

A. max T = 2\fE. B. maxT = 2VTo . C. maxT = 3VJ. D. maxr = 3%/2. 

Cau 44. Cho so phuc z = a+bi(a,beM) thoa man dieu kien |z 2 +4| = 2|z|. Bat P = $(b 2 -a 2> )-l2. 
Menh de nao dudi day dung ? 
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A. P = {\z\-2)\ B. P = (\z\ 2 -4) 2 . C. P = {\z\-4)\ D. P = (\z?-if. 


2 1 

Cau 45. Cho cac so phiic z x A 0, z 2 A 0 thoa man dieu kien — +— 


thiic P = 

iL 

+ 



“2 




A A. B. a/2. c. P = 2. 

A 


-. Tfnh gia tri cua bieu 

Zl +z 2 



Cau 46. Trong mat phlng phu-c, tap ho-p diem bieu dien cac so phu-c z thoa man |z-3+5/| = 4 la 
mot duung tron. Tinh chu vi C cua duung tron do. 

A. C = 4k. B. C = 2n. C. C = 8;r. D. C = 16^. 


Cau 47. Cho hai so thuc h va c(c >0). Ki hieu A, B la hai diem bieu dien hai nghiem phuc cua 

phuung trinh z 2 +2bz+c = 0 trong mat phang phuc. Tim dieu kien cua b va c de tam giac OAB 
la tam giac vuong (O la goc toa do). 

A. b 2 =2c. B.c = 2b 2 . C.b = c. D.b 2 =c. 

Cau 48. Tap ho-p cac diem M bieu dien so phuc z thoa man |z-2+5?'| = 4 la: 

A. Duung tron tam /(2;-5) va ban klnh bang 2. B. Duung tron tam /(-2;5) va ban kinh bang 4. 

C. Duung tron tam /(2;-5) va ban klnh bang 4. D. Duung tron tam O va ban kinh bang 2. 

Cau 49. Cho so phuc z thoa |z-3+47'| = 2 va w=2z+\-i. Khi do |w| co gia tri lun nhatla: 

A. 16 + a/74 . B. 2 + %/l30. C. 4+-J74. D. 4 + -^30. 

Bang Dap An 


l.B 

2.D 

3.A 

4.D 

5.A 

6.B 

7.D 

8.B 

9.A 

10. B 

11.C 

12.C 

13.D 

14.D 

15.C 

16.C 

17.D 

18.B 

19.B 

20.D 

21.C 

22.A 

23.D 

24.B 

25.A 

26.D 

27.A 

28.B 

29.B 

30.D 

31.A 

32.A 

33.C 

34.A 

35.B 

36.A 

37.A 

38.C 

39.B 

40.C 

41.C 

42.C 

43.A 

44.D 

45.D 

46.C 

47. B 

48.C 

49.D 
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Chuyen de Oxyz 

I.Kien thur can nho* 

1.1. Mot so phep toan vecto” 


1. AB = (x B -x A ,y B -y A ,z B -z A ) 

2. AB = \AB\ = yjixg -x.,) 2 + (y s -j 4 ) 2 + (z 8 -z A ) 2 

3. a±b = (a l ±b x ,a 2 ±b 2 ,a 3 ±b 3 ) a = (a ] ,a 2 ,a 3 ),b = (b l ,b 2 ,b 3 ) 

4. k.a = (ka l ,ka 2 ,ka 3 ) 

5. |a| — | + o 2 + ci 3 


6 . 


a = b <=> 


a i= b i 

a 2 =b 2 
a 3 = b 3 


7. a b = a x i>, + a 2 ,b 2 + a 3 b 3 

8. a = = ^ = ^ 

b x b 2 b 3 

9. a JL b ab = 0 <=> a v b x + a 2 b 2 + a 3 .b 3 = 0 


10. [a,Z>] = 

11. M la trung diem AB 


f 





\ 


a 2 a 3 


a 3 c h 


a x a 2 

V 

b 2 b 3 

? 

b 3 b x 

5 

b\ t>2 j 


M 


x a +x b y A +y B *<+*0 

2 ’ 2 ’ 2 J 


12. G la trong tam tam giac ABC 

( X^+Xg+Xc lA±yB±yc Z _A±1 b±^C 1 

l 3 ’ 3 ’ 3 ’J 

1.2. PhiroTig trinh mat phang 

*] Phirong trinh mp(a) qua M(x 0 ; y 0 ; z 0 ) co vtpt a = (A;B;C] 

A(x-Xo) + B(y-y 0 ) + C(z-z 0 ) = 0 
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(a) : Ax + By + Cz + D = 0 thi ta co vtpt a = (A; B; C) 

*] Phircmg trinh mat phang theo doan chan di qua A(a,0,0) B(0,b,0) ; C(0,0,c) la 

x y z 
-+—+-=1 
a b c 

Chuy : Muon viet phirang trinh mat phang ta can xac dinh toa do diem di qua va 1 

vector phap tuyen. 

*] Vi tri tirong doi cua hai mp (ai) va ( 0 , 2 ) ; 

°(a)cat(/3)<z>A 1 :B l :C l *A 2 :B 2 :C 2 

0 («)//(£)<» A= 

4 b 2 c 2 d 2 

0 (a)a(^)oA = A = H = A. 

4 b 2 c 2 d 2 

° (a) ± ( p) <=>^4 + B x B 2 + C,C 2 = 0 

*3 Khoang each tir M(xo,yo,zo3 den (a) : Ax + By + Cz + D = 0 


d(M ,a) = 


Ax 0 + By 0 + Cz 0 + D 

Va 2 +b 2 +c 2 


*3 Goc gifra hai mat phang: cos ((«),(/?)) = 1 '' 21 

KM * 2 1 

1.3. Phu’O’ng trinh duemg thang 

*) Phiro’ng trinh tham so cua dir&ng thang d qua M(x 0 ;y 0 ;z 0 3 co vtcp a = (ai;a 2 ;a 3 ] 

fx = x 0 +a 1 t 

d:-y=y 0 +a 2 t (teR) 
lz = 2o+a s t 


*3 Phircmg trinh chinh tac cua d : 
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d x ~x 0 _y-v 0 _ z ~ z o 
a 1 a 2 a 3 

*) Vi tri twang doi cua 2 dircrng thang d, d : Ta thuc hien hai birac 
+ Tim quan he gitra 2 vtcp a d , a d , 


+ Tim diem chung cua d, d' bang each xet he: 


x 0 +ajt = x’ 0 +a’,t' 

• y 0 +a 2 t = y , 0 +a , 2 t' (I) 
z 0 + a 3 t = z' 0 + a' 3 t' 


He (I) 

Quan he giira a d , a d , 

Vi tri giu’a d, d' 

Vo so nghiem 

Cung phircrng 

d = d 

Vo nghiem 

dt id 

Co 1 nghiem 

Khong cung phirong 

d cat d’ 

Vo nghiem 

d, d' cheo nhau 


*]. Gocgiu'a 2 dircrng thang : Goi cp la goc giu'a d va d’ 


cos cp = 


a d .a d , 




-► 

a « 


a r 


(0° <(p< 90°) 


Phu’ong phap toa do trong khong gian 

u{x;y;z) v(x';y';z') 


Tich co hircrng hai vecto:[w,v = (yz'-zy';zx'-xz';x y-yx') 


Cac ting dung: 

u,v cungphu-o-ng: o [w,v] = 0 

u,v, w dongphang: o [«,v]w = 0 

Cong thur tinh dien tich, the tich: 
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Tfnh dien tfch tarn giac ABC: S MC =i|[^B,.4c]| 

Tfnh the tfch tir dien ABCD: V ABCD = Jc] A£>| 

Goc giira hai mat phang (Pi) va (P2): 

cos a = _L (Vdi n x \n 2 la vecto phap tuyen cua 2 mat phang) 

kl-KI 


Goc giira hai dircrng thang di; d2: 

cosa = J-^ 1 _ (Vdi la vecto chi phircmg cua 2 dircmg thang) 

I u i N u 2 1 

Goc giira thrd’ng thang va mat phang: 


sin/? = J-f 1 '— (Vdi «, la vecto phap tuyen cua mat phang (PI) va u x la vecto chi 

I N u , I 

phircrng cua dircmg thang dl. 

Khoang each giira diem M(x o ;y 0 ;z a ) va mat phang Ax+By+Cz + D = o: 




+ Cz n + D I 


Va 2 +5 2 +c 2 

Khoang each giira diem A den duong d qua diem M: 

I Ml 

\u\ 

Khoang each giua 2 du erng thang cheo nhau 

Birdng dl co vecto chi phircmg u va di qua M 
Bircrng d2 co vecto chi phirorig v va di qua N 


J(d„d 2 ) = 


|[w.v]MV| 

1 H 1 
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Casio Oxyz 
Ver 1.0 


Biro'c 1: Vao he Vecto 
[mode] GO 

May se hoi nhap dir lieu cho vecto nao? 

Chon 1 de nhap dir lieu cho vecto A va chon 1 de vao he 
Oxyz 

E)m(D(Il(D[Tl(=] 

De nhap du lieu cho vecto B thi bam: 

isHipfi riri m m m 

@i0Ei0Q]@ 

*Tinh Do dai Vecto A 

[ac| liHiFfl [hypl fsHiFfl f5~l (~3l m f=1 

VCT 0 

Abs(VctA) 

1.732050808 

*Tinh tich co hu Ang VectA,VectoB 
(a§ (sm) [5] [3] (shift) d] (4] (=] 

*Tinh tich vo hiring VectA. Vecto B 
(H (sSt) (JDp] IshIftI fn f71 [shift] fsl |4l (=1 
*Tinh tich hon tap cua 3 vecto 
(Nhap dir lieu cho VectoC trirdc) 

|ac] [shiftI [~5~1 ID [shiftI in [4~1 fsfijFTl fin m ISHIFTl f~5~l f~5~| f=1 
(IJng dung tinh the tfch tir dien khi biet toa do 4 dinh] 

*Tinh goc giira 2 vecto 

|ac| fsHirf] (hypl fsHinl fsl f~3~l Ishift] fsl IT! fsHirrl fsl |T| fTl IWIITI 
ISHirfl |hyp| fsHtFTl l~S~| |~3~1 FT1 fxl fsHiFfl |iiyp| fsHFrl l~5l R1 m m r=i 
Tir nhirng tinh nang ca ban tinh do dai, ti'ch co hirdng, tich vo 
hirong vdi viec ap dung cong thirc cac em co the tinh nhieu thu- 
khac 


Vector? 
l:VctA 2:VctB 
3:Veto 


VctA (m) nr? 

1:3 2:2 


va e 



0 

va b 

VctA-VctB 


-4 

VCT 0 

Vet. A Vet. B- Veto 

0 

VCT 0 

AbsCVctA-VctB) ji> 
0.9428090416 


II. Mot so bai tap co- ban 

Vf du 1 [De thu- nghiem - Cau 49]: 

Trong khong gian vo-i he toa do Oxyz, viet phtro-ng trinh mat phang (P) song song va 

each deu hai diro-ngthang d, : —- = —= - ,d, —1 = ^—^ 

& 6 1 -1 1 1 2 2 -1 -l 


A. (P):2x—2z+l=0 B.(P):2y-2z+l = 0 

C.(P):2x-2y+l = 0 D.(P):2y-2z-l = 0 
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Huang din: K- L 'V = rwj,«,l = (0,l,-l) da tmh d tren loai dirge A,C con B,D cac em 

[m 2 Ln p J 

dung cong thirc khoang each tir 1 diem tdi mot mat Solve la ra. 

Vi du 2: Trong he Oxyz, cho dirdng thing = ^ = va mat phlng 

(P):3x-3y+2z+6 = 0 Menh d'e nao dirdi day dung? 

A. d cat va khong vuong goc vdi (P) B. d vuong goc vdi (P) 


C.d song song vdi (P) D. d nlm trong (P) 

Huang dan 

(ac! IshIftI |~5~| ITlITimi^l—ir3lf=lHfT|f=l 

iiiiTir5if2i^ifTi[=iR[3nf=imfHir6i[^i 

VCT 0 VCT 0 


H 


I 


3 


-1 


Kiem tra tich vo hirang (kiem tra tmh vuong goc) 

VCT 0 


Vet A- VctE: 


6 


6 

Vay chung khong song song, kiem tra tich co hirdng (xoa dau Dot] 

(Tlnh song song nhung can nhd la ta dang xet chi phirang cua dirdng vdi phap tuyen cua 
mat) 

VCT 0 

Hr '§BBBT-Il -9 E] 

-21 

Vay chung cung khong vuong goc vdi nhau, do do loai B,C,D khoanh A. 

Vi du 3: 

Khoang each giua hai dirdng thing dl: -—- = — = va d2: ^ ^ = — la 

6 & 6 & 4 -6 -8 -6 9 12 

a M B IE c ;.,l“ D.^ 

17 V 17 V 29 29 

Hudng dan: de thay 2 dirdng song song 

, , \\uMA\\ 

Cac em nhap dir lieu cho vecto roi op cong thde: d(A,d)= - — - 

\u\ 

Tinh khoang each tir diemM(2,0,-l) tdi d2, A(7,2,0) ed2 


Bi kip CASIO cong pha Trae Nghleiti T 


oaii 


Bikiptheluc.com 


Hotline: 0977.543.462 


302 




Casio Oxyz 


CASIO EXPERT : Nguyen The Luc - fb: Ad.theluc-Youtube: MrTheIuc95 


[ -E 


F-] C 5 


m Abs(VctAVctB) jAi> 


5.477225575 


II. Mot so bai tap nang cao 

Cau 1. (Chuyen Nguyen Trai - HD)Trong khong gian vdi he toa do Oxyz, cho dirang 

X = t 

thing d\< y = -1 va 2 mat phlng (P) va ( Q ) lan lirot co phucmg trinh x+2y+2z+3, = Q ; 

Z — ~t 

x+2y+2z+l = 0. Viet phucmg trinh mat cau ( S ) co tam / thuoc dudng thing d, tiep xuc 
vdi hai mat phang (?) va ( Q ). 

A. ( x+3 ) 2 + (v + l) 2 + (z-3) 2 =i B. ( x -3) 2 + (y + lf + (z + 3) 2 = l 

C. (x + 3) 2 +(> i + l) 2 +(z + 3) 2 = — D. (x-3) 2 +(^-l) 2 +(z + 3) 2 =- 

Htrorng din: 

Chung ta co 2 dir kien bai toan : \ ^ dx dd kien 1 loai dupe C,D 

[“/-KP) _ “/->(Q) 

Bay gid tim ra dupe t nua la xong thi ta dua vao dieu kien 2 

f*imraMmRmRr2iwmmm(^f^mmmmf4i fi^fcA^ f=i 

__ Math 

m' 1+4+4 ~ 

X= 3 

L-R= 0 

Vay khoanh B 


Cau 2. ( Cau 50 Chuyen Vinh) Trong khong gian vdi he toa do Oxyz, cho hai diem 
M(-2;-2;l), A( l;2;-3) va ducmg thing J. Tim vecto chi phuung u cua 

dudng thing A di qua M, vuong goc vdi dudng thing d dong then each diem A mot 
khoang be nhat. 

A. m = (2;1;6) B. w = (l;0;2) C. m=(3;4;-4) D. m = (2;2;-1) 

Hudng din 


Chung ta cung co 2 du kien can quan tam: 


Mg A 
d±A 


^A-y(A) 


Min 
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Xvr If dieu kien vuong goc bang ti'ch vo hirang 

0 Math 

2A+2B-C 


Xet dap an A 

scasmd]©® 

0 Math A 

2A+2B-C 


Tu’O'ng tir vdi B,C,D 

0 Math A 

2A+2B-C 2A+2B-C 


0 Math A 


2A+2B-C 


0 Math A 


Vay loai C,D ta chi can xet A va B xem la duomg nao cokhoang each nho han 

ir uma \ __^ 

Cong thuc khoang each tir 1 diem toi 1 duong: d = -— p . -- - 1 chung ta se luu s§n MA vao Vecto A 


smmsdHiisBSd) 


Roi Liru u = (2;1;6) —> VectoB 

fACl IsHiFfl f5l |~2l l~2l m f2l f^l m f^l f6~| f^l 

Lim « = (l; 0; 2) —» VectoB 

[^[»Tif5ir2if3imm(Hiroif=ir2ia 


[ i 


Nhap bieu thu c tfnh khoang each 
(AC) (SHFr) @ @ f5l f3l fsHiFf] f5~| |~4l HI fMl fiHiFTl fhypl fsHlFTl f~5l f4l fTI f=1 
Gib* sira de xet dap an B 
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AbsC VetAVetB)JA > Abs CVetAVetC) jA> 

6.018264882 6 

Vay chung ta khoanh B 

Cau 3. (Chuyen Nguyln Trai - HD) Trong khong gian vdi he toa do Oxyz, cho dirdng 
thang A co phirong trinh 1 vamatphang (p) :2x-y+2z -1 = 0. Vietphircmg 

trinh mat phang ( Q ) chda A va tao vdi (P) mot goc nho nhat. 

A. 2x— y+2z— 1 = 0 B. lOx— 7y+13z+3 = 0 

C. 2x+y—z=0 D. — x+6y+4z + 5 = 0 

Huang din 

Dau tien chung ta co 2 dir kien : (Q) chda A va tao vdi (P) mot goc nho nhat 
Bay gid ta se xu If dd kien vuong goc: 

Dap an A: IcaucI HO [=) FI (T) (=11~2~| [H] 

0 Math A 

2A+B-C 


Tiro-ng ty B,C,D 

2A+B-C 


0 Math A 


2A+B-C 


0 Math A 


2A+B-C 


0 MMh A 


Vay chi B va D co kha nang dung gid ta se kiem tra xem dap an nao cho goc nho 
han: 


Nhap vec to phap tuyen cua (P) vao VectoA 

CD QD cm 1=] E] CD [=) cm C=) 


Sau do liru vecto phap tuyen cua(g) d dap an B vao VectoB, D vao VectoC 

iaci [iiiiFTi [si nn m m m foi i=i r rn f=i rn nri f=i 

(Hdf?) GO [2][3](T)Q(T](=)(1](=][4)(=] 


[ ID 


r] [ -i 


13 


4 
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Tfnh Cos goc giura 2 mat bang bieu thuc: cos or = 


\VctA.VctB\ 


\VctA\\VctA\ 

|ac] [SHiFfl fhyfl (iHIFTl f5~l f~3~l fsHlFTl {~5~| fFI fsHinl I~5~l fTI (^) (~C~1 (shIftI jh^l fsHiFTl |~5~| f3~| (~F| fxl fsHinl 

fsiiiFTinn it] m rrn=i 

VCT 0 

AbsCVctA-VctB)ji> 


0.9906974722 

Sau do sua vctB thanh VctC 

VCT 0 

AbsCVctA- Veto j> 


0 

Cos cang Ian thi goc cang nho vay ta thay goc nho nhat a day la dap an B 
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Bai tap ren Iuyen 

Cau 1. Trong khong gian vdi he toa do Oxyz, cho hai diem A( 3;-2;3) va B(- 1;2;5). Tim toa do 
trung diem I ctia doan thang AB. 

A. 7(-2;2;l). B. /(l;0;4). C. /(2;0;8). D. /(2;-2;-l). 


Cau 2. Trong khong gian vdi he toa do Oxyz , cho dirdng thang d:\y = 2+3 1 ; (t eR) . Vector nao 


\z = 5-t 


dirdi day la vector chi phirong cua d ? 

A. u l =( 0;3;-l). B, u 2 =( l;3;-l). C. u 3 =( l;-3;-l). D. 5 4 =(l;2;5). 

Cau 3. Trong khong gian vdi he toa do Oxyz, cho 3 diem A( 1;0;0); 5(0;-2;0);C(0;0;3). Phirang 
trinh nao dirdi day la phirang trinh mat phang (ABC) ? 


. x y z 1 
A. - + — + - = 1. 
3 -2 1 


n x y z * n x y z -x x y z * 
B.— + - + - = 1. C. -+—+ - = 1. D. —+ —+— = 1. 

... ... 31-2 


-2 1 3 


1 -2 3 


Cau 4. Trong khong gian vdi he toa do Oxyz, phirang trinh nao dirdi day la phirang trinh mat 
cau co tarn /(1;2;—l) vatiep xuc vdi mat phang (P):x-2y-2z-8 = 0? 

A. (x + l)~ +(y +2)~ + (z —l)~ = 3 . B. (x —l) +(y~2) +(z + l) =3 

C. (x-l) 2 +(y — 2) 2 +(z + l) 2 = 9. D. (x + l) 2 +(y + 2) 2 +(z-l) 2 =9. 

Cau 5. Trong khong gian vdi he toa do Oxyz, cho dirdng thang d : ^ va mat phang 

(5):3x-3y+2z+6 = 0. Menh de nao dirdi day dung? 

A. d cat va khong vuong goc vai (5). B. d vuong goc vdi (5) . 


C. d song song vdi (P). 


D. d. nam trong (P ). 


Cau 6. Trong khong gian vdi he toa do Oxyz, cho hai diem H(-2;3;l) va 5(5; 6; 2). Birdng thang 
AB cat mat phang (Oxz) tai diem M . Tinh ti so . 


AM _ 1 
BM~ 2 


B. — = 2. 
BM 


AM _ 1 
BM ~ 3 


D.^ = 3. 
BM 


Cau 7. Trong khong gian vdi he toa do Oxyz, viet phirang trinh mat phang ( P ) song song va 

each deu hai dirdng thang d, —-=+ = - va d~ : —= ——- = -— 

1 -1 11 2 2 -1 -1 


A. (P):2x-2z + l = 0. 


B. (P):2y-2z + l = 0. 
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C. (P):2x-2j;+l = 0. D. (i>):2y-2z-l = 0. 

Cau 8. Trongkhonggian vdi he toa do Oxyz , xetcacdiem A(0;0;l), B(m; 0;0), C(0;??;0), £>(l;l;l) 
v&i m>0;n>0 va m+n = L Bietrangkhi m, n thaydoi, ton tai mot mat cau co dinh tiep xuc v&i 
mat phang ( ABC ) va di qua d . Tinh ban kinh R cua mat cau do? 

A. R = l. B. R = — . C.R = -. D. R = — . 

2 2 2 

Cau 9. Trong khong gian vdi he toa do Oxyz,c ho mat cau (X):(x+l) 2 +(y-2) 2 +(z-3) 2 = 25 vamat 
phang (a):2x+y-2z + /w = 0.Timcacgiatricua m de ( a ) va (S) khong co diem chung. 

A. m<—9 hoac m >21. B. -9< m<2\. C.—9<m<2\. D. m <— 9 hoac m>21. 

Cau 10. Trong khong gian vdi he toa do Oxyz, cho dircmg thang A co phircmg trinh 
~2 ~ = ^ = ~~T (P)'2x—y+2z—l = 0. Viet phircmg trinh mat phang ( Q ) chcra A va 

tao vdi (R) mot goc nho nhat. 

A. 2x—y + 2z —1 = 0. B. lOx—7y + 13z+3 = 0. C. 2x+y—z = 0. D. — x+6y +4z+5 = 0. 

Cau 11. Trong khong gian vdi he toa do Oxyz, tinh khoang each tu diem M(l; 2;-3) den mat 
phang (P):x+2y-2z-2 = 0. 

A. 1. B. —. C.D. 3. 

3 3 


Cau 12. Trong khong gian vdi he toa do Oxyz , tinh goc giua hai dircmg thang d Y : - = ^— = -—- 


1 -1 


z — 1 
~ 2 ~ 


va d 2 : 


x + l _ y 

A. 45°. 


B. 30° 


C. 60°. 


D. 90°. 


Cau 13. Trong khong gian vdi he toa do Oxyz, cho diem M(- 3; 2; 4), goi A, B, C Ian lirot la 
hinh chieu cua M tren Ox, Oy, Oz. Mat phang nao sau day song song vdi jnp(ABC) ? 

A. 4x-6y-3z + 12 = 0. B. 3x-6y-4z + 12 = 0. C. 4x-6y-3z-12 = 0. D. 6x-4y-3z-12 = 0. 


Cau 14. Trong khong gian vdi he toa do Oxyz, viet phiromg trinh mat phang (R) chira dircmg 
thang = ^ = ~Y~ vavuonggocvdimatphang (g):2x+y-z = 0 . 

A. x + 2y + z = 0. B. x-2y-l = 0. C. x+2y-l = 0. D. x-2y + z = 0. 
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x = t 

Cau 15. Trong khong gian vdi he toa do Oxyz , cho dirdng thang d : y = -1 va 2 mat phang (P) 

z — —t 

va ( Q) Ian lirot co phirong trinh x+2y+2z+3 = 0; x+2j;+2z + 7 = 0. Viet phiromg trinh mat cau 
(A) co tarn / thuoc dirdng thang d, tiep xiic vdi hai mat phang (P) va ( Q ). 

A. (x + 3) 2 +(y + l)'+(z-3) 2 =T B. (x-3) 2 +(y + l)'+(z + 3) 2 =A 

C. (x + 3) 2 + (y +1) 2 + (z + 3) 2 = A D.(x-3) 2 + (y-l) 2 + (z + 3) 2 =A 

Cau 16. Trong khong gian vdi he toa do Oxyz, cho dirdng thang d co phu'ang trinh 
^-2 = ZZl = . fliem nao sau day khong thuoc dirdng thang d ? 

A. JV(4;0;-1). B. M(l;-2;3). C. P(T,2\\). D. g(-2;-4;7). 

Cau 17. Trong khong gian vdi he toa do Oxyz, cho tam giac ABC co v4(l;2;3),.B(-3;0;l),C(-l;y;z). 
Trong tam G cua tam giac ABC thuoc true Ox khi cap (y;z) la: 

A. (1;2). B. (-2;-4). C. (-l;-2). D. (2;4). 

Cau 18. Trong khong gian vdi he toa do Oxyz, cho hai vec ta a = (3;0;2) , c = (l;-l;0). Tim toa do 
cua vec ta b thoa man bieu thde 2b-a+4c = 0 



Cau 19. Trong khong gian vdi he toa do Oxyz, cho ba vecta a = (-l;l;0), 6 = (l;l;0)va c = (l;l;l). 
Trong cac menh de sau menh de nao dung? 

A. cos(b,c) = 2=. B. a.c = 1. C. a va b cungphaang. D. a+b+c = 0. 
v6 

Cau 20. Trong khong gian vdi he toa do Oxyz, cho hai diem B( 2;-l;2). Diem M thuoc 

true Oz ma MA 2 +MB 2 nho nhat la: 

A. M(0,0;-1). B. M(0;0;0). C. M(0;0;2). D. M(0;0;1). 

Cau 21. Trong khong gian vdi he toa do Oxyz, cho ba diem A( 2;-l;5), #(5;-5;7) va M(x;y;l). 
Vdi gia tri nao cua x va y thi 3 diem A,B,M thang hang? 

A. x = 4 va y = 7. B. x = -4 va y = -7. C. x = 4 va y = -7. D. x = ^tvay = 7. 
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Cau 22. Trong khong gian vdi he toa do Oxyz, cho ba diem A(2;3;l), j5(1;1;0) va M(a;b; 0) sao 
cho P = |M4-2M?| dat gia tri nho nhat. Khi do a+2b bang: 

A. 1. B. - 2 . C. 2 . D.-1 . 

Cau 23. Trong khong gian vdi he toa do Oxyz, cho bon diem ^(0;0;2), B(3;0;5), C(l;l;0), 
Z>(4;1;2). Bo dai dirfrng cao cua td dien ABCD ha t£r dinh D xuong mat phang ( ABC ) la: 

A ^ B. -Jn. ^ 


D. 11. 


Cau 24. Trong khong gian vdi he toa do Oxyz, choba diem ^(2;1;-1),fi(3;0; 1), C(2;-l;3). Biem D 
thuoc Oy va the tich khoi td dien ABCD bang 5. Toa do diem D la: 

A. Z)(0;-7;0). B. D(0;8;0). C. D(0;7;0) hoac £>(0;-8;0). D. 0(0;-7;0) hoac D(0;8;0). 

Cau 25. Trong khong gian vdi he toa do Oxyz , tlm tat ca cac gia tri thirc cua m de dirdng thang 

A:-^— = ^ songsongvai mat phang [P):x+y-z + m = 0. 

A. m ^0. B. m = 0. C . meR. D. Khong co gia tri nao cua m . 

Cau 26. Trong khong gian vdi he true Oxyz , mat phang (P) chua dudng thang 

= va vuong goc vdi mat phang ( Q):2x+y-z = 0 co phuang trinh la 

A. x—2y—l = 0. B. x—2y + z = 0. C. x+2y— 1 = 0. D. x+2j; + z = 0. 

Cau 27. Trong khong gian vai he true Oxyz, cho dudng thang A di qua diem M(2; 0;-l) va co 
vecta chi phuang <2 = (4;-6; 2). Phuang trinh tham so cua dudng thang A la 

[x = 2+2t (x = -2 + 21 [x = -2+4t [x=4 + 2t 


z=2 + t 


Cau 28. Trong khong gian vdi he true Oxyz , viet phuang trinh mat phang (P) di qua diem 
A( 1; 2; 0) va vuong goc vdi dudng thang - = ^ = 

A. x + 2y —5 = 0. B. 2x+y— z+4 = 0. C. —2x—y + z—4 = 0. D. —2x—jp + z+4 = 0. 

Cau 29. Trong khong gian vdi he true Oxyz, tim toa do hinh chieu vuong goc cua diem 
A( 0; 1; 2) tren mat phang (P):x + y+z = 0. 

A. (-1; 0; l). B. (-2; 0; 2). C. (-1; 1; 0). D. (-2; 2; 0). 
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x = 2 + 2t 


x — —2 + 2 1 

x = -2 + 41 


A. 

y = -3t . 

B. 

y = -3t . C. < 

kO 

I 

II 

D. 


z — — 1 + t 


z = l + t 

z = l + 2t 
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Cau 30. Trong khong gian vai he true Oxyz, mat phang chua 2 diem >4(1; 0; l) va 2?(-l; 2; 2) 

va song song vdi true Ox co phirang trinh la 

A. x+y— z-0. B. 2y—z + l = 0 . C. y— 2z + 2 = 0 . D. x-l-2z—3 = 0. 


Cau 31. Trong khong gian vdi he true Oxyz, cho dirdng thang d:x-l = -^ 2 

phang (P):x+4j;+9z-9 = 0. Giao diem I cua d va (P) la 

A. 7(2;4;-l). B. /(1;2;0). C. /(l;0;0). D. /(0;0;l). 


z-4 \ « 

- va mat 

3 


Cau 32. Trong khong gian vdi he true Oxyz, mat phang di qua diem H(l;3;-2) va song song vdi 
mat phang (P):2x-j;+3z+4 = 0 la 

A. 2x—j;+3z + 7 = 0. B. 2x+y— 3z + 7 = 0. C. 2x+jp+3z + 7 = 0. D. 2x — y+3z — 7 = 0 . 

Cau 33. Trong khong gian vdi he toa do Oxyz, cho A( 2; 0; 0); B(0; 3; l); C(-3; 6; 4). Goi M la 
diem nam tren doan BC sao cho MC = 2MB. Do dai doan AM la 

A. 277. B. 729. C. 373. D. 730. 

Cau 34. Trong khong gian vdi he toa do Oxyz, phirang trinh mat cau ( S ) co tam /(-l;2;l) va di 
qua diem ^(0;4;-l) la 

A. (x + l) 2 +(>’-2) 2 +(z-l) 2 =9. B. (x+l) 2 +(y-2) 2 +(z + l) 2 =3. 

C. (x + 1 ) 2 +(j—2) 2 +(z-l) 2 = 3. D. (x + l) 2 +(>’—2) 2 +(z + l)* =9. 

Cau 35. Trong khong gian vai he toa do Oxyz, mot vecta phap tuyen cua mat phang 
(P):2x-4y+3 = 0 la 

A. « = (2;-4;3). B. « = (l;-2;0). C. « = (-!; 2;-3). D. « = (-2;l;0). 


Cau 36. Trong khong gian vdi he toa do Oxyz, tam giac ABC co A(l;2;3), 5(2;1;0) va trong tam 
G(2;l;3). Toa do cua dinh C la 

A. C(l;2;0). B. C(3;0;6). C. C(-3;0;-6). D. C(3;2;l). 

Cau 37. Trong khong gian Oxyz, cho ^(l;l;0), 5(0;2;l), C(l;0;2), D(l;l;l). Mat phang (a) di 
qua ^(l;l;0), i?(0;2;l), ( a ) song song vdi dirdng thang CD. Phirang trinh mat phang (a) la 
A. x+y+z— 3 = 0. B. 2x— y+z —2 = 0. C. 2x+y+z— 3 = 0. D. x+y —2 = 0. 
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Cau 38. Trong khong gian vdi he toa do Oxyz, cho ba diem A(0;2;0), R(l;0;0), C(0;0;-3). 
Phuong trinh mat phang (ABC) la 


. x y z 
A. -+- +— = 1. 
2 1 -3 


B.Z + Z + A. 0 . 

1 2 -3 


G* + Z_£ =L 
1 2 3 


D. — + y 


- = 0 . 
1 2 3 


Cau 39. Trong khong gian vdi he toa do Oxyz , mat phang (a):2x-y+2z-3 = 0 cat mat cau ( S ) 
tarn /(l;-3;2) theo giao tuyen la dudng tron co chu vi bang An . Ban kfnh cua mat cau (S) la 
A. 2. B. 2^2. C. 3. D. V20. 


Cau 40. Trong khong gian vdi he toa do Oxyz, mat phang (a) di qua M(2;l;2) dong thdi cat cac 
tia Ox, Oy, Oz lan lu'O't tai A, B, C sao cho tu dien OABC co the tich nho nhat. Phncrng trinh 
mat phang (a) la 

A. 2x+y + z-l = 0. B. x+2y + z —6 = 0. C. x+2y+z -1 = 0. D. 2x+y-2z-l = 0. 

Cau 41. Trong khong gian vai he toa do Oxyz , tfnh khoang each tu O den mat phang 
2x+2y + z-3 = 0. 

A. 1. B. C. 2. D. 3. 

3 


Cau 42. Trong khong gian vai he toa <36 Oxyz, cho tu - dien ABCD vdi ,4(-l;2;l), 5(0;0;-2), 
C(1;0;1), D(2;l;-1). Tinh the tich ta dien ABCD. 


Cau 43. Trong khong gian vdi he toa do Oxyz,v\et phaang trinh mat phang (P) song song va 

each deu hai dirdng thang d. : ——- = — = — va d -.-=——- = . 

1 -1 1 1 2 2 -1 -1 

A. (P):2x-2z + \ = 0. B. (P):2y-2z+\ = Q. C. (P):2x-2y+l = 0. D. (P):2y-2z-l = 0. 


Cau 44. Trong khong gian vdi he toa do Oxyz, cho ba diem vt(l;-l;l), B(2; ];—2), C(0;0;l). Goi 
H(x\y,z) la trirc tarn tarn giac ABC thi gia tri x+y+z la ket qua nao dirdi day? 

A. 1. B. -1. C. 0. D. -2. 

Cau 45. Trong khong gian vdi he toa do Oxyz, cho hinh hop ABCD.A'B'C'D co A( l;2;-l), 
C(3;-4;l), 5'(2;-l;3) va £)'(0;3;5). Gia sd toa do D(x;y;z) thi gia tri cua x+2y-3z la ket qua 
nao dirdi day? 

A. 1. B. 0. C. 2. D. 3. 
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Cau 46. Trong khong gian voi he toa do Oxyz, cho mat phang (P):2x+2y-z+3 = 0 va dirong 
thang ( d ): = T Goi /I la giao diem cua (J) va ( P ); goi A? la diem thuoc ( d ) thoa 

man dieu kien MA=2. Tinh khoang each tir M den mat phang (/■). 

A. B. C. D. 

9 3 9 9 

Cau 47. Trong khong gian voi he toa do Oxyz, xet mat cau (5) di qua hai diem 
^(l;2;l),jB(3;2;3), co tam thuoc matphang (P):x-y- 3 = 0, dongthdi co ban kinh nho nhat, hay 
tinh ban kinh R cua mat cau (5). 

A. 1. B. 72. C. 2. D. 2-J2. 

Cau 48. Trong khong gian vbi he toa do Oxyz, cho bon diem ^(3;0;0), J9(0;2;0), C(0;0;6) va 
Z)(l;l;l). Goi A la duo-ng thang di qua D va thoa man tong khoang each tu 1 cac diem A, B, C 
den A la Ion nhat, hoi A di qua diem nao trong cac diem dirbi day? 

A. M(-l;-2;l). B. M( 5;7;3). C. M(3;4;3). D. M(7;13;5). 

Cau 49. Trong khong gian voi he toa do Oxyz cho hai diem M(3;0;0 ),jV( 0;0;4). Tinh do dai 
doan thang MN. 

A. MN = 10. B. MN = 5. C. MN = l. D. MN = 1. 

Cau 50. Trong khong gian voi he toa do Oxyz cho mat phang (F):-3x+2z-l = 0. Vec to phap 
tuyen n cua mat phang ( P ) la 

A. « = (-3;2;-l). B. « = (3;2;-l). C. m = (-3;0;2). D. n =(3;0;2). 

Bang Dap An 


l.A 

2.A 

3.C 

4.C 

5.A 

6.A 

7.B 

8.A 

9.A 

10.B 

ll.D 

12.D 

13.C 

14.B 

15.B 

16.C 

17.B 

18.B 

19.A 

20.D 

21.D 

22.B 

23.A 

24. D 

25.A 

26.A 

27.A 

28.D 

29.A 

30.C 

31.D 

32.A 

33.B 

34.A 

35.B 

36.B 

37.C 

38.C 

39.B 

40.B 

41.A 

42.D 

43.B 

44.A 

45.B 

46.C 

47.D 

48.B 

49.B 

50.C 
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The Tich Khoi Da Dien 

I.Kien Thur Can Nho' 

1. He thfrc lirang trong tam giac vuong : 

Cho AAsevuong O’ A ta co : 

• Bjnh ly Pitago : BC 2 = AB 2 +AC 2 

• BA 2 = BH.BC/, CA 2 =CH.CB 

• AB. AC = BC. AH 

• _j_ 

• AH 2 ~ AB 2 + AC 2 

• AH 2 = BH.CH 

• BC = 2AM 

be be 

• sin B = —, cosB , tan B = —, cot B = — 

a a c b 

• b = a. sinB = a.cosC, c = a. sinC = a.cosB, a = —r — = —-—, 

sin B cos C 

• b = c. tanB = c.cot C 

2. He thirc liro-ng trong tam giac thir&ng: 

* Binh ly ham so Cosin: a 2 = b 2 + c 2 - 2bc.cosA 

* Binh ly ham so Sin: —— = — — = —— = 2R 

sin A sinR sinC 

3. Cac cong thirc tinh dien tich. 

a.Cong there tinh dien tich tam giac: 

S = I a h a 
2 

S = ^a.b sinC = = p.r = ^p.(p -a)(p-b)(p -c) vmp = a+b + C 

1 4 K 1 


Dae biet: 


* AABC vuong o’ A: 

S = -ABAC 
2 

* AABC deu canh a: 




4 



b. Dien tich hinh vuong: S = canh x canh 


A 
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c. Dien rich hinh chu nhat: S = dai x rong 

d. Dien rich hinh thoi: S = -^(cheo dai x cheo ngan) 

d. Dien rich hinh thang : S = ^ (day Ion + day nho) x chieu cao 

e. Dien rich hinh binh hanh : S = day x chieu cao 

f. Dien rich hinh tron : S = 7r.R 2 


Quan he song song - vuong goc 

A.Quan he song song 

1. Birring thang va mat phang song song 


DLl:Neu dirong thang 
d khong nam tren 
mp(P) va song song 
veri ducmg thang a 
nam tren mp(P) thi 
during thang d song 
song vrii mp(P) 

DL2: Neu during 

thang a song song vrii 
mp(P) thi moi mp(Q) 
chua a ma cat mp(P) 
thi cat theo giao tuyen 
song song vrii a. 

DL3: Neu hai mat 
phang cat nhau cung 
song song vrii mot 
during thang thi giao 
tuyen cua chung song 
song vrii during thing 


d<z(P) 

d//a => d//(P) 
ac(P) 


a//(P) 

a c (Q) => d / /a 

(P)n(Q)=d 


(P)n(Q) = d 

(P) //a 

(Q) //a 
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2. Hai mat phang song song 


DL1: Neil mp(P) 
chua hai dirong 
thang a, b cat nhau 
va cung song song 
v&i mat phang (Q) 
thi (P) va (Q) song 
song vdi nhau. 

DL2: Neu mot 

dircmg thang nim 
mot trong hai mat 
phing song song thi 
song song vdi mat 
phing kia. 

DL3: Neu hai mat 
phing (P) va (Q) 
song song thi moi 
mat phing (R) da cit 
(P) thi phai cit (Q) 
va cac giao tuyen cua 
chung song song. 


a,bc(P) 
anb=I : 
a//(Q),b//(Q) 


■(P)//(Q) 


(P)//(Q) 

ac(P) 


•a//(Q) 



(P)//(Q) 

(R)n(P) = a => a//b 
(R)n(Q) = b 




A 


B.Quan hevuonggoc 


l.Du-o-ng thing vuong goc mat phang 
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DL1: Neu dirdng 

thang d vuong goc vdi 
hai dirdng thang cat 
nhau avab cimg nam 
trong mp(P) thi 
dirdng thang d vuong 
goc vdi mp(P). 

DL2: (Ba dirdng 

vuong goc) Cho 
dirdng thang a khong 
vuong goc vdi mp(P) 
va dircmg thang b 
nam trong (P). Khi do, 
dieu kien can va du 
de b vuong goc vdi a 
la b vuong goc vdi 
hinh chieu a’ cua a 
tren (P). 


dla.dlb 

a, b c mp(P) => d 1 mp(P) 
a,b cat nhau 



a/mp(P),b cmp(P) 
blaobla' 



2. Hai mat phang vuong goc 


BLl:Neu mot mat 
phang chira mot 
dircmg thang vuong 
goc vdi mot mat 
phang khac thi hai 
mat phang do vuong 
goc vdi nhau. 


a 1 mp(P) 
a c mp(Q) 


=> mp(Q) 1 mp(P) 
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DL2:Neu hai mat 
phang (P) va (Q) 
vuong goc vdi nhau 
thi bat cu- dirang 
thang a nao nam 
trong (P), vuong goc 
vdi giao tuyen cua 

(P) va (Q) deu 
vuong goc vdi mat 

phang (Q). _ 

DL3: Neu hai mat 
phang CP) va (Q) 
vuong goc vo-i nhau 
va A la mot diem 
trong (P) thi du'emg 
thang a di qua diem 
A va vuong goc vdi 

(Q) se nam trong (P] 
DL4: Neu hai mat 
phang cat nhau va 
cung vuong goc vdi 
mat phang thcr ba 
thi giao tuyen cua 
chung vuong goc vdi 
mat phang thir ba. 


(P)l(Q) 

(P)n(Q) = d=>ai(Q) 
ac(P),ald 



(P)-L(Q) 

A e (P) 

Asa 

a-L(Q) 




'(P)n(Q) = a 
(P)l(R) =>al(R) 



a 

(Q) _L (R) 





3. Khoang Cach 
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1. Khoang each tu-1 diem to-i 1 dircmg 
thang, den 1 mat phang: 

Khoang each tir diem M den du-6-ng thang a 
(hoac den mat phang (P)) la khoang each 
giira hai diem M va H, trong do H la hinh 
chieu cua diem M tren dircmg thang a ( hoac 
tren mp(P)) 

d(0; a) = OH; d(0; (P)) = OH 


2. Khoang each giu a du o ng thang va mat 
phang song song: 

Khoang each gitra diro-ng thang a va mp(P) 
song song vo-i a la khoang each tu- mot diem 
nao do cua a den mp(P). 

d(a;CP)) = OH 


3. Khoang each gifl-a hai mat phang song 
song: 

la khoang each tu- mot diem bat ky tren mat 
phang nay den mat phang kia. 

d((P);(Q)) = OH 


4.Khoang each giu-a hai du-6-ng thang 
cheo nhau: 

la do dai doan vuong goc chung cua hai 
du-6-ng thang do. 
d(a;b] = AB 



4. GOC 
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1. Goc giira hai dir&ng thang avab 

la goc gitra hai dircmg thang a’ va b’ cting di 
qua mot diem va l'an lirot cung phircmg voi 
a va b. 

2. Goc giira dir&ng thang a khong vuong 
goc v&i mat phang (P) 

la goc giira a va hinh chieu a’ cua no tren 
mp(P). 

Dae biet: Neu a vuong goc vbi mat phang 
(P) thi ta noi rang goc giira dircmg thang a 
va mp(P) la 90°. 

3. Goc giira hai mat phang 

la goc giira hai dircmg thang lan Iirot vuong 
goc vdi hai mat phang do. 

Hoac la goc giira 2 dircmg thang nam trong 
2 mat phang cung vuong goc vbi giao tuyen 
tai 1 diem 

4. Dien tich hinh chieu : Goi S la dien tich 
cua da giac (H) trong mp(P] va S’ la dien 
tich hinh chieu (H’j cua (H) tren mp(P’) thi 

S' = Scoscp 

trong do cp la goc giira hai mat phang 

(PUP’)- 









THE TICH KHOI DA DIEN - MAT NON, MAT TRU, MAT CAU 
I.Cac cong thu-c 
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1 . Lang Tru 


Khd'i Hop ChCr Nhat 


The tfch khoi lap 
phiro-ng: 

vffi a la do dai canh 


2. Khoi Chop 


3.Ti so tu'dien 


V = B.h 


(B: Sday; h: chieu cao) 


V = a.b.c 

(a,b,c la ba ki'ch thirdc) 


V = a 3 

(a la do dai canh) 


V=-Bh 

3 

(B: Sdd y ; h: chieu cao) 


Ysmc _ SB SC' 
V SA . S . C , ~ SA' SB' SC 










4. Chop Cut 


V = ^(B+B'+4bJ3') 



5. Khoi non 


1 1 0 

V = -Bh = -nr 1 * h 

3 3 


A 



- nrl 
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6. Khoi Tru 


V = nr 2 h 


= 2nrl 



7. KHOI CAU 


V = -nr 3 
3 

S = Anr 2 


Chuy: 

1. Duong cheo cua hinh vuong canh a la d = aV2, 

Duong cheo cua hinh lap phircmg canh a la d = a-73, 

Dircmg cheo cua hinh hop chu nhat co 3 klch thu-dc a, b, c la d = -Ja 2 + b 2 +c 2 , 

a %j 3 

2. Du-dng cao cua tam giac deu canh a la h = — ~ 

3. Hinh chop deu la hinh chop co day la da giac deu va cac canh ben deu bang nhau 
(hoac co day la da giac deu, hinh chieu cua dinh trung vdi tam cua day]. 

4. Lang tru deu la lang tru dung co day la da giac deu. 
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Bai tap ren luyen 

Cau 1. Cho hinh hop dung ABCD.A'B'CD' co day ABCD la hinh thoi canh a va BAD = 60°, AB’ 
hop vdi day (ABCD) mot goc 30°. The tfch cua khoi hop la 

A. —. B.^1. C. —. D .^Al. 

2 2 6 6 

Cau 2. Cat hinh non dinh 5 boi mat phang di qua true ta dune mot tarn giac vuong can co canh 
huyen bang a4 2. Goi BC la day cung cua dunng tron day hinh non sao cho mat phang (SBC) 
tao vdi mat phang day mot goc 60°. Tfnh dien ti'ch tarn giac SBC. 

a.s=?AL. b.s=—. c.s=^Al_ d. 

3 3 2 3 


Cau 3. Cho hinh non dinh S, day la hinh tron tarn 0, thiet dien qua true la tarn giac deu canh a, 
the tich cua khoi non la 

A. -7ra 3 \l 3. B. —7ra 3 *j3 . C. —nci ^3 . D. —na 3 ^. 

8 6 24 12 


Cau 4. Trong cac menh de sau, menh de nao DUNG? 

A. Hai khoi chop co hai day la hai tarn giac deu bang nhau thi the tfch bang nhau. 

B. Hai khoi lang tru co chieu cao bang nhau thi the tfch bang nhau. 

C. Hai khoi da dien co the tfch bang nhau thi bang nhau. 

D. Hai khoi da dien bang nhau co the tfch bang nhau. 


Cau 5. Cho khoi non dinh 0, chieu cao la h. Mot khoi non khac co dinh la tam I cua day va day 
la mot thiet dien song song v&i day cua hinh non da cho. Be the tfch cua khoi non dinh / ldn 
nhat thi chieu cao cua khoi non nay bang bao nhieu? 





D. 


hj _3 
3 


Cau 6. Cho hinh chop S.ABC co day ABC la tam giac deu canh 2a, tam giac SAB la tam giac deu 
va nam trong mat phang vuong goc vdi mat day. Tfnh the tfch khoi chop S.ABC . 

A. V = — . B.V = a\ C. F = —. D. F=3 a\ 

2 2 

Cau 7. Mot hinh tru co dircmg kfnh day bang chieu cao va noi tiep trong mat cau ban kfnh R. 
Dien tfch xung quanh cua hinh tru bang 

A. 4n R 2 . B. 2ttR 2 . C. 2-JlzR 1 . B. ^2rtR 2 . 
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Cau 8. Cho lang tru dung ABC.AB'C co canh ben AA' = 2a. Tam giac ABC vuong tai A co 
BC = 2a^3. The tich cua khoi tru ngoai tiep khoi lang tru nay la 


A. 2nd 1 


B. And 


C. &nd 


D. 6nd 


Cau 9. Cho hinh chop S.ABCD co day la hinh thang vuong tai A va B, AB = BC = a, AD = 2a, 
SAl(ABCD) va SA = aJ2. Goi E la trung diem cnnAD. Ke EK±SD tai K. Ban kinh mat cau di 
quasau diem S,A,B,C,E,K bang 


A. -a. 
2 


r V6 

C. — a. 

2 


n B 

D. — a. 

2 


Cau 10. Cho lang tru ABC.A'B'C' co day la tarn giac deu canh a . Hinh chieu vuong goc cua diem 
A' len mat phang (ABC) trung vdi trong tam tam giac ABC. Biet the tich cua khoi lang tru la 

d\f3 

-. Tinh khoang each giua hai dnang thang Ad va BC . 

4 

A. —. B. —. C. —. D. —. 

3 3 4 2 

Cau 11. Cho khoi chop S.ABC co day ABC la tam giac can tai A vai BC = 2a, BAC = 120°, bift 
SA±(ABC) va mat ( SBC ) ho-p vdi day mot goc 45°. Tinh the tich khoi chop S.ABC. 

A. B .Jjl. C. —. D. —. 


Cau 12. Cho hinh chop S.ABC co day la tam giac deu canh 2 a va the tich bang o’ . Tinh chieu 
cao h cua hinh chop da cho. 


A. /i = - 


B. h = - 


D. h = y/3a. 


Cau 13. Hinh da dien nao duai day khong co tam doi xung ? 





A. Tu - dien deu. B. Bat dien deu. C. Hinh lap phu-ang. D. Lang tru luc giac deu. 

Cau 14. Cho tu- dien ABCDco the tich bang 12 va G la trong tam tam giac BCD. Tinh the tich V 
cua khoi chop A.GBC. 

A. V = 3. B. V = 4. C.V = 6. D. V = 5. 

Cau 15. Cho lang tru tam giac ABC.A'B'C' co day ABC la tam giac vuong can tai A, canh 
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AC = 2-Jl. Biet AC' tao vai mat phang (ABC) mot goc 60° va AC’ = 4. Tinh the tich V cua khoi 
da dien ABCB'C'. 


A. V = ~. 

3 


B. V = 


16 


C. V = 


8n/3 


D. V = 


16-fi 


Cau 16. Cho khoi (N) co ban kinh day bang 3 va dien tich xung quanh bang 15 n. Tfnh the tfch 
V cua khoi non ( N ). 

A. V = \2n. B. V = 2071. C. V = 36n. D.V = 60n. 


Cau 17. Cho hinh lang tru tarn giac deu ABC.A'B'C' co do dai canh day bang a va chieu cao 
bang h. Tinh the tich V cua khoi tru ngoai tiep lang tru da cho. 


A. F = 


7ia 2 h 

9 



C. F = 3 na 2 h. B.V = 7ia L h. 


Cau 18. Cho hinh hop chir nhat ABCD.A'B'C'D' co AB = a,AD = 2a va AA' = 2a. Tinh ban kinh R 
cua mat cau ngoai tiep tu - dien ABB'C’. 

A. R = 3a. B. R = — . C. R = —. D. R = 2a. 

4 2 


Cau 19. Cho hai hinh vuong co cung canh bang 5 dirge xep chong len nhau 
sao cho dinh X cua mot hinh vuong la tam cua hinh vuong con lai (nhir 
hinh ve). Tfnh the tich V cua vat the tron xoay khi quay mo hinh tren xung 
quanh true XY. 


A. V = 



B. V = 


125(5+272)^- 

12 


c. v= 


125(5+472)^- 

24 


D. V = 




Cau 20. Cat hinh tron dinh S bai mat phang di qua true ta diror mot tam giac vuong can co 
canh huyen bang a-Jl . Goi BC la day cung cua dirang tron day hinh non sao cho mat phang 
(SBC) tao vo-i mat phang day mot goc 60°. Dien tich cua tam giac SBC bang 

A — B C YK D 

■ 3 ' ’3' '3' 2 


Cau 21. Cho hinh lang tru du-ng ABC.A'B'C' co day ABC la tam giac vuong tai A, AC = a, 
ACB = 60°. Bircrng cheo BC' cua mat ben ( BB'C'C ) tao vdi mat phang mp ( AA'C'C ) mot goc 30° 

. Tinh the tich cua m6i khoi lang tru theo a la: 

A. V = c?sl6. B. V = a 2 —. C.V = a 3 — . D. V = a 3 — . 

3 3 3 
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Cau 22. Hinh diopter giac S.ABCD co day la hinh chirnhatcanh AB = 4a, AD = 3a ; cac canh ben 
deu co do dai bang 5a. The tich hinh chop S.ABCD bang: 


A. 9a 3 73. 


B. 


9a 3 s/3 


C. 10 a 3 73. 


D. 


10a" 


£ ‘ 


Cau 23. Cho hinh chop S.ABCD co day la hinh vuong canh a; hinh chieu cua S tren ( ABC D) 
trung vdi trung diem cua canh AB ; canh ben SD= -y . The tich cua khoi cho S.ABCD tinh theo a 
bang 


3 


a 3 \/3 a 3 JE 

3 ’3 



Cau 24. Cho hinh chop S.ABC co day la tam giac vuong can tai B ; AB = a, SA X (ABC) . Canh ben 
SB hap vdi day mot goc 45°. The tich cua khoi chop S.ABC tinh theo a bang: 

A. B. —. C.M. D. —. 

3 3 6 6 

Cau 25. Thiet dien qua trung cua mot hinh tru la mot hinh vuong canh a, dien tich toan phan 
cua hinh tru la 

A. . B. Ket qua khac. C. . D. 3xa 2 . 

2 5 


Cau 26. Cho hinh tam giac ABC vuong tai A co ABC = 30° va canh goc vuong AC = 2a quay 
quanh canh AC tao thanh hinh non tron xoay co dien tich xung quanh bang: 

A. 16;ra 2 73. B. 9,71a 1 4^ ■ C. 2 na 1 . D. -ncf^S. 

3 


Cau 27. Ngircri ta got mot khoi lap phuorng go de lay khoi tam mat deu noi tiep no (tire la khoi 
co cac dinh la cac tam cua cac mat khoi lap p heron g). Biet cac canh cua khoi lap pheromg bang a. 
Hay tinh the tich cua khoi tam mat deu do: 






Cau 28. Hinh chop ter giac S.ABCD co day la hinh chir nhat canh AB = a, AD = a%/2, SA _L ( ABCD ), 
goc giira SC va day bang 60°. The tich hinh chop S.ABCD bang: 

A. 372a. B. 76a 3 . C. 3a 3 . D. 72a 3 . 

Cau 29. The tich (cm 3 ) khoi tu dien deu canh bang ^ cm la: 
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A.^. cA. D. -. 

81 81 18 3 


Cau 30. Cho lang tru ABC.AB'C' co day la tam giac deu canh a. Hinh chieu vuong goc cua diem 
A len mat phang (ABC) trung vdi trong tam cua tam giac ABC. Biet the tich cua khoi lang tru 

3 /^ 

la-. Khoang each gifra hai dircmg thang A va BC la: 


3 a 


B. 


4 a 


c. —. 

4 


D. 


2 a 


Cau 31. Mot hinh tru co dirorng kmh day bang chieu cao va noi tiep trong mat cau ban kinh R. 
Dien tich xung quanh cua hinh tru bang: 

A. 2 nR 2 . B.AnR 1 . C. 2 -JUttR 2 . D. -JlnR 2 . 


Cau 32. Cho tu dien MNPQ. Goi I; J; K lan lirot la trung diem cua cac canh MN ; MP; MQ.Tx 


so the tich — 
v 

r MNPQ 



la: 





Cau 33. Cho hinh chop S.ABC co day ABC la tam giac deu canh bang 1, mat ben SAB la tam 
giac deu va nam trong mat phang vuong goc vo-i mat phang day. The tich cua khoi cau ngoai 
tiep hinh chop S.ABC bang: 

. Sn-JlE 5n\I\5 „ 4;r>/3 _ 

A. -. o. —-. L. -. D. -. 

24 72 27 54 


Cau 34. Cho hinh non dinh S, day la hinh tron tam O, thiet dien qua true la tam giac deu canh 
a, the tich cua khoi non la: 

A. —7ra 3 yJ 3 . B. — 71 a 3 . C. —7ta 3 \j 3 . D. — 7ia 3 ^3. 

6 24 12 8 


Cau 35. The tich cua khoi tron xoay khi cho hinh phang gidi han bdi Parabol (P):y = x 2 va 
dirdng thang d:y = x xoay quanh true Ox bang: 




x 4 dx . 


C. ttJ (x 2 —x) dx. 

0 


D. n J (x 2 -x^dx . 

o 
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Cau 36. Ki hieu ( H ) la hinh phang giui han boi do thi ham so y-2x-x 2 va true Ox. Tmh the 
tich vat the tron xoay dirge sinh ra bdi hinh phang ( H ) khi no quay quanh true Ox. 

A UE B C D 

"IT- "TT' '1?’“ 

Cau 37. Hinh chop tu giac S.ABCD co day la hinh chu nhat canh AB = a, AD = aJl; 
SA 1 ( ABCD ), goc giira SC va day bang 60°. Tmh theo a the tich khoi chop S.ABCD. 

A. 3 J2a\ B. 3a 3 . C. 76a 3 . D. -Jla’. 

Cau 38. Biet rang khi quay mot duerng tron co ban kmh bang 1 quay quanh mot duerng kmh 
cua no ta dirge mot mat cau. Tmh dien tich mat cau do. 

A. An. B. V = —71 . C. 2 n . D. n. 

3 


Cau 39. Cho lang tru dung ABC.AB’C' co day la tarn giac vuong tai A, AC = a, ACB = 6Q°. 
Duong cheo BC cua mat ben ( BCCB ') tao vai mat phang ( AACC ) mot goc 30°. Tfnh the tich 
cua khoi lang tru theo a. 

a 3 ^6 D 2y[6a 3 r a 3 ^6 


A. 


B. 


D. a 3 j6 . 


Cau 40. Cho hinh chop S.ABC co day ABC la tarn giac vuong can tai B vui AB = BC = a^3 , goc 
SAB = SCB = 90° va khoang each tu A den mat phang (SBC) bang a^2. Tfnh dien tich mat cau 
ngoai tiep hinh chop S.ABC. 

A. 1 6na 2 . B. 8 na 2 . C. 12;ra 2 . D. 2 na 2 . 


Cau 41. Trong khong gian, cho hinh chu nhat ABCD co AD = a, AC = 2a. Tfnh theo a do dai 
duerng sinh / cua hinh tru, nhan dugc khi quay hinh chu nhat ABCD xung quanh true AB. 

A.l = aS- B.l = a4 5. C.l = aj2. D. l = a. 


Cau 42. Cho hinh lap phuong ABCD A BCD ' co canh bang a. Goi S la dien tich xung quanh 
cua hinh tru co hai duerng tron day ngoai tiep hai hinh vuong ABCD va ABCD 1 . Tmh S. 

na 2 \f2 


na 2 4?> . 


B. 


C. 


D. na 2 ^2 . 


Cau 43. Cho tu dien MNPQ. Goi I; J; K Tan lugt la trung diem cua cac canh MN; MB; MQ. 


Tfnh ti so the tich 


v 

r MI JK 

V 

Y MNPQ 






J 


Cau 44. Dien tich xung quanh cua hinh non tron xoay co duerng sinh l = \0cm, ban kmh day 
r = 5cm la 
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A. 50 cm 2 . B. 50 ncm 2 . C. 25 tz cm 2 . D. 100 nan 1 . 

Cau 45. Cho hinh chop S.ABCD co day ABCD la hinh thoi vai AC = 2a,BD = 3a, SAl(ABCD), 

SA = 6a. The tich khoi chop S.ABCD la 

A.V = 2 a 3 . B. V = 6a 3 . C. F = 18 a\ D. V = \2a 3 . 

Cau 46. Hinh chop tu giac deu co bao nhieu mat phang doi xung ? 

A. 1. B. 2 . C. 3. D. 4 . 


Cau 47. Thiet dien qua true cua mot hinh non la mot tarn giac vuong can co canh huyen bang 
2^3. The tich cua khoi non nay la: 

A. 3 n. B. 3^3. C. tt4 3. D. In-Jl. 

Cau 48. Cho hinh chop S.ABC co day ABC la tam giac vuong tai B, SAl(ABC), goi D, E l'an 

lirot la trung diem cua SB va SC. Tam cua mat cau ngoai tiep hinh chop S.ABC la 
A. did’m 5. B. diem B. C. diem £). D. diem £. 

Cau 49. The tich cua khoi da dien co cac dinh la tam cua cac mat hinh lap phuccng 
ABCD.A'B'C'D' co canh bang a la 

3 3 3 3 

A. V = —. B. V = — . C. V = —. D. V = — . 

4 6 3 8 

Cau 50. Cho tu dien ABCD deu co canh a, ti so the tich cua khoi cau ngoai tiep tu' dien ABCD 
va the tich khoi cau tiep xuc vdi tat ca cac canh cua tu- dien la. 

A. 3A- B. 43. C. -. D. 3. 

2 


Cau 51. Cho hinh hop chu- nhat ABCD.A'B'C'D' co AB = a, AD = 2a, AA'-3a. The tich khoi cau 
ngoai tiep hinh hop chir nhat ABCD.A'B'C'D' la 


A. V = 467za\ 


B. V = 


?Vh^ 3 ^ Tr 28-7T4W 


C. V -- 


D. V = 4467ra 3 


Cau 52. Cho hinh chop tam giac deu S.ABC co tat ca cac canh deu bang 4 . Dien tich cua mat cau 
ngoai tiep hinh chop S.ABC la 


A. 



B. Anr 2 . C. 24;r. D. 12^r. 


Cau 53. Cho hinh lang tru dung tam giac ABC ABC, tam giac ABC co AB-a, AC = 2a, goc 
BAC = 60°, BB' = a. The tich khoi lang tru ABC ABC la 


A. V = a\ 



C. v = a 3 45- 


D. V = 
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Cau 54. Cho khoi lang tru dung ABC.AB'C' co day ABC la tam giac deu canh 2a, goi / la trung 
diem BC, goc giua A'I va mat phang (ABC) bang 30°. The tich cua khoi lang tru ABC.AB'C la 


A. a 3 j6. 


B. a 3 j3. 


a 3 J 3 


D. 




4 


Cau 55. The tich cua khoi tru co ban kmh day r = 2cm va chieu cao h = 9cm la 

A. 1 &7rcm 3 . B. 18cm 3 . C. \C2nciA. D. 36/rcm 3 . 


Cau 56. Cho hinh lap phuo'ng ABCD.AB2CD ' co canh bang a, mot mat phang (a) cat cac canh 
AA, BB’, CC, DD r Ian luot tai M, N, P, Q. Biet AM = ^a, CP = ^a. The tich khoi da dien 
ABCD.MNPQ la: 


A 11 3 

A. — a . 

30 


B. 


C. 


2a 3 


D. —a 3 . 
15 


Cau 57. Cho hinh hop ABCD.AB’C’D f co tat ca cac canh bang a, BAD = BAA = DAA = 60°. The 
tich cua khoi hop la: 


73,a 3 


B. 


72 a 3 


C. 


3a 3 


D. 


&a 3 


Cau 58. Cho hinh chop tu giac deu S.ABCD co canh day bang a va mat ben tao vdi day mot goc 
45°. The tich V khoi chop S.ABCD la: 


A. V - 


B. V = - 


C. V ■ 


D. V = — a 3 
24 


Cau 59. Cho hinh chu nhat ABCD va nua dirang tron duang kinh AB 
nhu hinh ve. Goi I,J lan luot la trung diem cua AB, CD. Biet 
AB = 4; AD = 6. The tich V cua vat the tron xoay khi quay mo hinh tren 
quanh true IJ la: 


A rr 56 
A. V =— 7i. 

3 


r v 40 
C. V — — n . 

3 


B. V = — 7t. 
3 


D. V = — n. 
3 



Cau 60. Dien tich xung quanh cua hinh non tron xoay ngoai tiep tu 1 dien deu canh a la: 


A. S =~ 

xq ^ 


p o 2 7ia 

B - s *>=-r 


C. S = 


7T-j3a 2 


D- ^ - 


27Ty/3a 2 
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Cau 61. Cho hinh chop S.ABC co SA±(ABC), A ABC vuong tai B, AB = a, AC = aS . Biet goc 
giua SB va mp(ABC) bang 30°. The tfch V cua khoi chop S.ABC la: 


A. V = - 


3 76 


B. V -- 


q 3 76 
18 


C. V = 


2a 3 -J6 


D. V = 


a 3 76 


Cau 62. Cho hinh chop S.ABC co ASB = CSB = 60° , ASC = 90° , SA = SB = a; SC = 3a. The tfch V 
cua khoi chop S.ABC la: 


A. V = 


a 3 72 


B. V = 


q 3 72 


12 


C. V = 


a 3 76 


D. V = 


q 3 76 
18 


Cau 63. Khi cat mat cau 5(0, R) bui mot mat kfnh, ta duuc hai nua mat cau va hinh tron ldn 
cua mat kfnh do goi la mat day cua mdi nu-a mat cau. Mot hinh tru goi la noi tiep nua mat cau 
S(0, R) neu mot day cua hinh tru nam trong day cua nu-a mat cau, con diro-ng tron day kia la 


giao tuyen cua hinh tru vui nua mat cau. Biet R = \ , tfnh ban kfnh day r va chieu cao h cua hinh 
tru noi tiep nua mat cau S(0, R) de khoi tru co the tfch lun nhat. 


2 2 


B. 


C.r-A^. 

2 2 3 3 


D. r =—, h = — . 
3 3 


Cau 64. Cho hinh chop S.ABC co day la tarn giac vuong can tai B, AB = a. Canh ben SA vuong 
goc vui mp(ABC) va SC hup vui day mot goc bang 60°. Goi ( S) la mat cau ngoai tiep hinh 
chop S.ABC. The tfch cua khoi cau (5) bang: 

A 572^rq 3 B %-Jlna 3 ^ Ayfljia 3 ^ 2 -Jlna 3 

3 3 ‘ 3 ' ‘ 3 ' 


Cau 65. Cho hinh chop S.ABCD co day ABCD la hinh thoi canh a, SA B(ABCD). Goi M la trung 
diem BC. Biet BAD = 120°, SMA = 45°. Khoang each tu D den mat phang ( SBC ) bang: 

A a '^ > B q ^76 P q76 

6 3 5 ‘ 4 


Cau 66. Cho lang tru tam giac deu ABC.A'B'C co tat ca cac canh deu bang a-Ji. Tfnh the tfch cua 
khoi lang tru. 

A q J 76 g q 3 76 g a 3 73 g a 3 73 

2 6 6 1 8 

Cau 67. Dien tfch toan phan cua hinh tru co ban kfnh day R, chieu cao h va do dai duung sinh 
/ la? 

A. S lp = 2nR 2 + 2n.Rl . B. S, p = tiR 1 + 2nRl. 
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C. X = nR 1 +7tRl . D. A = 2 nR 1 + nRl . 

tp tp 

Cau 68. Khoi tu dien deu co bao nhieu mat ? 

A. 5 B. 7 C. 4 D. 6 

Cau 69. Dien tich cua hinh cau dircmg kinh bang 4 a la 

A. S = — 7ra 2 . B .S =—7ra 2 . C,S = 647ra 2 . D. S = l67ra 2 . 

3 3 


Cau 70. Cho hinh chop S.ABC day ABC la tam giac vuong tai B, AB = a, BC = 2a co hai mat 
phang ( SAB);(SAC ) cung vuong goc vbi mat day. Goc giua SC va mat phang day bang 60°. Tinh 
khoang each tu* A den mat phang (S£C). 

A aj\5 g a*Jl5 ^ ayjl5 ^ 

8 4 12 " 6 

Bang Dap An 



Bikiptheluc.com 


Bi kfp CASIO cong pha Trac Nghiem Toan 


Hotline: 0977.543.462 


332 



IWiHS gi CASI ° EXPERT : Nguyen The Lu-c - fb: Ad.tbeluc - Youtube: MrTheIuc 95 

Tong Quat cac dang Toan ung dung 
Vdi m6i chuomg thi deu co ung dung rieng trong dm song: 

Ham so su dung nhieu nhat la max-min de tim gia trj tao ra hieu qua cao nhat 
trong cong viec, trong tiet kiem nguyen vat lieu de san xuat nhung vat co cung the 
tich nhung dien tich xung quanh nho va con nhieu ung dung khac dang toan kho la 
khi ham so ket hup vdi hinh hoc khong gian co dien de giai bai toan lien quan tui 
the tfch hay dien tfch xung quanh, dien tich toan phan ngoai ra cung khong the bo 
qua phan dao ham lien quan tui quang duung va van toe, gia toe co moi quan he 
chat che vui phan tich phan 

Mu-Log chu yeu phan anh quy luat gia tang trong cuoc song nhu gui tien ngan 
hang, gia tang dan so, vi khuan, phong xa, lan truyen am thanh, dong dat, do PH 
trong hoa hoc. 

Tich Phan co tac dung manh me trong viec tinh dien tich, the tich khong chi 
co vay con ung dung rat nhieu trong vat li de tinh quang duung, cong, dien tich, luc 
dan hoi.... 


Sau day la mot so vi du mau 

HTng dung Ham So 


Vi du : Khi san xuat vo Ion sua bo hinh tru, cac nha thiet ke luon dat muc tieu sao 
cho chi phi nguyen lieu lam vo Ion la it nhat, tuc la dien tich toan phan cua hinh tru 
la nho nhat. Muon the tich khoi tru do bang V va dien tich toan phan phan hinh tru 
nho nhat thi ban kinh day R bang: 



Huang dSn: Chon V= 1 de dun gian hoa bai toan 

Taco: V = S.h = 7cR 1 .h->h = -^- T 

uRr 

Thiet lap bieu thuc: 

S lp = .9 + .S’,. = 2nRh + 2 .7tR 2 =-+2xR 2 

ip xp ±da\ g 

f(x) =—+2xx 2 ; f '(x) = — + 4/rx; f ’(x) = 0 x = fj— > A 

x x V 2 k 
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II. ITng dung Mu Logarit 
U”ng dung 1: Lai kep 

Giti vao ngan hang so ti'en la a dong, v&i lai suat hang thang la r% trong n thang. 
Tmh ca von lan lai Tsau n thang? 

T = a(l + r] n 

Ong dung 2: Gfri d'eu dan dinh ki 

Anh Lite Hang thang giti vao ngan hang so ti'en la a (dong). Biet lai suat hang thang 
la m%. Hoi sau n thang, anh ay co bao nhieu ti'en? 


U’ng dung 3: Vay von tra gop 

So ti'en con net sau n thang la: A(\+r)" —- 

r 

Vi du [De m5u 2017]:0ng A vay ngan han ngan hang 100 trieu vo-i lai suat 
12%/nam. Ong muon hoan no- cho ngan hang theo each: Sau dung 1 thang ke t£r 
ngay vay, ong bat d'au hoan no; hai lan hoan ng lien tiep each nhau 1 thang, so tien 
hoan ng o’ moi lan la nhu- nhau va tra het ng sau dung 3 thang ke tu ngay vay. Hoi 
theo each do, so tien m ma ong A se phai tra cho ngan hang moi lan hoan ng la bao 
nhieu. Biet lai suat ngan hang khong doi trong thdi gian ong hoan ng. 


100.1,01 3 B 100.1,01 3 c 100,1,03 p 120.1,12 3 
3 ‘ 1,01 3 -1 ' 3 1,12 3 -1 


Cac em ap dung dung cong thirc Solve ta dirge trung voi dap an B 


0 Math 

iuuu+u.uir-x*i> 

X= 34.00221115 
L-R= 0 


0 Math A 

lQQ(l.Ql3) 

Cl. 012 + 1.01 + 1) 

34.00221115 
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(frig dung 4: Lmrag 

Tang lirang A = a{ 1+ r) n Giam lirang: A = A a ( 1 - r)" 

Vi du: Sinh vien Ngoai thirang di lam muc lirang khai diem 15 trieu/thang nhirng 
vi cong ty kho khan nen bi giam 2% mot thang. Sinh vien dai hoc Y di lam muc 
lucmg 3 trieu/thang nhimg tang truang d'eu dan 2% mot thang. Sau bao lau thi 
mire lirong sinh vien Y vuot mile lircng cua sinh vien Ngoai thuemg? 

A. 40 thang B. 50 thang C. 60 thang D. 70 thang 

Huang dan: 

15(l-0.02) x =3(1 +0.02) 1 

0 Math ▲ 

0.9S 

40.23058245 

Sau han 40 thang sinh vien Y se vuot thu nhap sinh vien Ngoai thirang 

ITng Dung 5: Toan tang dan so 

Vi du: Dan so Viet Nam nam 2017 la 90 trieu. Tang truang dan so hang nam la 
1,32%. Dir doan dan so 10 nam sau? 

A: 102,7 B. 102,6 C. 109,55 D. 107,85 

Dap an A. Ap dung cong thu-c : S=A.e Nr 

Tom tat de bai A: 90 trieu ; N: 10 nam ;r: 1,32%. Tinh S?? 

El Math A 

10X0.0132 

102.6997487 

Cac em nen dung cong thuc nay vi dan so tang trirdng sinh theo giay nen phai dung 
cong thuc tren. 

Neu cac em dung cong thuc kia dirdi day se bi sai so: 
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90x(l + W) 10 

102.6110946 

Bai vay neu bai toan dap an khong lech nhieu thi khong sao. Con khong bi dan den 
dap an sai. 

lTng Dung 5: ling dung trong Vat ly, Hoa hoc.Sinh Hoc, Dja Ly 

Vi du 1: So lugng vi khuan ban dau la 100 con va sau 5 gia thanh 300 con. 

Hoi sau 10 gid co bao nhieu con vi khuan? Biet sir tang truang cua vi khuan theo 
cong thu-c S=A.e rt (A: so liro-ng vi khuan ban dau; r: ty le tang truong, t la thbi gian 
tang truong) 


A. 800 


B. 900 


C. 1000 


D. 1100 


Hircmg dan 

Q Math 

10Qe 5 *=3Q0 
X= 0.2197224577 
L-R= 0 


S Math A 


100e 3 


Vi du 2: Chu ky ban huy cua chat phong xa Pu 239 la 24360 nam. (Tuc la sau 24360 
nam phan huy thi chi con lai mot nua). Su phan huy tinh theo cong thuc S=A.e rt . 
Trong do A: lugng phong xa ban dau, S: lugng con lai sau tho-i gian phan huy 1.1: 
thdi gian phan huy. Hoi 10 g Pu 239 sau bao nhieu nam phan huy se con 1 g? 

A. 80922,17 B. 80933,17 C. 80233,17 D. 81933,17 


Huang dan 

Tir dir kien sau 24360 nam phan huy thi chi con lai mot nua 


H Math A 

0.5=e Kx2436 ° Ans*A l=10e AX 

X= -2.845431xm 5 X= 80922.16839 

L-R= 0 -2.845431776x^5 L-R= 0 

Do pH trong hoa hoc 


B Math A 


0 Math A 
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pH: la viet tat cua Potential of hydrogen con goi la ti'em lire Hidro. 

pH<7: dung dich co tinh axit 

pH=7: dung dich trung tinh 

pH>7: dung dich co tinh bazo 

Cong thu-c: pH=-log(H + ) 

Can chu y: [/r].[o£r] = l(T 14 de tinh toan [// + ] neu cho nong do \OH~~\ va ngirge lai. 
Vi du 1: Bia co [i/ 3 C> + ] = 0,00008. Tinh do pH cua bia? 

A. 4,09 B. 5,09 C. 6,09 D. 7,09 

Dap an A 

0 Math A 

-log(0.00008) 

4.096910013 

Do chan dong trong dia ly 

Do chan dong M ( dan vi Richte]: M = In — 

Io: la bien do cua dao dong be hern 1 /urn tren may do dja chan, dat each tam dia chan 
100km. Io dirge lay lam chuan. 

Nang lirgng giai toa E tai tam chan a M (richte) dirge xac dinh xap xi bang cong 
thilc: log£«11,4 + 1,5M 

Do Richter 

1- 2 tren thang Richter : Khong nhan biet dirge 

2- 4 tren thang Richter: Co the nhan biet nhirng khong gay thiet hai 

4-5 tren thang Richter: Mat dat rung chuyen, nghe tieng no, thiet hai khong dang ke 
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5- 6 tren thang Richter: Nha cua rung chuyen, mot so cong trinh co hien tuung bi 
nut 

6- 7 tren thang Richter: 7-8 tren thang Richter 

Manh, pha huy hau het cac cong trinh xay dung thong thuung, co vet nut Ion hoac 
hien tuung sut lun tren mat dat. 

8-9 tren thang Richter: Rat manh, pha huy gan het ca thanh pho hay do thi, co vet 
nut lun, vai toa nha bi lun 

>9 tren thang Richter: Rat hiem khi xay ra 

>10 tren thang Richter: Cue hiem khi xay ra 

Cau 2: Dong dat Viet Nam, vui cuung do 6,75 do Richter. Tinh cuung do dong dat u 
My biet nang luung toa ra u tran dong dat u My gap 3000 lan u Viet Nam. 

A. 7,56 B. 7.06 C. 7.66 D.8.16 

Huung dan 

B Math A 0 Math A 

10 i i. 4+i. 5x6.75 C log(3Ans)-l 1.4t- 
3.349654392xio2i 7.068080836 

Do to nho cua am 

Muc cuung do cua am dac trung cho do to nho cua am la mot phan trong vat ly. Dun 
vi dB (dexiben) : L(dB) = 101og— 

A 

I: cuung do am (dun vi W/m 2 ) ; I 0 : cuung do am u nguung nghe. 1 0 =10 _ 12 

VD1: Hai am co muc do cuung do am chenh lenh nhau 40dB. Ti so cuung do am cua 
chung la: 

A. 10 2 B.10 4 C.4.10 3 D.4.10 2 

Huung dan 
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Ly-L 2 = 40 010 log—-10log— = 40o log— = 4o — = 10 4 

I 0 I 2 ?2 

III. U'ng Dung cua Tich Phan trong dm song 

Ngoai nhring u’ng dung de tinh dien rich hinh phang girii han brii cac during cong 
hay the rich khoi tron xoay thi rich phan con co nhung ring dung to lrin trong cac 
lmh vu’c khac ri cuoc song. 

l.U’ng dung tmh quang during: 

a = — —>v= f adt = at + C v = — — >s= f vdt = — at 2 +VJ + C 

dt ' dt J 2 

Vrii a, v ,5 l'an luot la gia toe, van toe va quang during cua vat, dira vao thrii diem ban 
dau cua vat de ta tim C 

Vf du 1: Mot hat proton di chuyen trong dien trirring co bieu thric gia toe {cm! s 2 )la: 
a = -20(1+2t)~ 2 vrii t tinh bang giay. Biet rang khi t = 0 -> v = 30cm/s 2 

Van toe cua hat tai thrii diem t = 2s la? 

A.10 B.12 C.20 D.22 

Huring din: 

v = f adt = f - —-r dt Bat w = l + 2/ —>du = 2dt-^v = f —du = — + C = —- +C 

J J (l + 2t) 2 ‘ J u 2 u 1 + 2 1 

khi t = 0 — > v = 30cm / s 2 =>C = 20 

Vay v — ———f-20 tai t = 2—>v = 22cm/s 2 
1 + 2 1 

Ngoai ra de giai nhanh thi cac ban co the tinh do giam cua van toe 

2 _ 

t — 0 y t — 2 —^ Av — j* - — dt — —8 —^ v 9 — v t 0 + Av — 22 

• (l + 2t) 2 1=2 ,=0 
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Vi du 2: Mot tia lira dirge ban thang dirng tir mat dat veri van toe 1 5m/s . Hoi sau 2.5 
s tia lira ay co chieu cao bao nhieu? 

A. 6,875 B. 6 C. 8,65 D. 5,25 


O' day tia Ida chiu tac dung cua gia toe trong triremg g = -9,8m/s 2 do ngirge hircrng 
veri chieu chuyen dong. Cac em lam tirong tir nhir tren thi dirge: 

v = J adt = J -9,8 dt = -9, 8 t+C 
Bandau r = 0,v = 15->-C = 15 nen v = -9,8r+15 

2.5 

Vay quang direrng no di dirge la : s= J(-9,8r+l5)dt = 6,875 nenchonA 

0 

0 Math A 

|q‘ S (-9.8X+15)cI> 

6.875 

Vi du 3: (De mau 2017) Mot 6 to dang chay veri van toe 10 mls thi ngircri lai dap 
phanh, tir then diem do, 6 to chuyen dong cham dan deu vo-i van toe v = -5; +10(m/s) 
trong do t la khoang thcri gian tinh bang giay, ke tir luc bat dau dap phanh. Hoi tir 
luc dap phanh den khi dirng han, 6 to con di chuyen bao nhieu met ? 

A. 0,2m B. 2m C. 10m D. 20m 

Huang din 

Cac em dung tich phan: v = 0 ->• / = 2 

U 

As = v.At s = J v(t)dt 

ti 

S Math A 

fo(-5X+10)dx 

10 

2.Tinhhieudienthe quatudien 
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i = — ->q=[idt V — — — — j" idt 
dt J c C C i 

Vdi i la ciro-ng do dong dien, q la dien tich tren 2 ban tu va C la dien dung cua tu la 
no-i tich va phong cac dien tfch. 

Vi du 1. Trong mach may tinh, circmg do dong dien (mA) la mot ham so theo thdi 
gian t: i = 0,3-0, it, Tong dien tich di qua mot diem trong mach 0,05 s la bao nhieu? 
(mC) 

A. 0,01 B. 0,015 C. 0,02 D. 0,025 

Hiro-ng dan 

p = ^idt = 0,3t-0,it 2 +K (de la K de tranh bi trung vdi dien dung C) 

Khi t = 0,q = 0->K = 0-^q lI=0fi5 = 3.0,05-0,1 .(0,05) 2 = 0,015(mC) 

Vi du 2: Hieu dien the di qua tu dien co dien dung 8.5 nF dat trong manh thu song 

FM gan bang 0. Neu co ciro-ng do dong dien / = 0,042/ (mA) nap vao tu, tim hieu dien 
the sau 2 ps 


A. 9.56 nV B. 9,88 nV C. 15.25 nV D. 15,66 nV 

Hu-6-ng dan 

Cac ban dung cong thu-c: V c =-^ = -ij;W/ 


0 Math A 

_[' 2 x 10-6 | % 2 

-9 J O * 11 O 


S.5X10 


2X10-6 


0.42XcM 


-I 2 

Jo 


Math A 

2x10-6 


3.5x10-9 

98.82352941 XI □ 


3.Tinh cong sinh ra boa lire bien thien 

Neu lu-c xac dinh bm ham F(x) thi cong sinh ra theo true x tir a to-i b la: 


b 

W = j F(x) dx 


a 
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Vi du 1: Tim cong sinh ra cua 16 xo khi anh Lire nen 16 xo dang 6 trang thai tir nhien 
dai 1 m xuong con 0,75 m neu biet do cilng cua 16 xo la k = 16 N/mva bieu there 
tinh lire F(x)=kx vdi x la do nen hoac dan cua 16 xo co dan vi tinh bang met. 


A.O B. 0,5 C. 1 D. 1,5 


Hirdng dan 


0,25 


W= J I6xdx = 8x 2 


0,25 „ , 

= 0,5(Nm) vaychonB 


f(x) — kx 


T/\/, 


Vi du 2: Mot lire 40N can thiet de keo cang mot chiec 16 xo co do dai tir nhien 10 cm 
den 15 cm. Hay tim cong sinh ra khi keo 16 xo tir do dai tir 15 cm den 18 cm. 


A. 1,25 B. 1,56 C. 2,56 D. 3,12 

Hirdng dan 

Khi keo cang 16 xo tir 10 cm den 15 cm thi no bi keo cang them 5 cm = 0,05 m . Khi 
do: 0,05£ = 40->-£ = 800->.F(x) = 800x cong dirge sinh ra khi keo can 16 xo tir 15 cm 
den 18 cm la : 


0,08 

W= J 800x<& = 800 

0,05 


2 


0,08 

0,05 


= 1,56(J) 


Mot so ting dung trong cuoc song: 


l.Kiem tra va cham: 



Hay tirdng tirgng mot chieu xe hai dang di 
chuyen vdi van toe 48.3 km/h . Neu ta phanh xe 
binh thirdng se mat mot khoang tho’i gian tir 1,5 
tdi 2s de dirng hoan toan nhirng khi xay ra va 
cham, xe dirng chi trong 150ms va dinh cua do 
giam toe co the de doa den tinh mang keo dai 
trong 10ms, do do ma cac nha khoa hoc da nghien 

T 

cdu ra chi so nghiem trong SI = 

() 
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trong do T la thdi gian dien ra giam toe, a(t) la do giam toe tai thdi gian t va 
chi so 2,5 dirge chon cho dau va nhdng chi so khac dirge chon cho nhdng bo phan 
khac trong ca the. 


2. Cung lirgng tim 


Tim hoat dong nhir mot cai bam vda hut vda day: hut mau d cac tTnh mach vao tarn 
nhT, day mau td tarn that vao cac dong mach, lam cho mau liru thong khap ca the. 
Cung lirgng tim cua tim la khoi lirgng mau dirge bam bdi tim trong moi dan vi thdi 
gian, co nghla la, toe do dong chay vao dong mach chu. 


tmhmach 


(Jong mach phoi A: ; 

M - 


apng mach chCi 
^ffpng mach ph5i 
tTnh mgeh phoi 


tarn n hi » s y ^ ~ tam nhi 
phai .^v-v trai 


tfnh mach f \ 

phoi t 


tfnh mach’ 


Phirang phap pha loang chat chi thi mau dirge sir dung 
de do cung lirgng tim. Chat chi thi mau dirge tiem vao 
tam nhT phai va chay qua tim vao dong mach chu. Mot 
dau do dirge dat vao dong mach chu de do nong do cua 
chat chi thi mau de lai tren tim tai nhu-ng thai diem each 
deu nhau tren mot doan thdi gian [0,T] cho den khi chat 
chi thi mau da sach. Gia sd c(t) la nong do cua chat chi 
thi mau tai thdi diem t. 


Neu ta chia doan [0,T] thanh cac doan con bang nhau vdi do dai m6i doan la At, khi 
do so lirgng chat chi thi mau chay 

qua cac diem thdi gian trong moi doan con tir t = ->t=t j la khoang [ nong 

do) (khoi lirgng) = c(t ; )(F A t) 

trong do F la toe do cua dong chay ma ta can phai xac dinh. Nhir vay, tong so 

n n 

lirgng chat chi thi mau la khoang c(t ( ) F A t = c(t,)A t va cho n-><x> ta tim 

i=l f=l 

T 

dirge so lirgng chat chi thi mau la A = fJ c(t) dt do do cung lirgng tim dirge cho 

0 

bdi cong thde : F = ——— d day so lirgng chat chi thi mau A da biet va co the 

Jc(t)dt 

0 

tinh gan dung tich phan cua nong do do dirge. 
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Bai tap tu* luyen 

Cau 1. Mot thung xach nude hinh tru co chieu cao 4dm, dudng kfnh day 2dm. Ngudi ta dung 
cac thung nay de xach nude do vao mot cai be hinh lap phuomg canh 1,5m. Gia su moi Ian xach 
deu day nude trong thung va khi do 100 thung thi dirge 90% the tich be. Hoi ban dau so lit 
nude co trong be gan vdi gia tri nao sau day? 

A. 3038. B. 3375. C. 1257. D. 1781. 


_20 

Cau 2. Mot hat proton di chuyen trong dien trudng co gia toe a t =- - cm/s 2 vdi t tmh 

2/-f-1 

bang giay. Tim ham van toe v theo t , biet rang khi t = 0 thi v = 30 cm/s 

A. —?^ + 30. B. C. ^-+20. D. 2 /4- 1 3 +30. 

2t +1 2^ + 1 2 1 -f-1 


Cau 3. Thay Luc gui tong cong 320 trieu dong d hai ngan hang X va 7 theo phuomg thuc lai 
kep. So tien thu nhat gui d ngan hang X vdi lai suat 2,1% mot quy trong thdi gian 15 thang. So 
tien con lai gui d ngan hang Y vdi lai suat 0,73% mot thang trong thdi gian 9 thang. Tong tien 
lai dat dugc d hai ngan hang la 27 507 768,13 dong (chua lam tron). Hoi so tien Thay Luc gui 
Ian lugt d ngan hang X va Y la bao nhieu? 

A. 140 trieu va 180 trieu. B. 120 trieu va 200 trieu. 


C. 200 trieu va 120 trieu. 


D. 180 trieu va 140 trieu. 


Cau 4. Huyen A co 300 nghin ngudi. Vdi muc tang dan so binh quan 1,2% /nam thi sau n nam 
dan so se vugt len 330 nghin ngudi. Hoi n nho nhat bang bao nhieu? 


A. 8 nam. 


B. 9 nam. 


C. 7 nam. 


D. 10 nam. 


Cau 5. Mot don vi san xuat hop dung thuoc dung tlch 2<7w 3 dang hinh tru co day la hinh tron. 
Nha san xuat chon ban kinh day cua hinh hop gan vdi so nao de it ton vat lieu nhat? 

A. 1,3! dm. B Adm. C. 2 dm. D. 0,68(7/72. 


Cau 6. Mot ngudi gui tien tiet kiem 200 trieu dong vao mot ngan hang vdi ky han mot nam va 
lai suat 8,25% mot nam, theo the thuc lai kep. Sau 3 nam tong so tien ca goc va lai ngudi do 
nhan dugc la (lam tron den hang nghin) 

A. 124,750 trieu dong. B. 253,696 trieu dong. 

C. 250,236 trieu dong. D. 224,750 trieu dong. 

Cau 7. Ngudi ta muon ma vang cho be mat phia ngoai cua mot cai hop dang hinh hop dung khong 
nap (nap tren], co day la mot hinh vuong. Tim chieu cao cua hop de lugng vang phai dung de ma la it 
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nhat, biet lap ma a moi nai nhir nhau, giao giira cac mat la khong dang ke va the ti'ch cua hop la 
4 dm 3 . 

A. 1 dm. B. 1,5 dm. C. 2 dm. D. 0,5 dm. 

Cau 8. Mot ngirdi gu*i 15 trieu dong vao ngan hang theo the there lai kep ky han mot quy vdi lai 
suat 1,65% / 1 ky. Hoi sau bao lau ngirbi do co dirge it nhat 20 trieu dong (ca von lan lai) tir so 
von ban dau? (Gia sa lai suat khong thay doi) 

A. 4 nam 1 quy B. 4 nam 2 quy C. 4 nam 3 quy D. 5 nam 

Cau 9. Trong chirong trinh nong thon mdi, tai mot xa X co xay mot cay cau bang be tong nhir 
hinh ve. Tmh the tfch khoi be tong de do du cay cau. (Dircmg cong trong hinh ve la cac dirang 
Parabol). 



A. 19m 3 . B. 21/w 3 . C. ISm 3 . D. 40m 3 . 


Cau 10. Gia dinh An xay be hinh tru co the tich 150 m 3 . Bay be lam bang be tong gia 
100000 d/m 2 . Phan than lam bang ton gia 90000 d/m~, nap bang nhom gia 120000^/m 2 . Hoi khi 
chi phi san suat de be dat muc thap nhat thi ty so giira chieu cao be va ban kinh day la bao 
nhieu? 




c. —. 

22 


D. —. 

13,^77 


Cau 11. Mot xirang san xuat muon tao ra nhung chiec 
dong ho cat thuy tinh co dang hinh tru, phan chira cat 
la hai nua hinh cau bang nhau. Hinh ve ben vdi kich 
thirdc da cho la ban thiet ke thiet dien qua true cua 
chiec dong ho nay (phan gidi han bdi hinh tru va phan 
hai nira hinh cau chda cat). Khi do, lirgng thuy tinh lam 



lem 


1 cm 


13,2 cm 
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chiec dong ho cat gan nhat vdi gia tri nao trong cac gia 
tri sau 

A. 1070,8 cm 3 . B. 602,2 cm 3 . C. 711,6 cm 3 . D. 6021,3 cm 3 . 

Cau 12. Cac khf thai gay hieu ling nha kinh la nguyen 
nhan chu yeu lam trai dat nong len. Theo OECD (To chirc 
hap tac va phat trien kinh te the gidi), khi nhiet do trai 
dat tang len thi tong gia tri kinh te toan cau giam. Ngirdi 
ta irdc tmh rang khi nhiet do trai dat tang them 2°C thi 
tong gia tri kinh te toan cau giam 3%, con khi nhiet do trai 
dat tang them 5°C thi tong gia tri kinh te toan cau giam 
10 %. 

Biet rang neu nhiet do trai dat tang them t°C, tong gia tri kinh te toan cau giam f(t) % thi 
f(t) = k.a 1 (trong do a,k\k cac hang so dirang). Nhiet do trai dat tang them bao nhieu do C thi 
tong gia tri kinh te toan cau giam 20% ? 

A. 9,3°C. B. 7,6°C. C. 6,7°C. 

Cau 13. Trong Cong vien Toan hoc co nhnng manh dat 
mang hinh dang khac nhau. Moi manh dirge trong mot 
loai hoa va no dngc tao thanh bdi mot trong nhhng 
du-ang cong dep trong toan hoc. O' do co mot manh dat 
mang ten Bernoulli, no dirge tao thanh t€r dirdng 
Lemmiscate co phiro'ng trinh trong he toa do Oxy la 

16y 2 =jc 2 (25-x 2 ) nhir hinh ve ben. 

Tmh dien tich S cua manh dat Bernoulli biet rang m6i do , n vi trong he toa do Oxy tiromg irng 
vdi chieu dai 1 met. 

A. S-—— ym j B. S = —— yn J C. S = —j — yn j D. S = yn 2 J 


D. 8,4°C. 




Cau 14. Sg phan ra cua cac chat phong xa dirge bieu dien bang cong thirc m(t ) = / trong 

do m 0 la khoi lirgng chat phong xa ban dau (tai thai diem 1 = 0], m(t) la khoi lirgng chat phong 

xa tai thai diem / va T la chu ki ban ra (tire la khoang thai gian de mot nira so nguyen tir cua 
chat phong xa bi bien thanh chat khac). Biet chu ki ban ra cua chat phong xa Po 210 la 138 ngay 
dem. Hoi 0,168 gam Po 210 sau 414 ngay dem se con lai bao nhieu gam? 
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A. 0,021. B. 0,056. C. 0,045 D. 0,102 


Cau 15. Khi nuoi ca thi nghiem trong ho, mot nha sinh vat hoc thay rang Neu tren moi dom vi 
dien rich cua mat ho co n con ca thi trung binh moi con ca sau mot vu can nang P{n) = 4%0-20n 

(gam]. Tinh so con ca phai tha tren mot dern vi dien tich cua mat ho de sau mot vu thu hoach 
dugc nhieu ca nhat. 


A. 14. B. 12. C. 15. D. 13. 


Cau 16. Mot qua bong ban dirge dat tiep xuc vdi tat ca cac mat cua mot cai hop hinh lap 
phuung. Ti so the ti'ch cua phan khong gian nam trong hop do nhung nam ngoai qua bong ban 
va the tich hinh hop la 

A. —B.-. G D. 

8 3 6 4 

Cau 17. Mot 6 to dang di chuyen vdi van toe (/) = 2/+ 16 {m/s) (goi la luc xuat phat] sau khi di 
dirge mot khoang thai gian t v thi bat ngo* gap chirdng ngai vat nen tai xe phanh gap vdi van toe 
v 2 {t) = l6+6t l -4t (m/s) va di them mot khoang thai gian t 2 nua thi dung lai. Biet tong thui gian 
tir luc xuat phat den luc dung lai la 4(5'). Hoi xe da di dugc quang ducrng nhieu nhat la bao 
nhieu met? 

A. 32 m . B. 80m. C. 64m. D. 48m. 


Cau 18. Mot nguui co so tien la 20.000.000 dong dem giii tiet kiem loai ky han 6 thang vao 
ngan hang v&i lai suat 8,5%/nam. Vay sau thai gian 5 nam 8 thang, ngirui do nhan dugc tong 
so tien ca von lan lai la bao nhieu (so tien dugc lam tron den 100 dong). Biet rang nguui do 
khong rut ca von lan lai tat ca cac dinh ky truuc va neu nit truuc thui han thi ngan hang tra lai 
suat theo loai khong ky han 0,01% mot ngay. (1 thang tinh 30 ngay). 

A. 31.802.700 dong. B. 30.802.700 dong. C. 32.802.700 dong. D. 33.802.700 dong. 


Cau 19. Mot chuyen dong theo quy luat s = --t 3 + 9t 2 , v&i t (giay) la khoang thcri gian tu luc vat 


bat dau chuyen dong va 5 (met) la quang ducrng vat di dugc trong khoang thui gian do. Hoi 
trong khoang thui gian 10 giay, ke tir luc bat dau chuyen dong, van toe ldn nhat cua vat la bao 
nhieu? 


A. 54 {m/s). B. 216 {m/s). C. 30 {m/s). D. 400 {m/s). 


Cau 20. Mot vat chuyen dong cham dan deu vdi van toe v(/) = 30-2/ [m/s). Hoi trong 55 trude 

khi dung han, vat di chuyen dong dugc bao nhieu met? 

A. 50m. B. 225 m. C. 125m. O. 2 5m. 
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Cau 21. Mot vat chuyen dong theo quy luat s = -t > +12 1 2 , vo-i t (giay) la khoang tho-i gian tinh tir 
luc vat bat dau chuyen dong va s (met) la quang duo-ng vat di duqc trong khoang then gian do. 
Trong khoang then gian 8 giay, ke tir luc bat dau chuyen dong, van toe v (m/s) cua chuyen dong 
dat gia tri 16-n nhat tai tho-i diem t (giay) bang: 

A.t = 4. B. C.t = 6. D.t = 2. 

t = 2 


Cau 22. Mot nguo-i co mot dai duy bang do dai 180(cm). Nguo-i do 

can boc dai duy bang do di quanh mot hop qua hinh tru. Khi boc qua 
nguo-i nay dung 20(c/m) de that no- tren nap hop (nhu- hinh ve minh 

hoa). Hoi dai duy bang do co the boc du-o-c hop qua co the tich lo-n 
nhat la bao nhieu? 


A. 

C. 


54000 

27 

54000 

81 


■(cm 3 ). 

u 64000^ 

B. - [cm 

27 v ’ 


n 64000 / 3 n 

D.- (cm r) 

81 V J 



Cau 23. Do giam huyd't ap cua mot benh nhan du-o-c xac dinh bo-i cong thu-c 
G(x) = 0,024x 2 (30—x), trong do x la lieu lu-qng thude tiem chobenh nhancao huyetap(x du-o-c 


tinh bang mg). Tim lircmg thuoc de tiem cho benh nhan cao huyet ap de huyet ap giam nhieu 
nhat. 


A. 20 mg. B. 0 ,5mg. C. 2,8 mg D. 1 5mg. 


Cau 24. Mot loai cay xanh trong qua trinh quang ho-p se nhan mot liro-ng nho Carbon 14 (mot 
do-n vi cua Carbon). Khi cay do chet di thi hien tiro-ng quang ho-p cung se ngirng va no se khong 
nhan Carbon 14 nu-a. Lu-qng Carbon 14 cua no se phan huy cham chap va chuyen hoa thanh 
Nito- 14. Goi /’(t) la so phan tram Carbon 14 con lai trong mot bo phan cua cay sinh tru-b-ng / 

t 

nam tru-6-c day thi P(t) duqc cho bo-i cong thu-c P(t) = 100.(0,5)5750 %. Phan tich mot mlu go tir 
cong trinh kien true go, nguo-i ta thay luqng Carbon 14 con lai trong go la 65,21%. Hay xac dinh 
so tuoi cua cong trinh kien true do. 

A. 3574 (nam). B. 3754 (nam). C. 3475 (nam). D. 3547 (nam). 

Cau 25. Mot van dong vien dua xe F dang chay vo-i van tdc 10(m/s) thi anh ta tang toe vo-i van 
toe a(t) = 6r(m/s 2 ), trong do t la khoang tho-i gian tinh bang giay ke tir luc tang toe. Hoi quang 
duo-ng xe cua anh ta di duqc trong tho-i gian 10(s) ke tir luc bat dau tang toe la bao nhieu? 

A. 1100m. B. 100m. C. 1010m. D. 1110m. 
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Cau 26. Tmh dien ti'ch vai can co de may mot cai mu co 
hinh dang va kich thudc (cung dan vi do) dirac cho bai 
hinh ve ben (khong ke riem, mep) 

A. 350;r. B. 400;r. C. 45(Tzr. D.SOOtt. 

Cau 27. Mot ngudi gui ngan hang 100 trieu theo the thuc lai kep, lai suat 0,5% mot thang. Sau 
ft nhat bao nhieu thang, ngirai do co nhieu han 125 trieu? 

A. 46 thang. B. 45 thang. C. 44 thang. D. 47 thang. 

Cau 28. Ngay 1/7/2016, dan so Viet Nam khoang 91,7 trieu ngirai. Neu ti le tang dan so Viet 
Nam hang nam la 1,2% va ti le nay on dinh 10 nam lien tiep thi ngay 1/7/2026 dan so Viet 
Nam khoang bao nhieu trieu ngirai ? 

A. 104,3 trieu ngirai. B. 105,3 trieu ngirai.C. 103,3 trieu ngirai. D. 106,3 trieu ngirai. 

Cau 29. Mot dam vi trung tai ngay thu t co so lirang la N(t). Biet rang N'(t) = ~~~ luc dau 

dam vi trung co 300000 con. Sau 10 ngay, dam vi trung co khoang bao nhieu con? 

A. 322542 con. B. 332542 con. C. 312542 con. D. 302542 con. 

Cau 30. Nam 2014, mot ngirai da tiet kiem dirac * trieu dong va dung so tien do de mua nha 
nhirng tren thirc te ngudi do phai can l,55x trieu dong. Ngudi do quyet dinh gui tiet kiem vao 
ngan hang vdi lai suat la 6,9% / nam theo hinh thuc lai kep va khong rut trudc ky han. Hoi nam 
nao ngirai do mua dirge can nha do (gia sd rang gia ban can nha do khong thay doi). 

A. Nam 2019. B. Nam 2020. C. Nam 2021. D. Nam 2022. 
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Nhu vay la cac em da di tdi trang cuoi cung cua cuon sach, ket thuc trang nay la md ra 1 
canh cira mdi trong cuoc ddi cac em, tran day sue manh de tien bude vao con dudng Dai Hoc. 
Chuc cac em chien thang ! Luon tu tin vao ban than nhe.... Co gang len ! 


Cuon sach nay con gom 1 bo Video ngoai hudng dan cac kl nang da co trong sach, trong do con 
co rat nhieu ki nang Casio khac nua dugc Update va nhieu bai tap de cac em ren luyen, cac em 
nhd theo doi d link: bikiptheluc.com/sach va Group Km de cap nhat cac dang mdi va sau nay 
anh gui khoa hoc LiveStream Casio tong on 7 ngay cuoi tu luyen cung Sep Luc. 

_Ha Noi 15/10/2017 - Nhat Dai Tong Su: The Luc_ 
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